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Foreword

Advances in wave forecasting techniques have resulted in ar
increasing demand by various operational activities for wave fore-
casts. With an accurate advanced knowledge of wave conditions, it
is possible to conduct such activities as naval operations, merchant
vessel routing, seaplane landings, offshore drilling, nearshore con-
struction, and commercial fishing more efficiently and safely.

The Pierson-Neumann-James theory of forecasting ocean waves,
based on the mathematical concepts of statistics, is completely new
and represents & more mathematically realistic approach to the
proilem of wave forecasting than existed herctofore. Basically, the
Tierson-Neumann-James method describes the sea surface as the
result of the combination of an infinite number of infinitely small
sine waves of various amplitudes, frequencies, and directions. The
distribution of the wave characteristics formed in a summation of
these sine waves is described by a Gaussian function. The amplitudes
summed over the frequencies and directions can be represented by
a spectrum; this method may be called the Wave Spectrum Method.
In practice, the wave spectrum is computed from the predicted wind
field, and the individual wave characteristics determined by use of
graphic methods or simple formulas.

Until the development of the Picrson-Neumann-James technique,
several wave forecasting methods were utilized, foremost among
which was the method devised by Sverdrup and Munk (H. O. Pub.
Nos. 601 and 604). The Sverdrup-Munk wave forecasting method,
based on classical wave theory, was adapted to practical use by
solving the basic wave equations utilizing empirical data. Thus,
the system is partly theoretical and partly empirical. The final wave
equations were caleulated by determining the combined effect of the
tangential and normal stress o1 the wind on the sea surface. To solve
these theoretical equations, Sverdrup-Munk resorted to empiricism
by employing the nondimensional factors of wave age and wave
steepness.

The Pierson-Neumann-James and Sverdrup-Munk theories for
forecasting sea conditions are similar in that the basic equations were
deduced by analyzing a great number of observations by graphical
methods using known parvameters of wave characteristics. On the
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other hand, the two theories are dissimilar when dealing with swell.
The former technique relies strictly on the theoretical considerations
of angular spreading and dispersion of the various components of the
spectrum, whereas the latter technique is partly theoretical and
partly empirical, Using the Law of Conservation of Energy and an
empirvically derived premise that wave period increases with time,
Sverdrup-Munk assumes that part of the wave energy is used to
increase the wave speed during decay, which theoretically accounts
for the increase in period.

There are some operational advantages and disadvantages of each
method. The most obvious advantage of the Pierson-Neumann-
James method is that it allows for a more complete description of the
seg surface. Since the- displacements are assumed to be distributed
normally, this method provides direct forecasting of the percentage
occurrence of heights, lengths, and periods of all waves in the spectrum.
The major operational disadvantage is the time consuming and some-
what cumbersome techniques employed. This is especially true in
swell forecasting and may prove too difficult for the average fore-
caster to use under operational conditions. On the other hand, the
Sverdrup-Munk method is very easy to use by an inexperienced fore-
caster but lacks some of the refinements of the Pierson-Neumann-
James method. For instance, the technique does not provide direct
forecasting of periods and wave lengths of all waves in the given
spectrum. The prediction graphs refer only to the characteristics of
the signjficant wave; however, by applying various constants de-
veloped by Putz' to the significant wave height, one is able to
predict the average, the highest 10 percent, and the maximum height
of al! waves in the spectrum.

A complete evaluation of the Sverdrup-Munk wave forecasting
method as compared with the Pierson-Neumann-James method is
currently in progress at the Experimental Oceanographic Forccast
Central of the Hydrographic Office. Preliminary indications show
that Pierson-Neumann-James computations of wave heights are too
low for Jow wind velocities and short fetches and too high for the high
winds and lorg fetches. In addition, the U. S. Corps of Engineers,
Beach Erosion Board, has found that the forecast time of swell arrival
at a given point is la .er than that actually observed. This tentative
analysis, however, is subject to change after a complete study has been
made.

The computations and numerical work of chapters 1 and 2 were
accomplished by digital computing machines to insure a high degree
of accuracy. Chapters 3 through 8 are based on slide-rule computa-

1 Patz, R. R, **Wave Helght Vardability: Prediction of Distributed Function,” Institute of Engineering
Research, University of Californta, Series 2, lseug 318, Berheley, Catif,, December 1950,
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tions only because of the time and accuracy required in operational
forecasting.

Standard Navy date-time format is used in all forecasting examples.
This is the 24-hour clock and 2-digit date group. Thus, May 1 at
1:15 p. m. GMT becomes 011315Z May. That is, 12 is added to the
time if after noon, and all punctuation is omitted. The letter desig-
nator, Z, refers to the Zulu time zone (Greenwich). Midnight is
indicated by 0000 of the following day.

The standard time system, in use by the U. S. Navy, is based on
the division of the surface of the globe into 24 standard time zones,
each of 15° of longitude or one hour of time. The initial zone keep‘%g/
GMT is centered on the meridian of Greenwich (7%° E to 7)2-W);
it is designated the zero (Zulu) zone since the difference betwéen the
standard time of this zone and Greenwich Mean Ti.ne igzero. Each
other zone is assigned a letter designator (N to Y in-West longitude
and A to M in East longitude) which is used as (1€ suffix to date-time
groups to identify the time zoue of the entrye” Thus, Eastern Stand-
ard Time, in the fifth zone west of chﬁﬂvich, is dosignated as R.
The 12th zone, centered on the 186th meridian, is divided into West
and East longitude, dcsigm\wil' Y and M, respectively, and the time
difference is 4-12 westward and —12 eastward; thus, the hours are
the same. but the dates are a dayv apart.

Washington, D. C. ML/

1956 J. B. COCHRAN
Captain, U. S, Navy
Hydrographer
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Preface

Wave research has made great strides during the past 10 years.
The spectrum of ocean waves was first studied in Britain by G. E. R.
Deacon, N. F. Barber, and F. Ursell. The study of wave spectra was
continued in the United States by A. A. Klebba, G. Birkhoff, and
many others. The irregularities and the statistical properties of
waves were also being studied, and an attempt was being made to
fit the various pieces together in a consistent and logical pattern.

During 1949, the members of the staff of the Department of Me-
teorology and Oceanography at New York University began the
study of ocean waves under a contract with the Beach Erosion Board.
The problem was to determine the effects of waves on the beaches
of the east coast of the United States. Wave refraction theory and
wave spectrum theory were studied in connection with these contracts
in order to find newer and better techniques for describing the waves.

As this researcl: progressed, the Office of Naval Research became
interested and supported work on wave generation, wave spectra, and
wave propagation in deep water.

The results of the research conducted for the Beach Erosion Board
aid the Office of Naval Kesearch provide the basis for this manual on
ocean waves. The work done in 1949 and 1950 for the Beach Erosion
Board was particularly important in the preparation of this manual
since it helped to formulate the problems to be solved and provided
information on the questions which really needed answers in the
problem of wave forecasting.

The Bibliography lists the papers which were studied and used in
the preparation of this manual. In addition to the papers referenced
explicitly in the text, reading the papers by Barber and Ursell (1948),
Cox and Munk (1954), James (1954), Longuet-Higgins (1952), Neu-
mann (especially BEB Tech. Memo. No. 43, 1954), Pierson and
Marks (1954), St. Denis and Pierson (1954), Rice (1945), and Watters
(1953) will provide the person interested in the theory with an under-
standing of the foundation on which this manual is based.

The derivation of the average “wave length”, L, is not given in any
of the references listed above; however, it has appeared in the trans-
actions of the American Geophysical Union (Picrson, 1954).

Preceding page blank
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This manusl is the result of mary years of work by many people.
It is as up-to-date and as correct as it is possible to make it. How-
ever, as in any science, newer and more up-to-date results are con-
tinuously being obtained. Also some baffling theoretical problems,
especially those connected with the effects of viscosity, still need to
be solved. Those who use this manual should therefore not hesitate
to apply new knowledge gained. by experience and by trial and error
to the procedures given.

Many people gave suggestions, knowledge, and skill in the prep-

aration of this manual. Help was asked of the Coast Guard, the
Hydrographic Office, the Navy, the Beach Erosion Board, and the
Weather Bureau, and it was freely given. We-would like to thank
all concerned for their help and cooperation.
. Lt. Comdr. Donald R. Jones, USN served as the liaison officer
between New York University and Project AROWA. The many
conferences which w2 have had with him have helped very much in
the preparation of this manual.

The Atlantic Weather Patrol under the supervision, at the New
York Port, of Mr. Churles Nelson took wave observations according
to the methods described in Chapter IV and sent many sheets of
wave data to us. These data were analyzed and studied in order to
make it possible to write Chapter IV. The suggestions which Mr.
Nelson, Mr. Quintman, and Mr. Kirkman gave us as to the difficulties
encountered in making the observations helped to clarify the presen-
tation given in Chapter IV.

During the preparation of this manual, the Search and Rescue
Section of the U. S. Coast Guard based in New York City was ex-
tremely helpful with comments and advice. We would like to thank
Chief Aerographer’s Mates Black, Boerner, and Bridenstine, all of

whose suggestions were used in the preparation of this manual.

In the beginning days of the preparation of this manual, a visit was
made to Elizabeth City, N. C., and Capt. D. B. MacDiarmid, USCG
talked with us about the problem of landing seaplanes on the open
ocean. He showed motion pictures of the tests which were made and
described his experiences in this connection. He also gave us the two
wave photographs which were used in Chapter F. His help and
suggestions are greatly appreciated.

The staff of the Division of Oceanography at the Hydrographic
Office has read this manual and tested the methods presented. Their
comments on tlie original manuscript were used in revising it for final
form. The suggestion that the synoptic wave chart procedure, which
has been developed and studied at the Hydrographic Office, be in-
corporated as part of the practical procedures was made by the
authors of this manual. The Hydrographic Office willingly gave
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permission for this method to be described herein. It shows great
promise as a method of preparing wave forecasts in a simple and
straightforward manner.

The Beach Erosion Board, in connection with other contracts at
New York University, has kept us supplied with wave data. These
data were used in checking the forecasting methods and in the prepa-
raticn of Chapter I and Chapter VIII.

Dr. M. S. Longuet-Higgins visited New York University in 1252
and discussed wave theory with us. Dr. Longuet-Higgins read the
original manual and made suggestions as to clarifications in the text.
These were used in the preparation of this revised version.

Correspondence with Robin A. Wooding and N. F. Barber of New
Zealand provided additional checks of theory and observation. Their
interesting letters were greatly appreciated.

Conversations with Mr. S. O. Rice and Prof. J. W. Tukey of Bell
Telephone Laboratories were also most helpful.

The original forecasting manual was prepared in 1953 under a
contract sponsored by Bureau of Aeronautics, Project AROWA (con-
tract No. N189s-86743). Major changes made in Chapter I, Chapter
I1, Chapter III, Chapter VII, and Chapter VIII were carried out in
1954 under a contract sponsored by the Office of Naval Research
(Nonr-285 (03).

New York University

March 1964 WiLLarp J. Piersox, Jr.
GERHARD NEUMANN
Ricaarp W. JaMes
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“The purpose of this publication is to de-
scribe the basic concept and techniques of
the first major attempt to apply recent
research- in wave spectra and statistics to
wave forecasting. It should be pointed out
that the theoretical spectrum in terms of
wind fetch and duration used in designing
this method is that developed by Neumann,
and is only one of many such spectra pre-
pared! Revision in this spectrum as more
theoretical knowledge is acquired may there-,
fore be expected. For this reason,”this Al
volume is not intended as the definite work
on wave forecasting, but is published to pro-
vide the metcorologist and oceanographer
with the means of testing and evaluating
spectral and statistical ‘techniques., I‘n the
interest of early publication, forecast exam-
ples and tables have been worked . out to
operational accuracy only. '
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E Chapter I

3 THE PROPERTIES OF OCEAN WAVES
: Sea and Swell:

Preliminary Definition of Sea and Swell

: WAVES IN A STORM AREA GENERATED BY THE LOCAL
: WINDS OF THE STORM ARE CALLED “SEA.” WAVES:
THAT HAVE TRAVELED OUT OF THE GENERATING AREA
CHANGE INTO “SWELL.” The reason for this change is very
interesting and important in the problem of forecasting ocean waves.
However, it is first necessary to study the differences between sea
waves and swell waves.

Figure 1.1 is an aerial photograph of sea waves taken at & consid-
erable altitude. Figure 1.2 is a similar photograph of swell. There
are a number of differences between the waves in the two photo-
graphs. Heavy sea is different from swell in a great many ways
besides the fact that seas are sometimes higher. In fact, sea waves
having a certain average height are quite different from swell waves
having the same average height.

T

A S bt i SR

s L

T

Properties of Sea

The important properties of “sea’ waves are shown in figure 1.1.
The individual waves are shaped like mountains-with sharp angular
tops. The crests are not very long and can be followed a distance of
1 only 2 or 3 times the distance between the crests. There are many
. small waves superimposed on the larger waves. Looking from one
wave crest to the one immediately following, one can see that the
heights are not regular. The individual crests are not all lined up in
the same direction. Some appear to be at angles of 20 or 30 degrees
to the others. There are places where the waves appear to be lined
up and regular, but in other parts of the picture the waves are broken
up and confused. It is not possible to follow one system of wave
crests from one edge of the picture to the other. There are some
parts of the picture where the waves are quite low. There are also
some parts where the waves are quite high.
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Properties of Swell

The important properties of svwell are shown in figure 1.2: Some
low chop is also present, but the underlying swell can be readily seen.
The swell waves are low with rounded tops. The wave crests can be
followed by eye for a considerable distance, at least six or seven times
4 the distance between crests. The waves following each other are

nearly of the same height. It is possible to follow a series of crests
all the way across the picture.

3 Waves Recorded at a Point

A wave-recording instrument exists which can be .put overboard
and which will record the heights of waves as they pass the instrument.
The instrument is a long spar which is weighted on the bottom and
has a large flat disk around its bottom to keep it from bobbing up and

down. As the waves go by, it records:the height of the water against
¥ the spar and makes a graph on a piece of paper. For sea waves, the

records look like those-shown in figure 1.3. For swell waves, the
records look like those shown in figure 1.4.

- Sea Wave Records
9 Figure 1.3 shows some sea wave records. The waves are quite high
1 at some places but quite low at other places in the same record. Look

at the uppermost record very.carefully. First there is 1. medium wave
followed by a flat-topped one. Then another medium one comes
along. The fourth wave has 2 small waves superimposed on it. 'The
fifth is low. The sixth is medium. ' The seventh is something like
1 the second. Then there are 3 in a row, each a little lower than the
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Fiaure 1.3 Sea wave records.
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Ficure 1.4 Swell wave records.

one before. They are followed by 2 very small waves. There are
then 3 in a row each higher than the one before, followed by. 4 medium
high waves. Then come 3 big ones &ll of nearly the same height.
The record illustrates the point to be made: sea waves are very, very
irregular.

High waves follow low waves in a completely raridom and mixed-up
way. In a sea it is very difficult to say whether a wave passing a
point will be higher or lower than the one which has just passed. The
third wave in sequence is completely unpredictable. Suppose that on
the average it takes 15 seconds for a wave to pass. Then, in'a sea,
it is not possible to tell how high the wave will be which will pass in
45 seconds.

= Under certain conditions experienced navigetors sometimes can

estimate approximately the behavior of the storn..sea for a little time
ahead, and they use such experience in carrying out ship maneuvers.
.On a ship under way, a navigator is not limited to the wave which is
right at the ship. Just knowing what goes on at one point does not
give much information, as is shown:by figure 1.3. A navigator on the
bridge can look out ahead of the ship and see a high wave approaching
from o considerable distance; hence, he knows both what is happenif.g
at the ship and all around the ship. Thus, in the old days, a ship’s
captain weil knew when to take the best chance in coming about with
a sailing vessel in a heavy “sea.” The captain would look out toward
approaching waves, and if no high waves could be $een in the distance
the turn would be miade. If high waves could be seen, he would hold
his course and make the turn at a later, more favorable time.
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Swell Wave Records

Figure 1.4 shows some swell records. Many actual wave condi-
tions are intermediate between figures 1.3 and 1.4, but these records
are representative of swell conditions. Look at the top record of
figare 1.4. The waves are lower than those appearing in figure 1.3
(sea conditions). First, there is a group of 5 waves followed by -a
practically flat trace over a time interval,of 20 seconds. Again there
are 5 waves in a row, with the highest wave in the middle, followed by
another flat trace. Then there are 8 waves in a row, all about the
same height. Other parts of the -various records show groups of
5, 6, and 7 waves in a row, all smoothly varying in height. The swell
record is therefore much more regular. If it were predicted that the
next wave. would be nearly the same height as-the one which had just
passed, the prediction would be very nearly correct every timme. If
the waves are increasing in height, a forecast that the next wave will
be a little higher than the one just before will usually be right. If the
waves are decreasing in height, a forecast that the next wave will'be a
little lower than the one before will usually be right.

In another sense, swell is also unpredictable. It is never possible
to tell whether there will’be 4, 5, 6, or more groups of high wavés in a
group of waves. There is no way to forecast, for example, the exact
height of the wave which will occur five minutes in the future.

A Basic Difference Between Sea and Swell

A basic difference between sea and swell is the difference in the
short-range predictability-of the waves. Sea is chaotic, irregular, and
unpredictiable. It is very difficult to guess what will happen next.
Swell is predictable in a short-range sense. What will happen in the
very near future depends to a certain extent on what has just happened.

Wave Amplitudes and Heights

Forecast Depends on One Number

There is:cue number that permits a forecast of somne of the informa-
tion needed about wave amplitudes and heights. It can be found by
taking any wave record such as those in figures 1.3 and 1.4 and making
a simple computation. The number will be called E, and it has the
dimensions of ft.2 To compute E, the value of the wave record s
read off at a hundred or so equally spaced points with any arbitrary
zero reference level.  An average value is computed from the points
read off, and this average value is subtracted from cach of the original
readings. Each resultant number is squared, and an average of the
sum of the squares is found. The result, multiplied by two, is the
iiumber . ONE DEFINITION OF E, THEN, IS THAT IT
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EQUALS TWICE THE VARIANCE OF A LARGE NUMBER OF
VALUES FROM POINTS EQUALLY SPACED IN TIME AS
CHOSEN FROM A WAVE RECORD. Methods will be given
which will make itupossible ‘to forecast this number, E, for sea and
swell conditions.

INustrative Analogy

When a pair of dice is thrown, there is 1 chance in 36 of getting 2
ones. Thereis 1 chance in 36 of getting 2 sixes. There are 2 chances
in.36 of getting a total of 3, and 2 chances in 36 of getting a total of
11. There are odds for getting any total from 2 to 12. Suppose that
a pair of dice is thrown 360 times. Then, about 10 of the throws
should be 2 ones; 20 throws should total 3; 60 throws on the average
should total 7, and sc on.

Wave Amplitude Data

The same thing, in a way, is true of ocean waves as they pass a fixed
point of observation, or as they encovnter a ship under way. For any
given I value, there are certain odds that a wave of a certain ampli-
tude (as measured from a crest to mean sea level or from mean sea
level to a trough) will be observed; and for a large number of waves
a certain number on the average will have a certain amplitude.

Once the value of I is known, tables 1.1, 1.2, and 1.3 give the
properties of the waves which can be forculst If one takes wave
records such as those in figures 1.3 and 1.4 and measures the amplitude
(crest to see-level or trough to sea level) and then writes down the
amplitudes of all of the waves in the record, and not just the highest,
it will be found that ten percent of the waves have amplitudes equal
to or less than 6.324E. Ten percent will have amplitudes greater
than 1.52\[ 2. Ten percent will have amplitudes between 0.83\@
and 0.96y. The-average amplitude of all the waves will be 0.886/.

Exceptionally High Amplitudes

Table 1.3 gives information on the exceptionally high amplitudes
that can occur, This table is not as useful as table 1.6 to be described

- Imer, because it is difficult to measure wave amplitudes. However,

it is useful in a study of the motion of ships, and a way to use table 1.3
in predicting ship motions is deseribed in Chapter VII (page 228).
Heights and Amplitudes

The wave records shown-in figures 1.3 and 1.4 are not simple sine
waves. Consequences of this fact will be pointed out later. If
waves were simple sine. waves, then twice the amplitudes would
equal the height from crest to trough of all of the waves. The values
given for wave amplitudes in tables 1.1, 1.2, and 1.3 are very nearly
exact for the amplitudes in any wave condition, and it might seem that
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Table 1.1—Wave Amplitude Data

TEN PERCENT RANGES (TEN'PERCENT OF THE WAVES WILL HAVE
AMPLITUDES BETWEEN THE GIVEN RANGE OF VALUES):

10% between 0 and 0.32VE ft.

10% 7 032WE " 04WE it.
10% " 047WE ” 0.60VE ft.
10% " 060WE ” 0.71VE ft.
10% »” O07WE ” 0.83VE ft.
10% 7 083WE " 0.96VE ft.
10% ” 096/E " LIGE ft.
10% 7 LIWE " 120E ft.
10% " 12WE " 152/E .
10% greater than 1.52VE

CUMULATIVE ASCENDING 109 VALUES:

10% less than 0.32'F% ft.
20% ” " 04WE ft.
30% 7 " 0.60E ft.
40% ” 7 OTIVE ft.
50% ” " 0.83VE ft.
60% ” " 0.96VE ft.
70% 7 7 LIOWE it.
‘80% " " 1L2WE ft.
0% ” " 152vE it

CUMULATIVE DESCENDING 10% VALUES;

10% greater than 1.52VE it
20% " " 12WE .,
30% " " OLIVE .
409, " ” 0.96VE fe.
509% " " 0.83¢F ft.
60% " v 0.IVE dt.
0% " " 0.60yE fe.
80% " " 04TVE
909% " " 0.32VE L.
1009 " ? 0.00VE ft.

(after S. O. Rice and M. S. Longuet-Higgivs)

just doubling the values would: give the distribution of the crest-to-
trough heights. This is not strictly true, however. For swell waves
such an approximation is nearly correct, but for sea waves it is not
exactly right. If the wave records shown on page 4 are studied, it
can be seen that the vertical distance from mean sea level to a given
trough is not equal to the vertical disiance from mean sea level to eicher

8




Table 1.2—Average Wave Amplitude Data

The Most Frequent Wave Will Have an Amplitude of
0.707Y/E ft.

The Average Amplitude of all the Waves is
0.886VE ft.

The Average Amplitude of the ¥ Highest Waves is
1.416VE ft.

The Average Amplitade of the ¥, Highest Waves is
1.800VE ft.

(after Longuet-Higgins)

Table 1.3—Greatest Wave Amplitude Data

(see explanation, table 1.6)

N % lower most frequent average 6% higher
20 L40WE L73VE 1.8WE 244/E
50 1.69VE L9SVE  2.12VE 2.62VE

100 1.88YE  215VE  2.28VE 2.75VE

200 2.05VE  230WE  243VE 2.8WE

500 226VE  250WE  2.60VE 3.03VE

1000 241WE  261YE  273VE 3.14VE
(after Longuet-Higgins)

adjacent crest. When the distances are nearly equal, then doubling
the values in tables 1.1, 1.2, and 1.3 yields nearly correct values for the
heights which can occur. When the waves are very irregular, this
procedure is not exactly correct.

Unfortunately, doubling the values given in tables 1.1, 1.2, and
1.3 is the best theoretical approach that can be made at the present
time. The problem of the exact height distributior is a very difficult
one. Tables 1.4, 1.5, and 1.6 give the approximate crest-to-trough
height ranges that can be expected to occur in a long series of height
observations.

THE HEIGHT OBSERVATIONS AND THE VERIFICATION
OF HEIGHT FORECASTS MUST BE MADE ON THE BASIS
OF PROCEDURE B AS DESCRIBED IN CHAPTER IV. The
crest-to-trough heights of the waves must be estimated at a fixed
point on the sea surface or with respect to a point moving clong a
straight line on the sea surface. Low waves must be counted as well
as high waves.

Exceptionally High Waves

In any wave system, after a long enough time, an exceptionally
high wave will occur. These monstrous outsized waves are improb-

9
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Table 1.4—Approximate Wave Height Data

TEN PERCENT RANGES (TEN PERCENT OF THE WAVES WILL HAVE
CREST-TO-TROUGH HEIGHTS BETWEEN THE GIVEN RANGE OF
VALUES):

TERITS IR T T

10% between 0.00  and 0.64VE ft.
10% 7  0.64VE ” 0.94VE ft.
16% " 094YE ” 1.20VE ft.
10% " 1.20/E ” 142VE.‘t.
10% » 142VE 7 1.66VE ft.
10% 7 1.66VE 7 1.92VEft.
10% » 1.92VE 7 220VEft.
10% " 220WE 7 254/Eft.
10% " 254/E " 3.04VEft.
109% greater than 3.04yE
CUMULATIVE ASCENDING 109 VALUES:
10% *2ss than 0.64VE ft.
g 20% " 7 0.94VEft.
! 30% » " 120VEft.
0% " " L42VEft,
{ 50% " " 1.66VE ft.
‘ 609% " ” 1L92VEft.
0% " 7 220VEft.
80% 7 7 254VEft.
90% " ” B.04VEft.
CUMULATIVE DESCENDING 10% VALUES:
, 10% sireater than 3.04VE ft.
! 20%. ” » 2 54VE ft.

309% " v 2.20/E ft.
{09, " 1.92VE ft.

Ui o Coe s

TR

e

50% " 7 1.66VEt.

] 0% ” 7 L4VEf.

: 0% " L20vEft.

: .. 80% " " 09Eft.

1 90% » " 064WET.

3 100% " " 0.00VEft.

) (after S. 0. Rice and M. 8. Longuct-Higgins)
‘k

k
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Table 1.5—Average Wave Height Data

THE MOST FREQUENT WAVE HEIGHT WILL BE...._.__.. ‘14WWE
AVERAGE HEIGHT - o et e 1L.7WE
“SIGNIFICANT” HEIGHT: AVERAGE OF THE HEIGHTS OF

THE % HIGHEST WAVES oo 2.83VE
AVERAGE OF THE HEIGHTS OF THE %, HIGHEST

WAV S o e e e e e 3.60VE

(after Longuet-Higgins).

able but still possiblc; hence they do happen. They can happen
at any time, and the exact time of occurrence of such an outsized
wave can never be predicted.

Something can be said about the probability that the highest
wave out of a total of IV waves will have a height within a certain
range. The probable height of the highest wave out of N waves that
passes a given pdint depends on the size of N and the value of E.

To see how this mlght be determined, consider thc dice-throwing,
problem again. It is possible, but not*very probablé, to throw five
dice and have ﬁve\ones come up. The chance of doing it is one in
7,776. 'That is, if ﬁvc*d.cz’ure\thrown 7,776 times, there ought to be
one time when five aces.come ujp). It could happen twice, more than
twice, or not at all. But on Lhe\averagc it will happen once.

Consider a very long wave recorwith N waves in it, say, 100, &
or 1,000 waves. Let the value of Etbe constant for tho entire rccord
Pick out the highest wave height of all the N wave heights. Repeat.
the experiment for a large number of wave records containing N
waves each and=thén aversge the values of the highest wave height
out of each record of N'waves: The result is the average value of the
highest wave out of N waves from the tctal of, say, M individual
records with N waves in each record.

Also it would be possible to consider the M different values which
result from such an analysis. They would not all be equal for a
given set of values from M records containing N waves each. In one
wave record the highest wave might have a helght of 4 feet in another
the wave might have a height of 5 feet, and in still a third the highest
wave might be only 2 feet, depending on which particular record was
studied. Thus, the height of the highest wave out of N waves is a
random number just as the observed heights of individual waves
are random numbers.

11
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However, the ;propeities of the distribution of this highest wave
height out of N waves has been derived, and certain things can be
said about'it, Table 1.6 summarizes the data as follows:

Table 1.6—Exceptionally High Waves

During conditions where E is constant, suppose that a total of N
wave heights is observed, and that the height of the highest wave: of
N waves is recorded. Suppose that the observations are repeated M,
‘titnes, so that M different values of the highest wave of N waves are
tabulated. Then

1) 5 percent of the M values will be less than the value given in
the first column of the table,

. 2) the most frequent value of the M values will be near the valis¢

given in the second column of the table, ,

3) the average value of the M values will be given by the-third
column of the table,

4) 5 percent of the M values will be greater than the vslie given
in the last column of the table,

5) 9 times out of 10 a particularivalue of the highest wave out
of N waves will be between the values given in the first and
last columns of the table.

Height in Terms of VE

N §% lower mosl frequent average. 5% greater
20 2.8IWE 3.46VE 3. MVE  4.8WE
50 3.3WE 3.96VE 42WE 525VE

100 3.75VE 4.20VE  4.56JE 5 50/E

200 4. 1IWE 4.60WE  4.86VE 5 TSWE

500 4.53vVE  4.99WE 520E  6.06VE

1000 4.82WE  5.26/E  5.46VE  6.28VE

Exceptionally High Waves in T'erms of Significant Heights

(See explanation above, }im is the significant height)

N §% lower  mos’, frequent arerage 5% greater
20 .99Thn L22Fhs  1.32Ths 1780

50 1.197hs 14000,  1.50H,s  1.86MH,
100 1.33Tha 1.52Th,  1.61Ths  1,94H,
2 1. 4570 1.63Ths, 172M,  2.03H,
500 1.607h, L 76Ths  1.84Th, 2 14F

1000 1.707hn 1.86ths 1.937Ths  2.2271p

(after Longuet-Higgins)

Table 1.6 summarized the predictable characteristics of the highest
wave of N waves. For example, if 20 waves are observed to pass a
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given point of observation, then 9 out of 10 times the hlghest wave
will have a height between 2.81 VE and 4.89yE. One time in-20 it
will be lower than the first value, and 1 time in 20 it will' be higher
than the second value. Most of the time a height nearly equal to
3.46/E will be observed; if:the obiservation of the highest wave in 20
waves is repeated 50 .or 60 times during conditions such that' E is
constant, the average value of the heights of the highest wave in 20
waves will be 3. 46 JE. .

It is not possible to tell exactly what the height will be. It is not
eveli possible to tell when this high wave will occur, but it is important
to-know that a wave with a height within the range indicated will
occur 9 out of 10 times during the next 20 waves.

In terins of significant height #s given in the second part of the
table, the entries for an NV of 20 show that one time in 20, for example,
the highest wave of 20 waves will be lower than the significant height
and that one time in 20 the highest wave of 20 waves will be 1.73
times the significant height. This shows that a few observations are
extremely unreliable in determining the true significant height of the
waves. This important fact-will be shown in another way in Chapter
IV.

As.a numerical example, suppose that 1,000 waves are expected
to pass during conditions where E is a constant, equal to 100 urits.
Then from table 1.6, there is ofie chance in 20 that the highest waves
3f these 1,000 waves will be less than 48 fect in height. 1f 1ess than;48

‘eet, in helghb incidentally, these waves would probably not be much
fess than 48 feet. There are 9 charices in 10 that the ighest wave
of these 1,000 waves will be between 48 and 63 feet in height. There
is one chance in 20 that this highest wave will be greater than 63 feet
in height. Moat probably the highest wave height will be near 53
feet. Finally, if many observations of 1,000 waves were made for
the same value of E, the average of these hxghest, waves would be 55
feet. The difference between the values of 48, 53, and 55 feet is msng-
nificant in practice, because wave heights cannot be determined visu-
ally on the open ocean with sufficient accuracy to distinguish between
these values. However, the fact that 1 time in 20 the highest wave
in 1,000 can exceed 63 feet is important because there is always the
possibility that the highest wave can be still higher than the value
suggested by the table.

The explanation of the table is, of course, quite logical. If a se-
quence of 1,000 wave-height values is considered, then the last row
of the table must be used, for semewhere in these 1,000 observations
there could be a wave 5.26/E units high. When these 1,000 values
are separated into sets'of 20 waves each, one of these sets of 20 height
observations must contain this high wave. When the values in the
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table for N=20 are applied, it is-seen that this high wevé in the
series of 1,000 is one of the examples for the series of 20- aelghts where
the helght of the wave exceeds the range in which- the highest wave
can be expected to be found 9 times out of. J0:

Limitations on Table 1.6

The exceptionally high waves.rece ..éd as rare occurrences in table
1.6 are actually observed; they &7z often reported by seafaring men.
There has been much: specqlatlon as to how and why they form.
These :high waves form: bécause they are a basic property of the
randomness of the waves.

These waves occur both in sea and swell conditions. In a swell
with a signifieaiit wave 2.83 feet high, little notice is paid to a wave
5.3 feet high. (E equals 1; N equals 1,000.) In a sea with a sig-
nificany wave 28.3 feet high, everyone notices a wave 53 feet high!
(Frequals 100; N equals 1,000.) Thus, usually these outsized waves
‘are reported only in heavy seas.

In heavy seas, or for fully developed seas, these outsized waves are
very unstable. They may break at the crests and produce a wall
of plunging white water out in the middle of the open ocean, These
outsized waves, then, are destroyed by their very height. Thus, in
a heavy sea they may be rarer than predicted by the above tables.

The experience of the forecaster can be used to modify these tables
for conditions in heavy seas.

Significant Wave Height

The significant wave height is defined as the average value of the
heights of the one-third highest waves in a given observation. From
wave records such as figures 1.3 or 1.4, tabulate the heights of all the
waves in the particular record. Then count the number of waves
and divide by three. Pick out the highest wave, the next highest,
and so on until one-third of the total number has been selected.
Then average these heights, and the result is the significant wave
height.

Table 1.7 illustrates the procedure employed in computing the sig-
nificant height. The data were taken from a wave record made at
Long Branch, New Jersey, by the Beach Erosion Board. The
average wave height and the average height of the one-tenth highest
waves are also given in table 1.7.

Since the average height is 3.0 feet and since 3.0=1.77{TF, the value
of y’E is 1.69. From table 1.5, the significant height is 2.83 times
1.7, or 4.8 feet; and the average of the one-tenth highest waves is
3.60 times 1.7, or 6.1 feet.

The value of the significant height found from table 1.7 is 4.5 feet.
In terms of the average height and table 1.5, it is 4.8 feet. The dif-
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Table 1.7—Sample Computation of Wave-Height

Characteristics
Waedelaht  Numberof  Cumi®  averagercighe e At
1 7 102 7
2 33 95 66
3 30 62 90 6(3x2)
4 2 32 80 80
5 7 12 35 35 25(5x5)
6 3 5 18 18 18
7 1 2 7 7 7
8 1 1 8 8 8
Total 311 154 58

Average height=311/102==3.0 feet.
Significant height=154/34 =4.5 feet
Average Yo highest="58/10 =5.8 feet

ference is 0.3 feet. For the one-tenth highest, the difference is also

" 0.3 feet. The agreement between the two ways of computing the

values is therefore close.

Aninteresting experiment can be carried out with table 1.7. Let
the number of waves 1 foot high be reduced to 5, and increase -the
number 8 feet high to 3. The average height is then-3.2 feet, the
significant height 5.0 feet, and one-tenth highest height 7.4 feet. A
slight chenge in the data produces a slight change in the average
height and much bigger changes in the other two values. Thus, the
average height is a more reliable number, and it is not so dependent on

sthe randomness of the waves when only a few heights are observed.

From table 1.4, 41 out of 102 waves should be less than 2.40 feet
high. Table 1.7 shows that there are 40 waves 2 feet high or lower.
There should be 20 waves higher than 4.3 feet. There are actually
12 waves 5 feet high or higher. The discrepancies can be explained
by the fact that the wave heights are reported only to the nearest foot.
Of the 20 waves reported to be 4 feet high, cight might easily be
between 4.2 and 4.5 feet high, and they would be tabulated as if they
were 4 feet high by rounding off the values. From table 1.6, 9 times
out of 10 for 100 waves the highest wave will have a height between
6.3 and 9.3 feet. There is one wave 8 feet high.

From this example, it can be seen that there is nothing particularly
significant about the significant height. It is a value which is conven-
ient to work with ac times, but the particular height which results is
no more important than any other statistical value from the tables.

Significant Wave Heights as Reported by Ships
Frequently ships report that waves being observed from a ship have &
certain height.  The procedure is often for some observer to look out
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over the sea surface and make a quick guess as to the wave height. The
value reported is assumed to be the significant height. The significant
height is supposed to be the predominant (basic or characteristic)
height of the waves. The observer certainly does not record the
heights>of even 100 waves and does not pick out the 33 highest to
average, so it is interesting to speculate on how he is supposed to know
that the value he gives is actually thesignificant height.

Such a procedure is highly subjective. One observer on a-small
ship may think that waves 10 feet high in a given sea arc important.
He reports some guess as to the wave height. Another observer on a
‘jarger ship may not be impressed by any wave less than 15 feet high.
His guess would be quite different fromsthe guess of the first observer
in the saine wave conditions.

Accurate wave forecasts cannot be verified or made on the basis of
what someone guesses the significant wave height to be. In Chapter
IV, techniques for observing wave heights ¢orrectly will be given. If
forecasts are made by the methods of the manual and verified by an
inadequate observation at the point at which the forecast is made, the
forecaster can expect discrepancies of the order of 30 percent, and yet
his forecast may still be correct.

A Height Forecast: Example 1.1

E is forecast to be 25 ft.2 Then some of.the various forecasts that
can be made are given in table 1.8.

Table 1.8—A Height Forecast Example

Amplitude creat (or Height creat to
trough) to sea level {rough
3 . o Jeet Jeet
AVEIaRe. o v ceeccmmcemcmemmm—————— LN X 8.85.
74111 107:1 ) AR 708 e 14.15
Average 1/10 highest.. oo oo oo oo 0.00. s 18.00.
10% betWeen e e e e e e ecvcmcecemman- 0 and 1.60....... 0 and 3.20.
1.60-and 2.35 3.20 and 4.70
(ete,) (ete.)
6.35 and 7.6-.._. 12.7 and 15.2.
10% higher than. . ... oo aoo.. [ | P 15.2.
Half of the waves will exceed. ... .._... £ 1 S 8.30.
One wave out of 1,000 mayibe between.... 12.0 and 15.7._.. 24.1 and 31.4
(may be
breaking)

Comments on Height Forecasting

The amount of detail to be incorporated in a forecast of wave Leights
depends very much on the operational use of the forecast. This fact
should be kept in mind at all times, and the user of the forecast should
know of the possibilities that can influence his action. Some hypo-
thetical examples of the use to which the forecast can be put may be
given.

16




‘Example 1.2.—A seaplane is dispatched to land near-a ship on the
North Atlantic, pick up a passenger, and rush him back to a hospital.

“The forecast is for a moderate sea with a significant wave height from

crest to trough of 6 feet. The forecast is correct. The average of the
one-third highest-waves is 6 feet. The pilot lands his plane in an area
where the waves were relatively low, but before the plane can slow
down, a steep wave 10 feet high rises up suddenly in front of it and
stéives in the hull. The plane sinks;, and the pilot and .crew are
rescued-by the ship théy were trying to aid.

This hypothetical example illustrates a forecast which was correct
before the extreme-variability of wave height was thought to be
important. No one would have thought to forecast that 1 wave out
of 20 could be ten feet high for the same conditions or that in a sea
a wave of extra great height could forin before one’s eyes in a few
seconds. .

In a swell for the same significant height the landing would be much
safer, because, had the pilot found an area of low waves, the waves
would have remained low for the time requiréd for the landing.
Further comments on landing seaplanes will be given in Chapter VII.
The present example emphasizes the importance of height variability.

Example 1.3.—Two ships are transferring fuel in the Pacific.. One
is a fleet auxiliary vessel, the other a destroyer escort with a very low
freeboard. The significant height is forecast to be 15 feet, and the
operation is proceeding satisfactorily. Two crewmen are working
with the fuel hoses near the ship’s rail, when 2 waves 24 feet high ap-
proach one right after the other. Green water comes over the deck
suddenly, and one man is thrown against the rail. His arm is broken
and he is almost lost overboard. The two men should have been told
that although most of the time conditicns would be safe, the decks
would be awash from about one wave out of 100 during the next hour.

This is another example of a correct forecast which does not fore-
cast wave variability. It is possible to think of many other situations
where such wave variability considerations would be of extreme
importance.

Wave Periods and Wave Lengths

‘‘Period’’ vs. period

The figures which have been shown of wave records taken as a
function of time at a fixed point show that the waves are very irreg-
ular. Compare these figures with figure 1.5 which shows the graph
of a simple sine wave. This simple sine wave can be produced in a
laboratory by moving a large paddle back and forth with a sinusoidal
motion at the end of a long tank of water. The record was taken by
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FiGure 1.5 A s)‘mple sine wavé. )

placing a recorder in the water and allowing the passing waves to
-draw a graph on a sheet of paper. Figure 1.5.is quite-different from
figures 1.3 and 1.4. Ip earlier studies-ofocean waves an assumption
was made which replaced the irregularity of figures 1.3 and 1.4 by the
regularity of figure 1.5. This resulted in a very serious mistake be-
cause the formulas which describe waves like those in figure 1.5 are
completely different from the formulas which describe waves like
those in figure 1.3 or figure 1.4. The sea surface is actually like
figures 1.3 and 1.4, and therefore it cannot be represented by the
formulas which apply to figure 1.5.

The reason this was done previously was partly because of the word
“period.” This word has two different meanings, and when it is
used there is often a great deal of confusion as to which meaning
applies. Mathematicians use the word to mean one very precise
thing, whereas most people use the word in a much less precise sense.
It is necessary, consequently, to study what this word actually means
and to be very precise in its use in this manual.

Figure 1.5 is a portion of a wave record which could be periodic i
the exact definition of the word. It has a period. The definition.of
the word period is given below.

DEFINITION: A PERIOD 1S A TIME INTERVAL, T, IN
WHICH A WAVE RECORD REPEATS ITSELF EXACTLY;
THAT IS, IF F(t+T)=F()-FOR ALL t, AND T IS THE SMALL.-
EST NUMBER GREATER THAN ZERO FOR WHICH SUCH A
RELATION HOLDS, THEN 7'IS THE PERIOD OF THE WAVE
RECORD.

As an example, consider equation (1.1). [t states that the cosine
of t+ T is exactly the same at all times as the cosine of ¢, if 7'is the
period of the function. The cosine repeats itself exactly every T
seconds.

cos[2x(t+T)/T)
=cos2xt/Tcos2x—sin2«!/ T sin2x ]
=cos2xt/T (L1)

Another way to see what this exact. definition of the word period
means is to notice that if someone had begun to graph figure 1.5 at a
time 7T seconds later than it was actually graphed, it would have been
impossible to tell-the difference between the resulting graph and the
graph shown in figure 1.5. A truly periodic function repeats itself
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exactly. Every crest has exactly the same height as all the others.
This statement, as we have seen, is not true of actual ocean waves,

Usually when the word, period is used, the exact definition as given
above is not meant. “Period” has & popular definition as given
below.

‘DEFINITION: A “PERIOD” IS “THE TIME OF ONE COM-
PLETE CYCLE OF A VIBRATION, CURRENT, ETC.”

Then, if the word “cycle’” needs to be defined, it is defined as the
“PERIOD OF TIME OF A COMPLETE PROCESS OF GROWTH
OR ACTION THAT REPEATS ITSELF IN THE SAME ORDER.”
These popular definitions are from a well-known dictionary, and they
show that it is difficult to define the word “period” in the popular
sense, since “period’” is defined in terms-of “cycle’” and “cycle” is
defined in terms of the word “period.”

Measurement of ‘‘Periods’’ !

The definitions given above for the words “period” and “cycle”
can be made more precise by considering figure 1.6. It shows a por-
tion of a wave record which could easily have come from one of the
wave records shown before. This portion is enlarged in order to
show the details. It is a graph as a function of time, and the time
scale is shown below the graph. Now, according to the popular
definition of the word “period,” it is necessary to find the time of one
complete cycle of the record. The cycle begins, usually, at an easily
recognizable part of the record such as, possibly, the time when the
record goes through a maximum. The first maximum of this record
occurs a few seconds after the beginning of the record, and a little
mark is shown at the maximum. Then the graph goes down thiough
zero, through a trough, and goes back up again to another maximum.
This then, is a “cycle,” and the “period” is the time interval between
the first maximum and the second.

This record, in this sense of the word, has many different “periods.”
The next time interval from the sccond maximum of the record to the

AN A
VAV VR

IOSECONOS

Ficure 1.6 The “periods” in a ware record.

1 For actual techniques, sce Chapter 1V,
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third maximum of the record'is not equal to.the first:ane, and the third
time interval is not necessarily, 2qual to either of the Giiige-uwo. It
would be possible to write dovi.n a complete list of all of the “periods”
in this segment of the record. A little difficulty occurs at the last part
of the record where there are iwo maximums in the ~ecord without a
corresponding minimum that goes beneath the zero line of the record.
By definiticn for the purposes of this manual, the time intervals
measured with respect to the higher of the two maximums will be de-
fined to be the “periods” of the waves shown.

The result of the analysis of an actual ocean wave record is then a
whole list of different ‘““periods.”” The time intérvals between succes-
sive -cresls can vary considerably from wave to wave. They can
range from 5 seconds to 10 or 11 seconds in a given state of the sea, and
certain values occur more often than others. There certainly is not.
one numbcr, T, which describes the wave record completely.

If every “period” is observed in a wave record, or as the waves pass
a fixed point, then it is possible to define a new term; namely, the
average “period.” THE AVERAGE “PERIOD” IS 'I‘HF AVERAGE
OF ALL THE VALUES OF THE INDIVIDUAL “PERIODS” IN
A GIVEN OBSERVATION. For example, the varicus values
indicated in figure 1.6 would be measured; added up, and divided by
the total number observed. The result would be the average “period.”
This is a useful number to know in order to discuss the average time
it takes the wave to pass a fixed point of observation. This average
“period” cannot be used in the éxact sense of the word.period. For
example, if the average “period” is 10 séconds and if a wive crest is
passing at a certain time (say, 21 minutes and 20 seconds after 0500Z)
then it would not be possible to conclude on the basis of thé-average

“period” that in exactly 60 seconds the crest of the sixth wave would’

follow. Since the waves are not truly periodie, this conclusion cannot,
he made.

Definition of Terms

T'wo meanings of the word “period” have been used in the ibove
discussion. At times in this manual, it will be necessary to use the
word in the exact sense.  When the first definition.is meant and when.
the exact sense is meant, the word, period, will be italicized as it has
been above. On the othcl hand when the popular definition is meant.
the word will have quotation marks arcund it. The true period of the
waves cannot be measured, but the av erage “period” can be measured
and it has a meaning.  The true periods are a property of the spectrum
of the waves, and when this spectrum is discussed the word period will
be used in order to describe the waves.
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Wave Length vs ‘‘Wave Length’’ ?

The wave length of a simple sine wave is also periodic, in that as a
function of distance in a direction perpendicular to the crests the
graph of the waves is another sine wave. For such sine waves, then,
the wave length is similar in meaning to the period. Also, in the actual
irregular sea surface, as figures 1.1 and 1.2 show, the “wave length”
along a line perpendicular to the crests varies in a way similar to the
“period.” 'Therefore, in the same sense that the word means the
time between successive maximums of a wave record, the word “wave
léngth” will mean the distance between two successive crests on the
sea surface.

Symbols To Be Used

In order to point out the difference between the various terms men-
tioned above, whenever the word period is meant in the exact sense
a T will be used. Whenever the wave length is meant in the exact

sense an L will be used. The symbolj’ will be used whenever the
word “period” is meant. The svmbol T will be used to represent the
average “period.” The symbol L will be used whenever the word

“wave length” is meant. The symbol T will be used to designate the
average “wave length.”

Definition of Frequency

THE FREQUENCY (f) OF A SINUSOIDAL WAVE IS THE
RECIPROCAL OF THE PERIOD (f=1/T). For example, a wave
with a period of 10 seconds has a frequency of one-tenth cycle per
second. Stated another way, onc-tenth of this complete sine wave
passes a.given point in one second. In defining the wave spectrum
and forecasting swell, the wave frequency is more useful than the wave
period,

Frequencies are used in connection with electromagnetic waves more
than with ocean surface waves, but frequencies and periods are
interchangeable terms.  For example, a 60-cycle alternating current
has a period of Y%, second.

Some New Formulas

Now that the above definitions have been given it is possible to
make a very important point. For a simple sine wave which is truly
pertodic, it is true that equation (1.2) holds. In equation (1.2), L is
measured in feet, and 7 is measured in scconds. Equation (1.2
comes from classical theory, and if the wave is a simple harmonic
progressive wave the formula holds.  The formula can be verified ana

2 For techniques of meastring “wave leneths,” see Chapter 1V,




measured exactly in wave tanks and in places where waves can be
generated artificially.

T

,=5.12T? (1.2)

TR E Yoo e

However, in terms of the popular definition of the word it is not
true that equation (1.3) holds. In terins of the popular definitions,

4 equation (1.3), if it actually was true, would have to mean that the
' average “‘wave length” as shown in pictures such as figure 11 would
g Jhave to be equal to 5.12 times the square of the average “period” in
' a wave record such as figure 1.3 (with the assumption that both are
: observed at the same time and place). There is no reason why this
; particular formula should hold, and, in fact, it does not. The average
G “wave length” is not equal to 5.12 times the average “period” squared
3 when the “period” is measured in seconds and the “wave length” in
feet. The classical formula simply does not hold;for the irregular sea
‘ surface. It does not hold because the assumptions under which.the
1 classical formula was derived aré not true; consequently, there is no
g reason to expect the formula to hold. It will be possible to give correct
3 formulas similar to equation (1.3) later in terms of what is actually
;: observed. on the sea surface when the quantities described above in
] terms of averages are meastured.
1 T=512T" (IEquation not true) (1.3)
: Why a Sea Is Different From a Swell
X There may seem to be something strange in what has just been said
q about wave heights and wave “periods.” The same height tables

forecast wave heights for both sea and swell, and yet sea.and swell
have been shown to be very different. The reason for the difference
between sea and swell has to do with the spectrum of the waves and
not with the height distribution, which follows the same rules for all
wave conditions with sufficient accuracy for our purposes.

Look at an incandescent lamp; you see white light. Hold some red
cellophane between your eyes and the lamp; you now see red light.
White light contains in reality all colors, and the red cellophane stops
all the colors except the red from coming through to your eve. Blue
cellophane would similarly let only the blue light through.

Physicists would say that the white light has a continuous spectrum
of colors, and that the colored cellophane acts as a filter by letting
only one calor come through. Other examples of wave filters could be
given from electronics.

It has been found that ocean waves also have a spectrum which is a
function of frequency and direction. THE SPECTRUM OF THE
OCEAN WAVES ASSIGNS THE CORRECT VALUE OF THE
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SQUARE OF THE WAVE HEIGHT TO EACH FREQUENCY
AND DIRECTION BY MEANS OF A FUNCTION OF WAVE
FREQUENCY AND DIRECTION. Whether the waves are sea
waves or swell waves is determined by the range of frequencies covered
by the spectrum and the shape of the spectrum. The spectrum also
assigns angular directions to the frequencies of the waves.

If the spectrum of the waves covers a wide range of frequencies and
directions the result is a sea. The “periods’” are distributed over a
wide range of values. If the spectrum covers a narrow range of fre-
quencies and directions, the result is swell. The “periods” are dis-
tributed over a narrow range of values. If the spectrum of the waves
can be forecast, then the properties of the waves can be forecast. but
first the properties of the spectrum must be given.

: The Structure of the Waves

Now that it has been shown that the classical formulas for wave
motion are wrong when applied to sea conditions, it is necessary to say
that the classical formulas are still the only ones completely under-
stood for wave motion. The winds over the vcean, by not producing
simple sine waves, have complicated the problem of understanding
actual ocean waves and of forecasting them. The classical formulas
must be applied to ocean waves in a different way than before in order
to get valid pictures of the-waves and forecast them correctly.

To sce how this can be done, consider figure 1.7. It shows a great
number of sine waves piled up on top of each other. Think, for
cxample, of a sheet of corrugated iron which would represent a simple
sine wave on the surface of the ocean frozen at an instant of time.
Below this in figure 1.7, there is another simple sine wave traveling
in a slightly different direction from the one on top. Below this
second one is a third simple sine wave with a third direction. Below
the third is a fourth traveling in another direction and with a different
wave length. There are shown a great many more, one below the other.
Each is a classical simple sine wave. Each has the same wave height
everywhere along cevery crest. (The heights should be thought of as
being very low.) Each wave system has cither a different direction
or different period from all the others shown. Each wave system obeys
the classical formulas which give the speed of the crests and the wave
length.

Now to get an approximation of the actual sea surface, add all
these simple sine waves together, one on top of the other. At some
places, the crests of a number of different sine waves will add together
to produce a tail mound on the actual sea surface. 'The mound will
not be very long because the sine waves are traveling in different
directions and the crests do not stay in line. At other places, the
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Froure 1.7 A sum of many simple sine waves makes a sea.
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crests of some of the sine waves will cancel out with some of the troughs
.of the other sine wave'systems; the result is a low mound, if any, on
the sea surface.

It can be shown that as the number of .different sine waves in the
sum is made larger and larger and the heights are made smaller and
zinaller, and as the periods and directions are picked closer and closer
together (but never the same and always over a considerable range of
values), the Fesult is a sea surface just like those actually observed
with a range of heights which is very nearly like the range described
in tables 1.4, 1.5, and 1.6. These features have been verified by ob-
servers in England New Zealand, and the United States, and no
naturally generated wave system has ever been found which did not
very nearly have these properties.

Sea contains sine waves with a large range of wave periods and
directions. These waves reinforce to produce a high wave at one point;
then, since the wave lengths and periods are so very differens, they get
out of phase rapidly and produce a low wave next to the high wave.
The sea is thus extremely irregular because the spectrum covers a
wide range of freqdencies (periods) and dircctions. The classical
formulas are correct for ecach individual sine wave, but they are not
correct when applied to the sum of all the different sine waves when
the sine waves are added together.

Swell contains sine waves with a much smaller range of wave periods
and directions. When they reinforce to make a big wave, the next
wave must also be a big one because they cannot get out of phase in
the short time required for the next wave to pass. Swell is thus much
more regular than sea because the spectrum covers a narrower range
of frequencies and directions. The classical formulas are then almost,
but never exactly, correct for swell conditions.

THE NUMBER E CAN THEN ALSO BE DEFINED AS ’I‘HF
SUM OF THE SQUARES OF THE INDIVIDUAL AMPLITUDES
OF THE INDIVIDUAL SINE WAVES WHICH GO TO MAKE
UP THE COMPLICATED IRREGULAR PATTERN OF THE
ACTUAL WAVE MOTION. Then by making the assumption that
any part of each sine wave could be passing a fixed point, instead of,
say, all the crests at once, it is possible to derive the numbers given in
the tables theoretically and to prove that the ranges of heights shown
can be expected to occur.

A Summary of the Properties of Sea

There have been many recent new and important advances in the
study of ocean waves. Better observation methods and analysis
methods have been developed although they are not used as extensively
as they should be. A summary of these results can give a very
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accurate description of waves. Given helow is a summary of the
known and verified properties of actial ocean waves.

In sea, the waves are-irregular, chaotic, short-crested, mountainous,
and unpredictable. High waves follow low waves in a completely
mixed-up way. The crests are only 2 or 3 times as long as the distance

" between crests. The wave that is passing tells us little about the

height of the wave after that. Individual crests can appear to be
traveling in different directions, varying by as much as 20° or 30 from
the dominant-direction. There are waves on top of waves and crests
with depressions in the top. There is great variability in the “periods.”’
The average “wave length’ is not equal to 5.12 times the square of the
average ‘“period.”

The pattern of sea never repeats or duplicates itself. Patterns
change rapidly with time. No two aerial photographs or wave records
of a sea will ever be exactly alike. The high waves die down as they
travel along and soon disappear. New waves, which were once very
low, form and build up to take their places. Individual wave crests
can dissppear completely as they travel a distance as short as 500 feet.
In a flat place on the ocean surface a high wave can form right before
your eyes in 30 or 40 seconds.

A Summary of the Properties of Swell

In swell the waves are more regular, longer crested, and more
predictable than in sea. High waves (compared with the average)
follow high waves and low waves follow low waves. When the waves
are high, 5 or 6 waves of nearly the same height will pass in a row.
When the waves are low, they can remain low for maybe as much as
a minute and a half. If the waves are increasing in height, the next
wave will probably be higher. If the waves are decreasing in height,
the next wave will probably be lower. A guess about:the heights of
the next 2 or 3 waves to pass, on the basis of whether the wave which
has just passed is high or low and on the basis of whether the heights
are increasing or decreasing, will be right very often. A swell is
predictable in a short-range sensc.

The crests are much longer than in sea, as much as 6 or 7 times the
distance between the crests. The average “wave length’ is almost
equal to 5.12 times the square of the average “period,” and frequently
the value is correct to within 10 or 15 percent. The different values
of the successive “periods” are more nearly the same.

The pattern is still as unpredicatable over longer time intervals as
is that of a sca. However, high waves can be present for many
minutes before they die down and disappear. Low waves take & long
time to become high waves.
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The In-Between State

Sea is a clear-cut state because its waves are being generated by
winds right in the storm. A swell, however, requires time to acquire
the properties given above. A few hundred miles outside the gener-

_ ating area, waves cannot be precisely described by either of the above

descriptions. They are in an in-between state represented by the
records shown in figure 1.8, which are not quite as regular as a well-
defined swell and also not quite as irregular as a fully-developed sea.
A fresh swell which has only slightly dispersed (this term will be
defined later) is half-way between the two states described above.

~ Asskillis developed in the use of the new methods given in this manual,

it will be possible to tell when the above descriptions can be-safely
applied to the forecast situation.

Forecasting

The wey to forecast waves is to forecast the spectrum of the waves.
From the spectrum, many of the other properties of the waves can be
calculated, such as the heights of the waves, the average “period;” and
the average “wave length.”  In the next chapter, ways to forecast the
wave spectrum, the value of E, and the properties of “sea’” will be
given. Then in Chapter II1, ways to forecast the swell spectrum and
the properties of swell waves from the sea spectrum will be given.

lpt—
€0 Secends
Ficure 1.8 The records of in-between waves,
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Chapter 11

THE GENERATION AND FORECASTING OF

SEA WAVES

Introduction

This chapter deals with the generation of composite wave motion
in deep water under the influence of wind and with forecasting the
characteristics of the waves in the generating area. “Deep water,”
in this sense, means that the depth of the water is large compared with
the wave length of the longest wave generated by the wind.

Deep-Water Waves

In general, waves ‘may -be lconsidered decp-water waves when the
depth of the water layer is greater than one-hall wave length. In
this case the velocity of propagation of a single sinusoidal wave, that
is, C, the speed with which a wave crest of such a wave component
travels along the water surface, is (almost) independent of the water
depth and proportional to the square root of the wave length, L.
Periods, T, or frequencies f=1/7, of single wive components in the
complex sca are inierrelated to the speed, C, and wave length, L, by
simple formulas.

C=1.34{L=3.03 T @.n
L=0.557 C*=5.12 T* (2.2)
1:20.442{L=0.33 C (2.3)

where C is given in knots, L in feet, and 7 in seconds.

If the depth of the water is small compared with the wave length,
not only does the velocity of wave propagation change, but also the
growth and the decay of the waves, which are influenced by bottom
effects including increased dissipation of wave energy by friction.

The term “deep water” therefore has a relative meaning because
it depends on the ratio between depth and wave length.  Thus, the
techniques given in this manual can also be applied in con: al regions
of shallow water, in bays, lakes, or channels if the water can be con-
sidered as “deep” with respect to the longer waves generated in the
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composite wave spectrum. Such cases may apply to slight or moder-
ate wave motion at lower wind velocities in shallow coastal waters,
whereas heavy storm seas or long swell may “feel the bottom
strongly and therefore be affected by the limited depth while propa-
gating through regions of shallow water.

Wave Conditions Limited by the Fetch or by the Duration

Relationship between the growth of complex deep-water waves, the
wind velocity at the sea surface, the area of water over which the
wind blows (the “fetch’”),! and the length of time that the wind has
blewn (the “duration’), have been established for two principal
cases. One of these deals with the growth of the sea over an unlimited
fetch, z, where the waves grow at all localities at the same rate with
increasing time. The wave characteristics depend then on the dura-
tion of the wind and the wind velocity. The other ¢ase considers
the duration of wind action, {, as long enough to produce a steady
state at all different localities, but the fetch, z, is limited, and the
stage of wive development is given as a.function of x. The wave
characteristics depend then only on the length of the fetch and on the
wind velocity.

Intermediate Conditions

Between these two principal cases, many other possibilities of wave:
generation under wind action have to be considered in the process of
wave forecasting. Very often it happens that the wind encounters
an “old sea” which has been generated by a wind just previously.
For instance, the wind over a large area of the ocean may change in
direction and speed in a few hours by a change in the weather situation.
If the wind opposes the old waves, the newly atisen wind has to
destroy the “old sea,” or at least to destroy it partlV, and to generate
a new wave motion. In such cases allowances must be made for
waves that are present when the wind under consideration starts
blowing. In another case, if the wind increases with time, the sea
grows continuously with increasing speed.

It is not possible te give simple graphs or tables in this manual
which cover individually all possible cases. In practice, innumerable
possibilities of different conditions of fetch and duration will be
encountered by the wave forecaster. He must use his experience and
judgment in the interpretation of conseentive synoptic weather maps
so that the given graphs and tables will be used in the most effective
way to make good wave forecasts. Therefore, it is necessary to
understand clearly the physical significance and limitations of the

¥ See the definftion of * Fetch™ in Chapter V (pake 1655, In this manual, the word ““fetch” will be used
n two different ways, Its meaning in a particular scntence should be determined from the context. At
times, the word ““feteh” will mean the area in w hich the waves are generated; at other times, it will mean
the length of the area fn which the waves are generated measured upwind from the point of Interest.
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methods presented in this manual. ‘T'ests of the mothods by trained
personnel have been made with considerable success, and their
experience will be discussed in Chapters V and VIII.

The Growth of Waves
Initial Wavelets
Wlien a“breeze comes up, the sea surface instantaneously becomes

covered with tiny ripples which form more or less regular arcs of’

long radius. They increase rapidly in height until they attain a
maximum steepness where the pointed crests take on a ‘glassy”
appearance, indicating small breaking processes. The further:devel-
opment of these wavelets into the state of more irregular composite
wave motion, called sea, is & very complicated mechanism because
of the limitations on the growth of individual component wave trains
caused by breaking. The total wave energyv begins to spread out
over a range of periods, and with 1ncreasing wave development this
range extends more and more to long period waves. A spectrum of
ocean waves is being formed. At a given wind velocity and a given
state of wave development, each spectrum has a maximum band where
most of the total energy is concentrated.

Short Choppy Waves

The growth of sea beyond the state of initial wavelets is largely
determined by the breaking of large and small waves, by the energy
dissipation connected with this turbulent motion, and by energy
exchanges from one part of the spectrum “to another. The waves
can grow only if they receive more energy from the wind than they
lose by turbulence in the complex breaking sea.

Energy Balance

Energy is transferred to the waves by the pushing and dragging
forces of the wind. These forces depend upon many different factors,
such as the difference between wind and wave velocity, the wave form,
and the roughness conditions of the sea surface. Thus, the energy
transfer from wind to waves depends upon the present state of wave
development itself. If there are component wave trains in the com-
plex sea that outrun the wind, they will meet an air resistance by
opposing wind reiative to the wave form. These waves actually do-a
net. amount. of work on the wind field and lose energy. This effect
and that of the internal eddy viscosity tend to slow down the undula-
tory wave motion.

The Fully Developed State
The fully developed state over a long feteh with a sufficiently long
durition finally will be attained when the wave-generating tractions
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have increased the total wave energy to the point where dissipation :

balances the work done by pushing and dragging surface forces. The
total amount of wave energy accumulated in the composite wave motion
is then distributed over a wide range of wave lengths or periods (fre-
quencies). THE FUNCTION THAT DESCRIBES MATHEMAT-
ICALLY THE DISTRIBUTION OF THE SQUARE OF THE
WAVE HEIGHT (WAVE ENERGY) WITH FREQUENCY IS
CALLED THE SPECTRUM OF THE WAVE MOTION. The
square of the wave height is related to the potential energy of the sea
surface so that the spectrum will at times also be called the energy

spectrum. The first step in wave forecasting is to forecast the spec-

trum of the waves in the generating area.

The Spectrum of Wind-Generated Ocean Waves

1
P

Imagine an infinite number of individual wave components in the :
composite pattern of a fully arisen sea at a given wind velocity. As

described in Chapter I (fig. 1.7), the sum of these single waves makes
up the wave pattern at the sea surface as it appears to an observer.
For an approximation, all the waves grouped around an average
frequency, f,, and distributed over the small range 3Af on each side
can be picked out from the continuous sequence of individual wave
components, If this accumulation of wave components is continued
at intervals of Af, a finite number of simple sine waves with average

i

frequencies fy, f2, f2 . . . fa, starting with lower frequencies and ending

with the highest frequencies present in the composite wave pattern,
is obtained. By this procedure, the continuous distribution of an
infinite number of wave components is approximated by a finite
number of individual sine waves with slightly different average
frequencices, f.

Each of these sine waves can be considered as “filtered out” of the
total sum, like the individual waves in figure 1.7. Then, the char-
acteristics of these waves are given with a fair degree of approximation
by the average frequency, f; period, T'; wave length, L; and average
wave amplitude.

If the .rectangles whose areas are equal to the squares of the am-
plitudes, A*(f), of each component. wave train sre plotted against the
average frequency, f, (fig. 2.1) a “stairway’” approximation to the
spectrum is obtained. The graph covers the entire range of periods.
The wave cnergy per unit sea surface area contained in each wave
train of the average frequency, f, is proportionsal to the square of the
amplitude of each individual wave train.

If the difference, Af, is made smaller and smaller, the number of
individual wave trains increases correspondingly, and approaches
infinity. At the same time the amplitude A(f) of each individual
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wave component is also made smaller and smaller, but the total

amount of energy accumulated in the composite wave motion remains

\ the same. Only the distribution of wave energy as a function of
| f=1/T changes from the “stairway” graph in figure 2.1 into the
|
|
|
|
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continuous curve. This continuous curve between f=0 and.f= o
represents the spectrum of the waves.
‘ By empirical evidence and theoretical considerations, the wave
1 spectrum has been determined in a general way for wind-generated
wave motion. THIS SPECTRUM PROVIDES: THE BASIC
THEORY "FOR THE METHODS DEVELOPED IN THIS
MANUAL.

The Properties of the Spectrum

Without going into the mathematical details of the spectrum, its

properties can best be described by means of some examples. Figure

2.2 represents the spectra of the waves by curves for a fully developed

) sea at wind velocities of 20, 30, and 40 knots. The ordinate [A(/)}

Ll L

20 KNOTS

T Y T
0 005 o1 0.5 02 f
Fioure 2.2 -Continuous wave spectrum for fully arisen sea at a wind speed of
20, 30, and 40 knots, respectively.,  Note the displacement of the optimum
band (maximum of speciral energy) from higher to lower frequencies with
increasing wind speed.
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-has the dimensions of ft.>-sec., so that the area under the spectrum,
upon integration over a frequency range, has the dimensions of ft?.
The abscissa shows the scale for the frequenciés, f. It.extends theo-
retically from zero to infinity, but only that part which is of intersst
has-been shown in figure 2.2.

Depending upon the wind velcity, the range of waves with a
significant or noticeable amount 6f:energy covers a more or less broad
band on the f scale. The relatively small spectral wave heights at
20 knots cover significant frequencies between f=0.083 and f=0.3.
In terms of periods the range is from 12 seconds to 3 seconds (f=0.3
is not included in the range of the fscale). The maximum of spectral
wave energy is concentrated in a band around f=0.124 or T=8.1
seconds.

With increasing wind velocity the range of significant frequencies
extends more and more toward smaller f values (or higher periods);
at 30 knots the range is from about f=0.048 to f=0.24, that is, for
periods from T=17 to T=5 seconds. The maximum band is dis-
placed to lower frequencies; at 30 knots, this band is to be found
around f=0.0826 or T'=12.1 seconds.

The curve of the spectrum at 40 knots shows a great increase of
wave energy compared with those of 20 and 30 knots. It alzo shows
how the significant -wave components in the composite wave pattern
extend to lowerfrequencies with the characteristic'shift of the optimum
band. The frequency, fumax, of the maximum band at different wind
velocities is given:by equation 2.4 where v is in knots.

2.476
fmax= D (24)

)

Table 2.1 gives the fmax values for different wind velocities between
v==10 knots and v==56 knots. This band and its frequency are im-
portant factors in wave forecasting and will be used in various parts of
the following chapters.

The Important Spectr:il Components for a Given Wind Velocity

Another important fact has to be mentioned at this point. As the
spectral wave energy in a broad band around the frequency of the
maximum fp. increases with increasing wind velocity, the contribu-
tions of wave energy at the lower end of the curves (fig. 2.2) near
the abscissa become less and less significant compared with the amount.
of wave cnergy concentrated around the maximum. This means
that wave components with very high or very low frequencies are
negligible and do not noticeably affect the dominating wave pattern
of thesea. Thus, at a wind velocity of 20 knots the wave components
concentrated around f=0.33 (7'=3.0 seconds) may still be noticeable
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Table 2.1—Frequency (f... and Period (7T,.) of the"
g Maximum Band in the Spectrum Where Most of the
Spectral Wave Energy is Concentrated

Wind

Vel,
(knots)

foaaco=od

10 12 14 16 18 20 22 24 26

Suage-w- 0.248 0.206 0.177 0.155 0.138 0.124 0.113 0.103 0.095
Tronre-- 4.0 4.8 5.7 6.5 7.3 8.1 89 9.7 10.5

Wind
Vel.
(knots)

28 30 32 34 36 38 40 42

Smereoen  0.0884 0.0825 0.0774 0.0728 0.0688 0.0652 0.0619 0.0590
Tuz--- 1. 4 12.1 12.9 13.7 145 15.3 16.2 17.0
Wind

Vel. 44 46 48 50 52 54 56
(knots)

T YT

Smexanae 0.0563 0. 0538 0.0516  0.0495 0.0476 0. 0459 0. 0442
: Twar--- 17.7 18. 6 19. 4 20. 2 21.0 21. 8 22.6

4 and significant. But at 40 knots in a heavier sea with a much longer
g and higher average wave motion, these waves with periods of about
5 seconds (wave length 45 feet) are less significant in their contribu-
3 tion to the dominating wave pattern, and the observer will probably
3 pay little attention to them in a high sea. Naturally, these waves
are always present in the complex sea as long as the sea is under the
3 maintaining influence of the wind. Even smaller waves, which make
] up the continuation of the spectrum curve with increasing f values,
are present, including ripples. However, they are less significant for
wave forecasting. (In some instances even the short-period (or high-
! frequency) portion of the spectrum may be important, e. g., in the
3 study of optical or acoustical properties of the sea surface.)

A At the other end, with low frequencies (or high periods), the curves
drop rapidly to small energy values or amplitudes. These extreme
long waves in the wind-generated wave pattern are relatively low and
therefore extremely flat. They are almost completely masked by
the dominating bands in the wave spectra around the energy maxima;
3 therefore, they are also without significance in the complex wave T
3 motion of the wind-generated sca. However, these long-period
; waves may be much more important in the decay arca as flat swell
1 or as surf running against the shores in shallow water.

r For wave forecasting in the generating area, it is sufficient to con-
‘ sider only the significant part of the wave spectrum. For this purpose,
i the spectrum can be cut off at high and low frequencies for values
below a certain minimum amount of spectral wave energy. This
procedure will be explained in another section. The basic curves
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used for wave forecasting ip: this manual will not be given as graphs
of the spectrum like those in figure 2.2 but will be presented in a
slightly different form. This has been done for practical ressons
which will be explained when the co-cumulative spectrum is defined.

Co-Cumulative Spectra (C. C. S.)

Derivation

The number E which has been defined in Chapter I as the quantity
used to forecast the needed information about wave heights, can be
derived from the. spectrum by the procedure of integration. The
number E represents the sum of the squares of the amplitudes of the
individual component wave trains which make up the actual wave
motion as it is observed.

At the top of figure 2.3 the spectrum for a fully arisen sea at a given
wind velocity is plotted against frequency, f, like the curves in figure
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Figure 2.3 Wave spectrum and co-cumulative spectrum (C. C. 8.)
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3 2.2. The summation of the squares of the amplitudes of individual
g wave components [A(f))* is begun at very low periods and the process
is continued up to a certain frequency, f,. Then the sum.equals the
area under the spectrum limited by the ordinate at the frequency,
f., and the abscissa. This area is indicated in figure 2.3 by hatching.
The numerical value, E,, of this sum is plotted against frequency, f,,
in the lower graph of figure 2.3 at point a.

Continue further by summing to the frequency, f,, which in figure
2.3 coincides with the frequency of the maximum band. The value,
E,, of the sum is given by the area under the spectrum between the
ordinate at f,, the abscissa, and f= . It has been plotted as point
b on the lower graph. When the summation is extended to the fre-
quency, f., nearly all the area under the spectrum between f=0 and
; f= o has been taken into account. The value E,, therefore, prac-'
: tically will not differ from the total sum of :the squares of the ampli- .
tudes, [A(f)]%, obtained by the integration between the limits f=0 and

; f=o.

Loy
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THE CURVE WHICH CONNECTS THE POINTS, a, b, and ¢
IN THE LOWER GRAPH IS CALLED THE CO-CUMULATIVE
SPECTRUM (ABBREVIATED C. C.S.). These C. C. 8. have been
computed for wind velocities between 10 knots and 56 knots, and they
are presented in figures 2.4a through 2.4f for use in this manual
E values are proportional to the total wave energy to the right of the
frequency shown.

The Properties of the Co-Cumulative Power Spectra

Evidently, the curves of the C. C. S. are closely related to the
spectrum. For instance, the frequency, fuax, of the band where most
of the spectral energy is concentrated is the frequency at which the
maximum slope of the C. C. S. curve (point b in figure 2.3) is found.

The ordinate values, E of the C. C. S. curves have the dimensions
ft.2 and permit one to determine the height characteristics of the
{ composite wave motion in the sea and, as will be shown later, the
: height characteristics of swell in the decay area. Rules for computing
the wave height data from a given E value are presented in tables
1.4, 1.5, and 1.6.

The procedure of “cutting out’” the significant part. of the wave
spectrum of the sea in the generating area has already been mentioned
(p. 36). This procedure can be appliecd much more easily to the
C. C. S. curves. Toward the low frequency end of the C. C. S. the
slopes of the curves level off rapidly, and the curves continue toward
the left side almost exactly as a horizontal line at a constant value
of E. This is the case in figure 2.3 beyond the point ¢ for frequencies
smaller than /.. In this stage (point ¢) the sea is almost fully arisen,
and the wave components with higher periods or lower frequencies
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than f. (approximately) contribute such a small amount of energy
to the total that they can be neglected.

In order to forecast and to describe the properties of fully-arisen
wind-generated sea, the horizontal or nearly horizontal parts of the
C. C. S. curves can be thought to be cut off. Physically, this means
that certain high- and low-period portions of the wave spectrum can
be filtered out without any significant change of the dominating wave
pattern.  As a rule, about 5% of the total £ value in the fully-devel-
oped state of wind-generated sea can be cut off at the upper part of
the C. C. S. curves, as shown in figure 2.3 by the horizonta}*dashed
line through point d on the C. C\. S. curve. By this procedure, the
periods of dominating waves are practically limited at. a certain upper
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FIiGURE 2.4h.

end of the spectra. However, this practice can be applied only in
the wind area where the long, flat waves with periods higher than
this limit are more or less masked by the sum of the other components.
In the decay area even this “cut off”” part can be significan{ if the
wave components with higher periods or lower frequencics are all
that are present.

Reason for the Co-Cumulative Spectra

The C. C. S. curves are used instead of the spectrum curves for
forecasting the waves it order to accomplish once and for all the task
of integrating the spectra. The area under a given spectrum from a
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particular frequency value to infinity is given by the value of the
C. C. S. curve at that frequency. It will also be possible, as will be
shown in Chapter III, to find quite easily the area under any portion
of the spectrum. This additional property is important in fore-
casting swell.

Description of the Wind-Generated Sea in the
Fully Developed State

Definition: of the Fully Developed State

THE SEA IS FULLY DEVELOPED AT A GIVEN WIND
SPEED, WHEN ALL POSSIBLE WAVE COMPONENTS IN

4294435 0-71 -8 41
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Ficure 2.4d.

THE SPECTRUM BETWEEN f{=0 and- f=» ARE PRESENT
WITH THEIR MAXIMUM AMOUNT OF SPECTRAL ENERGY.

o
T

The spectrum in this case looks like the upper curve in figure 2.3,

and the C. C. S. looks like the lower: curve in the seme figure. Theo-
retically, this stage will be reached exactly at an infinitely long dura-
tion of wind action over an infinitely long fetch. But practically,
and with a good mathematical approximation, the fully developed
state is attained at a certain finife duration, and over a certain finite
fetch, which can be called the “minimum duration,” ty, and the “min?-
mum fetch,” Fa, nceded for the generation of the “fully-arisen sca.”
The reason this “fully arisen sea” is defined is that the amount of
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energy added to the spectrum beyond a certain limit in-order to
“build up” the mathematically fully developed spectrum is so small
that it can be negleeted. The minimum duration and the minimum
fetch needed for reaching the stage of the “fully arisen sea” depend
upon the wind velocicy. Tlieir values are shown in table 2.2. It is
scen that duration and minimum fetch increase rapidly with increasing
wind velocity.

Storm seas at wind velocities of 50 knotis and more reach the fully-
arisen state only in rare cases. Table 2:2 shows that even in cases
where the fetch is long enough the needed duration of continuous
wind action is far too long in most practical examples. However,
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at low and moderate wind velocities in the open-ocean, the fetch and
duration in many practical cases will be long enough to provide condi-
tions for the generation of a fully developed sea.
In some instances, however, it may happen that even with extreme
wind velocities of 50 knots and more the fully arisen state will be
approached. This may occur over long fetches, in the Antarctic, for :
example; when one heavy storm follows another, and the waves do >

not die down too much during the less stormy intervals. With each
new storm the swell remaining from the previous storm is built up
again. By this process very long and high waves may be generated
which almost reach the fully arisen state at the given maximum wind
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Table 2.2—Minimum Fetch and Minimum ‘Duration Needed
t‘? IGg:geratg a Fully Developed Sea for Various Wind
elocities

V knots 10 12 14 16 18 20 22 24 26 28
FaNMo oo, 10 18 28 40 55 75 100 130 180 230
fo AP oo 24 38 52 66 83 10 12 14 17 20

V knots 30 32 34 36 38 40 42 44 46
FaNMoooooo.. 280 340 420 500 .600 710 830 960 1100
fon Mmoo 23 27 30 34 38 42 47 52 57

V knots 48 50 52 54 56
Fu NMoo oo 1250 1420 1610 1800 2100
fon BT 63 69 75 81 88

speed. Such a region, known for its extreme storm sea conditions in
winter is Cape Horn in the Southern Hemisphere.

E Values and Potential Energy for a Fully Arisen Sea

The number, E, used in this manual to forecast wave height char-
acteristics of the sea, is a value that has to be determined from the
C. C. S. curves in figures 2.4¢ through 2.4f for given wind velocities.
In the fully arisen state of the sca it is the largest value of the C. C. S.
curves at the E(f) scale, that is, where the C. C. S. curves for a given
wind speed approach the ordinate horizontally. As explained in the
derivation of the C. C. S., this E value is proportional to the total
amount of energy accumulated in the composite wave motion.

If for some reason it is necessary to determine the total wave
energy accumulated in fully arisen sea at a given wind speed, the E
values with-the dimensions (ft.)? have to be converted into the “po-
tential energy of the wave motion” per unit sea surface area. The
total wave energy (potential+-kinetic) is approximately twice this
value. Table 2.3 shows the potential wave energy of fully arisen sea
at different wind velocities. To get the total wave energy, double the
values in table 2.3. This table shows that the total wave energy per
unit sea surface arca (U) increases with the fifth power of the wind
velocity (Uect).

Wave Heights in a Fully-Arisen Sea

The wave height characteristics of a fully arisen sea as derived from
figures 2.4a to 2.4f by means of the number, £, and the values given
in table 1.5 (p. 11) ere shown in table 2.4.  The value of Efor the fully
developed sea is given by equation (2.5) where v is in knots.

E£=0.242(2/10)* (2.5)
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Table 2.3—Average Potential Wave Energy, U, in Ergs/cm’
of the Fully Arisen Sea at Different Wind Speeds (v in
Knots)

v (knots) 10 12 14 16 18 20 22 24

U (ergs/fem.®) oo oooceaooan 0.55 1.4 3.0 6.0 10.4 17.6 28.3 43.7 x 103
v (knots) 2 28 30 32 34 36 38 40

U (ergs/em.d) coeeeeemmmnn 6.5 9.5 13.4 184 25.0 33.2 43.5 56.3 x 108
v (knots) 42 44 46 48 50 52 54 56

U (ergs/em.?) cececceecnnn 7.2 9.1 1.2 14.0 17.2 20.9 25.2 30.3 x 10°

Table 2.4—Wave Height Characteristics of the Fully Arisen
Sea at Different Wind Speeds

Wind Vel.

(knots) 10 12 14 16 18 20 22 24
E (ft).oooa-. 0.24 0.60 1.30 2.54 4.6 7.7 12.5 19.3
Av. Ht. (ft.)-. .87 1.37 202 282 3.8 4.9 6.3 7.8
Sig. Ht. (ft.).. 1.3 2.20 3.23 4.51 6.1 7.9 10.0 12. 4
1/10 highest

[(579 TR .77 279 411 5.73 7.7 10.0 12.7 15. 8
Wind Vel. /

(knots) 26 28 30 32 34 36 38 40
E ({ftd)eonaa.. 28.8 41.6 58.8 812 110.0 146.3 191.7 247.8
Av. Ht. (ft.) .. 9.5 11.4 13.6 159 186 21.4 24.5 27.9
Sig. Ht. (ft.).. 152 183 21.7 255 29.7 34.2 39.2 44. 5
1/10 highest

ft)eeeues = 19.3 232 27.6 324 37.7 43.5 49, 8 56.7
Wind Vel.

(knots) 42 44 46 48 50 52 54 56
E (ft.3)....... 316.3 399.1 498.4 616.6 756.3 920.1 1111.2 1332. 8

Av. Ht. (ft.).. 3.5 354 305 440 487 53.7 59.0 64. 6
Sig. Ht. (ft.).. 50.3 56.5 63.2 70.3 77.8 858 943 103.3
1/10 highest

({179 T 640 7.9 80.4 89.4 99.0 109.2 1200 1314

The Range of ‘‘Periods’’ in a Fully Arisen Sea

"The range of “periods” in a fully arisen sea has to be determined by
the range of significant waves, as indicated in figure 2.3.  Within this
range of frequencies or periods, component waves of the spectrum are
to be found with a significant amount of spectral energy. ‘That is,
at lower frequencies the waves with an /7 value less than about 5 per-
cent of the total £ value and at larger frequencies the waves with an I¢
value less than about 3 percent of the total £ value ¢an be thought to
be filtered out. Of course, these very long and very short waves are
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always present in the fully arisen sea, but they do not contribute
significantly to the observed dominating wave pattern. (See page 35
on the important spectral components for a given wind velocity in the
discussion of .the spectrum of a fully arisen sea.)

Table 2.5 shows the range of significant “periods” by tabulating
the period such that for the indicated wind the fraction of £ con-
tributed by periods greater than T’y is 5 percent and the fraction of £
contributed by periods less than Ty is 3 percent. For a fully arisen
sed, “‘periods” outside of this range are rarely observed, if ever. Note
that 1.515 times T’y gives a group velocity in knots that is less than the
wind velocity. This important point will be discussed in Chapter II1.
Table 2.5—Significant Range of Periods in the Fully Arisen

Sea at Different Wind Speeds (v). (7T.=Lower Limit,

Ty = Upper Limit of Significant Periods)

v(knots) 10 12 14 16 18 20 22 24 26 28
Ti(sec.) .0 10 1.6 20 2.5 34 3.7 40 4.5
Tu(sec.) 6.0 7.0 7.8 88 10.0 11.1 12’2 135 145 15.5
v(knots) 30 32 34 36 38 40 42 44 46
TL(SCC) cmvvcmmmamnn 47 50 55 58 62 65 7.0 7.0 7.0
Tu(8€C.) eemccnaanann 16.7 17.5 185 19.7 20.8 21.7 23.0 24.0 25.0
v(knots) 48 36 52 54 56
X YT 30 T 75 80 80 85
7'11(8(!0.) ................... cal ewammw

{9
20,0 27.0 2835 20.5 31.0
“Periods”’

The “periods’’ observed at a fixed position at the sea surface, viz.;
the time intervals between succeeding crests, are very important wave
eharacteristics for practical purposes. The range of these “periods”
is practically the same as the range of significant. periods. ‘The average
of the time intervals between succeeding crests, ?, can be determined
mathematically from the spectrum. For a given wind velocity, ¢, this
average “period” can be forecast by the use of equation (2.6).

=

T'=0.2850 2.6)
where v is given in knots. This formula applies only for a fully
arisen sea.

Although the average “period” at a fixed position certainly is of
value in practical wave forecasting, it might be of more interest to
know in what manner the time intervals between succeeding wave
crests seatter around this average value. Some information can be

given by earefully made visual observations of the “periods” which
are given below:,
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Empirical Distribution Function of the *“Periods”’

A set of curves is shown in figures 2.5a, 2.5b, and 2.5c. The
abscissa of each curve gives the “periods” (time intervals) as they will
be observed at a fixed point of the sea surface between- dominating
wave crests. The ordinate gives the relative chance of occurrence of
different values of the significant “periods.” Thus, the most frequent
“period” or time interval between succeeding wave crests is given by the
mazimum point of the curves, and by comparison with the ordinate
of this point, an estimate can be made of how frequently the other
“periods” will occur at this place.

These curves are empirical results, obtaiiied by smoothing the
histograms of many “period” observations. They apply to the fully
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developed sea at a given wind speed. The comparison of these curves

with: theory shows that the range of observed “periods” along the
abscissa of the curves in figures 2.5a, 2.5b, and 2.5¢ coincides to a high
degree of.accuracy with the range of significant periods in the C. C. S,
curves for the given wind velocity in the fully arisen sea (table 2.5).
The most frequent time interval between succeeding crests of dom-
nating “waves” at a fixed point is approximately the same as the
average periodiT according to equation (2.6).
Average ‘‘Perigd’’ and Average ‘“Wave Length’’ in a Fully ‘Arisen Sea
The average “period” as given in equation (2.6) can be used to
determine the ;average ‘“wave length’” in a fully arisen sea. For a
fully arisen ses;, the average “wave length” is given by equation (2.7).

~

T=341 ?2% 6.12T? @)

The distribution of “wave lengths” is not known. It appears that
‘“‘wave lengths” are much more variable than ‘“periods” in a fully
arisen sea. There are a great many short waves which decrease the
value of (he average “wave length” to a value considerably less than
would be expected from the use of the average “period.” Table 2.6
gives the values for the average “period” and the average ‘“‘wave
length” for fully developed seas at various wind velocities. Methods

for observing “periods” and “wave lengths” will be given in Chapter
Iv. -

Table 2.6—The Average ‘‘Period’”’ and Average ‘‘Wave
Length’’ of Fully Arisen Seas at Different Wind Speeds

v(knots) 10 12 14 16 18 20 22 24

=
T (sec.). 2.8 3. 42 3.99 4,56 5.13 570 6. 27 6. 84
=
L (ft)... 27.7 39. 9 54. 3 70. 9 89.7 111 134, 160.

v(knots) 26 28 30 32 34 36 38 40
?‘ (sec.)_ 7.4l 7.98 8. 55 9.12 9.7 10.3 10. 8 11. 4
L (ft.)..-  187. 217, 249. 284. 321. 362. 398. 443.
v(knots) 42 44 16 48 50 52 54 56

'3‘ (sec.). 12.0 12.5 13.1 13.7 14.3 14. 8 16. 4 16. 0
~
L (ft.)... 491 533. 585, 640. 697. 747. 809. 873.

Forecast Example for a Fully Arisen Sea at a Given Wind
‘Speed

The application of the methods explained in the preceding sections
of this chapter in the case of fully arisen sea-is shown in example 2.1.
EXAMPLE 2.1.—WHAT ARE THE CHARACTERISTICS OF
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r,,. THE FULLY-DEVELOPED SEA FOR A WIND SPEED OF
% 30 KNOTS?

Method of solution:
1) Table 2.2 shows that at ¥=30 knots the sea approaches the

fully arisen state if the fetch is larger than 280 NM and if the
duration is longer than 23 hours.

T

EE" 2) Figure 2.4c or 2.4d shows at the ordinate for the C. C. S.
' curve of 30 knots that the maximum value is given by E=
b 58.5 (feet) 2; so VE=7.65 (feet). With the aid of table 1.5
r the following wave height dala are compuled:

Average height=13.5 feet

] Significant height=21.6 feet

. Average height of 1/10 highest waves=27.6 feet.

‘ The same values can be found-in table 2.4 for a wind speed of
30 knots where they are tabulated for a fully atisen sea at
! various wind velocities.

;;‘ 3) The optimum band of the wave spectrum where mest of ‘the
4

wave energy is concentrated can be found by equation (2.4).
It is around the frequency
fuax=0.0826 which corresponds to a
.‘ period, Tnax=12.1 seconds.
;- 4)- Take 5 percent of E and subtract it from E, that is
’ 58.5—2.9=55.6
E (f)=55.6 (feet) *.

With this value go from the ordinate horizentally to the
C. C. S. curve for-30 knots. Read off the irequency, f=1/T,
or the period T, of the interseciion at the abscissa:

f=0.06, T=16.7 seconds.
Take 3 percent of E, that is E (f)=1.76.
With this value go from the ordinate horizontally to the 30-
knot C. C. S. curve. Read off the frequency, or period of the
intersection at the abscissa: f==0.225, T=4.5 seconds. (If all
the curve is not shown on the diagram, extrapolate the value.
This will be sufficiently accurate for practical purposes.) The

range of significant “periods’” is from 4.5 seconds to 16.7
seconds.

T

L oan /el

5) The average “period” is determined by equation (2.6). T
8.55 seconds.

6) The most frequent “period”’ can be found by means of figure
2.5b. Interpolation between the curves for 29 and 31 knots
shows that the maximum point of the curve is at a “period”
half way between 7.8 seconds and 8.3 seconds, so that the
most frequent “period” is about 8 seconds.
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7) The range of “periods” as the waves pass a fixed position is,
according to the graphs in figure 2.5b, between 4 and 17 sec-
onds. This is the same as the range of significant periods
given by the C. C. S. curves as tabulated in table 2.5.

8) From the same graphs in figure 2.5b it is seen that waves with
time intervals of 10 seconds between succeeding crests will
pass this position only-about half as often as waves with the
most frequent “period” of about 8 seconds. Similarly, wave
crests with a “‘period” of about 6.5 seconds will pass half as
often as waves with an 8-second “period.” “Periods” of 14
seconds are relatively few. On the average they occur about
one-fifth as often as the most frequent “periods.”

9) The average “wave length” from table 2.6 is 250 feet.
Summary of Example 2.1 (Extracting Most Important Part
of the Data Given Above)

Fully Arisen Sea With a Wind Velocity of 30 Knots:

Average Wave Height_ ... . _.____.___. 13.6 feet.
Significant Wave Height_. _ . ______._________ 21.6 feet.
Average Height of the 1/10 Highest Waves... 27.6 feet.
Range of Dominating “Periods”_________.___ 4 to 17 seconds.

Average “Period” and Approximately Most 8 seconds.
Frequent “Period.”

Period of Energy Maximum in Wave Spec- 11.8 seconds.
trum.

Average “Wave Length”____________.______ 250 feet.

The Nonfully Developed State of the Sea

In cases where the fetch is not long enough, or the duration of wind
action is too short to raise the composite wave motion to the point
of a fully developed sea, allowances must be made for such limitations
in describing the ‘““sea” in the generating area.

If the rate of energy transfer from wind to waves and the rate of
energy dissipation in every phase of wave development are known, it is
possible to establish differential equations from which relationships
among waves, wind speed, and fetch and duration are obtained as
solutions. As mentioned in the introduction to this chapter, two
principal cases have been considered.

Case A: Wave Characteristics Limited by the Wind Duration

A constant wind with mean velocity ¢ (knots) blows over an
unlimited stretch of water (fetch: nautical miles, N. M.). The energy
added to the wave motion is the same everywhere so that the waves
grow at all localitics at the same rate with time, ¢ (duration, hours).
The stage of development of the sea depends only upon the duration of
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wind action and is given by the DURATION GRAPHS in figures 2.4a,
2.4¢, and 2.4e.

Case B: Wave Characteristics Limited by the Length of the Fetch

If the duration, ¢, of the wind action is found to be long enough to pro-
duce a steady state, but the fetch, z, is limited, the state of the.sea
depends only upon the stretch of water over which the wind has blown.
This case is given by the FETCH GRAPHS in figures 2.4b, 2.4d, and
2.4f.

The Reason for the Fetch and Duration Lines

Both the duration and fetch graphs show the C. C. S. curves for
different wind velocities between 10 and 56 knots. The duration
graphs show a set of lines of equal duration in hours. The fetch graphs
show lifiés of equal fetch length in nautical miles (N. M.). The inter-
section points of the'C. C. S. curves with the duration or fetch lines
show the limit of thé development of the composite wave. motion at
the given duration or fetch. Physically, this means that the state of
development is limited by a certain maximum amount of total.energy
which the wave motion can absorb from the wind under the given
considerations. Ac. un approximation, only the frequencies to the
right of the point determined from the curve are present. The E value
of the ordinate of this intersection point is a practical measure of the
total energy accumulated in the wave motion of this nonfully
developed state, as it was in the case for the fully arisen sea where the
mazimum E value of & given C. C. S. curve describes the waves.

Average “‘Period’” and Average ‘‘Wave Length’ for the Nonfully
Arisen Sea

The spectruin of the nonfully arisen sea can be obtained from the

spectrum of the fully arisen sea by discarding that part of the curve

below a certain frequency. For example, in figure 2.3 the shaded por-
tion stands for that part of the spectrum which would be present after
a certain limited duration over a very long fetch (or at the end of a
limited fetch after a long time). For a nonfully developed sea, the
C. C. S. levels off with a constant value at a certain frequency. Thus
the fetch and duration graphs also show the C. C. S. curves for all
possible states of the sea. Actually the spectrum is cut off sharply
but not, vertically as deduced from the graphs. The approximation
is sufficiently valid. but a better: approximation is given below,
where an additional small correction for the lower limit of significant
frequencies is introduced.

The intersection of a fetch or duration line with the C. C. S. curve
for a given wind velocity determines a frequency, f, such that, as an
approximation, no frequencies less than f, are present in the waves.
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For example, the intersection of the 38-knot C. C. S., with the 400-

NM fetch line shows that no frequencies less than 0.07 are present.
The average “period” for & nonfully developed sea depends on the

wind velocity and f;. First, compute the ratio of the crest speed of

the lowest frequency present to the wind speed,:that is 3.03/(f,v), and

read off the value of the term F(3.03/(f,v)) as given in table 2.7.
The average “period” is then given by equation (2.8)

T—0.2850-F(3.03/(f:2)). 2.8)

More quickly, if 3:03/(f,v) is less than 0.5, the average “period” is
given approximately by equation (2.9):

T=0.77T. (2.9)

Table 2.7—Values of F(3.03/(,v))

3.03/(fiv) F@.03/(fiv)) 3.03/(fiv) F(3.03/(fiv))
0.1 0.089 0.8 0.670
0.2 0.179 0.9 0.720
0.3 0.268 1.0 0.780
0.4 0.350 1.2 0.870
0.5 0.430 1.4 0.930
0.6 0.510 1.6 0.970
0.7 0.588 2.0 1.000

For a nonfully developed sea, the average “wave length” is given
approximately by equation (2.10) if the value of 3.03/(fv) is less than
0.5. If the value of 3.03/(fwv) is greater than 0.5 and less than 1.4,

then L cannot be found easily.
L=2.56 Ty (2.10)

If 3.03/(fv) is greater than 1.4, then rf is given approximately by the
value of L for the fully developed sea.

A Correction To Be Used Inside the Generating Area

The wave spectrum does not/stop sharply at a particular frequency
for the nonfully developed sea. Some energy is present at fre-
quencies less than f;, although.it is quite.small. The lower limit of
important frequencies can bz found by subtracting a small correction,
Df, as given by equation (2.11), from the value of f, as determined
from the fetch and duration graphs. However, this correction should
be applied only in the case where the value f, of the intersection is
larger than or equal to the frequency fme in the spectrum of the
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fully developed sea at the given wind speed. The value of Jfmax for
(different wind speéds is tabulated in table 2.1 or can easily be com-
puted by equation (2.4).2

The new frequency, f,, is then found from equation (2.12).

Df=0.15 1, 2.11)
Jfo=f1—Df=0.85 f, (2.12)

Note that f, is less than f,. ‘Therefore, T, is greater than T,
“Periods” corresponding to 1/f, will be observed occasionally in the
nonfully developed sea.

More Complicated Cases in Which Both Fetch and Duration -are
Limited

Under actual conditions, often both fetch and duration are limited,
and the £ value for any given situation in most cases will be different
for the fetch and the duration. In such cases the smaller of the
two- £ valués must be taken. The reason for this will be explained
in example 2.5.

When developing the theory of the growth of complex wave motion,
the wind in the generating area has been assumed to be constant in
time and space. In practice this will be true-only approximately in
some cases. In most cases the genereting winds will be more com-
plicated, and the determination of “‘fetch” and “‘duration” in the
generating area is probably the most subjective factor in the process
of wave forecasting. It is difficult to set up firm rules for determining
these important parameters of wave forecasting, but in Chapters V
and VIII some practical rules are given from first-hand experience.
A wave forecaster can become proficient only by observing the sca
and making tests of his forecasts at sea as often as possible.

Some Examples on the Use of the Fetch and Duration Graphs

In order to explain the use of the fetch and duration graphs in the
case of a nonfully developed sea at given wind velocities, it is best.
to start with some simple examples.

Ezample 2.2.—FOLLOWING A PERIOD OF VERY WEAK
SHIFTING WINDS OR NO WIND AT THE TIME, (=0, THE
WIND FRESHENED TO 20 KNO'TS WITHIN A RELATIVELY
SHORT TIME. IT BLEW OVER A FETCH OF A'T' LEAST 200
NM WITH AN AVERAGE WIND VELOCITY OF 20 KNOTS.
FORECAST AND DESCRIBE THE WAVES AT THE END OF

? Actually, a small correction should be applied in cases where fi is smaller than feas, but this correction
becomes smaller and smaller as the wave pattern approachies the fully arisen sea, and therefore it can be
neglected for most practical purposes. Thlis is the reason why, in this mnanua}, a suggestion is made to apply
the correction Df only in cases where £ Is larger than fues.
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THIS FETCH AFTER 4, 6, 8, and 12 HOURS OF WIND ACTION.
(This example describes conditions in a region of fresh trade winds.)

Method of Solution

It is seen from table 2.2 that a fetch of 200 NM is more than suffi-
cient for the developniént of fully arisen sea at v¥=20 knots. Thus,
only the duration graph, figure 2.4¢c, comes into consideration (Case
A). Furthermore, it is"seen from table 2.2 that after a continuous
duration of wind action of 10 hours the sea is fully arisen.

The forecast is made according to the scheme in table 2.8. The
single steps are explained in the following text.

The first step is to read off the E values and -frequencies of the
intersection points between the 20-knot C. C. S. curve and the given
duration lines from the graph in figure 2.4c. These values are listed
in table 2.8 as “E value’’ and “Frequency (period) of intersection.”
The period can be computed more accurately from the frequency, f,,
in using the formula, T\=1/f,, than it can be read off the T scale.
The periods are given in parentheses.

The next step is to take 3 percent-of the E value at given durations
as shown in the table. [Use these values to determine the lower limit
of significant periods, 7, from fi. This is done by taking 3 percent
of E as the ordinatesdnd reading ofl the frequency, fy, of the inter-
sections with the 20-knot C. C. S. curve. At 4, 6, and 8 hours these
intersections are beyond the renge of frequencies on the absciesa at
rather small periods corresponding to an f-value of more than 0.35.
In this range the period. scale is more and more exaggerated with
increasing frequencies, and the small values of the periods can be
estimated accurately enough for the purposes of“this sauhual. At 8
hours the lower limit, Ty, is found with f, approximaiély 0.35, or T,=
2.85 seconds. At 12 hours f,=0.319, or T,=3.1 seconds.

The lower limit of important frequencies, f,, is determined by the
“Frequencies of intersection,” f), as given in the second row of the
table, minus the additional small correction, Df for f, larger than or
equal to fua, @s given in equations (2.11) and (2.12). Thus, with a
duration of 4 hours it follows that

f:=0.85 (0.216)=0.183

for the frequency of the upper limit of the significant “period” range
asgiven by equations (2.11) and (2.12). The period 7,=1/0.183=5.5

&seconas. Similarly with a duration of 6 hours it follows that

J:=0.85 (0.165)=0.140
or Ty=7.1 seconds, and so on. The f. and f, values, or 7}, and T,
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valies, respectively, are listed in the table. The average “period” is
<£omputed from equation (2.8). It is 4.3 seconds.

For the fully arisen sea, the upper and lower limits of the range of
significant frequencies, or periods, are shown in table 2.5 for different
wind velocities. This table has been given for practical use in order
to avoid repeated computations for cases of a fully arisen sga. For
wind velocities between the given values, interpolation will be
sufficient.

For a wind. velocity of 20 knots, table 2.5 gives the range of sig-

nificant frequencies and periods in a fully arisen sea. The range
is from

1.=3.0 seconds, f.=0.333
to T,=11.1 seconds, f,=0.09

These values are shown in table 2.8 of example 2.2 in the correspond-
ing row at 12 hours of duration. The average ‘“‘period” is 5.7
seconds. The average “wave length” is 111 feet.

The height characteristics of the sea at the given durations are com-
puted according to the rules given in Chapter 1. In the table for
this example the square roots of the E values have been entered
first. Below this value the computed height characteristics are given

as “average height,” “significant height,” and ‘“‘average height of the
1/10 highest waves.”

From Table 2.8 the Summarized Forecast, for Example, at a
Duration of 6 Hours Would be as Follows:

Answer to Example 2.2—THE SEA HAS AN AVERAGE
HEIGHT OF 3 FEET AND A SIGNIFICANT HEIGHT OF 5
FEET. (THE COMPUTED VALUES, 3.1 FEET AND 4.9 FEET,
RESPECTIVELY, SHOULD BE ROUNDED OFF IN A REASON-
ABLE WAY.) THE AVERAGE HEIGHT OF THE 1/10
IIIGHEST WAVES WILL BE ABOUT 6 FEET, AND WAVES
WITH HEIGHTS OF 6 TO 7 FEET MAY APPEAR OCCASION-
ALLY. THE RANGE OF “PERIODS” WILL BE FROM ABOUT
2 TO 7 SECONDS. IT MAY HAPPEN THAT A TIME IN-
TERVAL BETWEEN SUCCEEDING CRESTS IS A LITTLE
LARGER THAN 7 SECONDS, BUT THE SIGNIFICANT
WAVE PATTERN WILL BE DESCRIBED BY THE 2- TO
7-SECOND INTERVALS.

With 12 hours of duration a similar description of the sea can be
given. The most important wave characteristics are:

The significant height (1/3 highest): 8 feet,
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Range of “Periods” (time intervals between succeeding crests):
3 seconds to 11 seconds.

For forecasting and describing the fully arisen sea, the forecaster
is referred to the description of the fully arisen sea given at the start
of this chapter in the appropriate tables, figures, and equations.
Additional information for the case of a fully developed sea can be
given by use of the graphs of the frequency distribution of time
intervals between succeeding crests at a fixed position as explained
on page 48. In this example refer to figure 2.5a for a wind speed of
20 knots. In all these examples, the computations have been carried
out even for the fully developed state. If the forecaster is sure that
the sea is fully developed, he can use the tables and figures and
omit the computations.

Waves Limited by the Fetch

Example 2.3.—THERE ARE NAVAL OPERATIONS OFF-
SHORE AT A DISTANCE OF 100 NM TO 300 NM. THE
WIND HAS BLOWN FROM THE LAND TO THE SEA WITH
A VELOCITY OF 30 KNOTS FOR ABOUT 24 HOURS. FORE-
CAST AND DESCRIBE THE SEA PATTERN AT A DISTANCE
OF 100 NM, 200 NM, AND 300 NM OFF THE SHORE.

Method of Solution
Table 2.2 shows that with a duration eof 24 hours a wind of 30

knots will generate a fully arisen sea, if the fetch is larger than 280
NM. Thus, for the forecast, the fetch graph (fig. 2.4d) has to be

‘used (Case B). The forecast is made up as in table 2.9.

The single steps in forecasting the sea (table 2.9) are the same as
in example 2.2, with the only difference that the fetch graph, figure
2.4d, is used. The values of E are read from.the intersection points
of the C. C. S. with the 100'and 200 NM lines. A fetch of 300 NM
gives the fully arisen sea (minimum fetch 280 NM, according to
table 2.2).

In order to determine f;, and f,, or Ty, and T\, respectively, for the
nonfully developed state, again use 3 percent of E, and equations
(2.11) and (2.12) as in the preceding example. For the forecast at
300 NM (which is larger than the “minimum fetch”) apply table 2.5.

The height characteristics have been computed from the E velues,
by multiplying yE by the factors given in table 1.5. Again, the
height characteristics for a fully arisen sea can be taken from table
24.

The average “period” for different fetches, T, at each fixed position
is found from equation (2.8). Information about the frequency of

i9
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Table 2.9—Wave Characteristics for Limited Fetches at a

Wind Speed of 30 Knots
Fetch (NM) 100 NM 200 NM 300 NM
Evalue...oonoememen. 145 oo 38.8. . ...... 58.5.

Frequency (period) of in- 0.125 (8.0)-._ 0.085 (11.8)._ fully arisen sea

tersection, f; (T[) fmu= 0.0826
Tma:=12.1 seconds

3% of E_oeeeeael 0.435_ .. _.__ L16. ... .... 1.76.
Jrand T 0.28; 3.6 0.24;4.2..__. 0.21; 4.7.
Joand Ty oo _.. 0.106; 9.4._.. 0.072;13.9._. 0.06; 16.7.
?’7 S€Cicn o mmmcmmmmmmnme 5.8 % T 8.6

£/ (T ~eaeenen ~eememnn 253

VE e e 381 6.23....... 7.65
Average ht...____.__.__ 6.7 feet___. 11.0 feet..... 13.5 feet,
Sig. hte e e ceceacaeea 10.8 feet..... 17.6 feet..__. 21.6 feet.
Av. ht. 1/10 highest._... 13.7 feet..... 22.4 feet..... 27.5 feet.

time intervals at a fixed position in the fully developed sea at a wind
speed of 30 knots can be given by the use of figure 2.5b.

ANSWER TO EXAMPLE 2.3.—-ONE HUNDRED NM FROM
THE COAST, THE WAVES WILL HAVE A SIGNIFICANT
HEIGHT OF 11 FEET AND A “PERIOD” RANGE FROM 3.6
TO 9.4 SECONDS. THE AVERAGE “PERIOD” WILL BE 5.6
SECONDS.

TWO HUNDRED NM FROM THE COAST, THE WAVES
WILL HAVE A SIGNIFICANT HEIGHT OF 18 FEET AND A
“PERIOD” RANGE FROM 4.2 TO 13.9 SECONDS. THE AVER-
AGE “PERIOD” WILL BE 7.4 SECONDS.

THREE HUNDRED NM FROM THE COAST, THE WAVES
WILLBE FULLY DEVELOPED AS DESCRIBED IN PREVIOUS
SECTIONS OF THIS CHAPTER. (Secc the appropriate tables and
graphs for a fully arisen sea.)

EXAMPLE 2.4—A PLANE DITCHED 200 NM FROM SHORE.
THE WIND VELOCITY WAS 40 KNOTS AND THE WIND
DIRECTION WAS AT AN ANGLE OF 45° FROM LAND TO
SEA. THE VELOCITY OF THE WIND HAD BEEN 40 KNOTS
FOR 24 HOURS, AND ON THE DAY BEFORE THE WIND
HAD INCREASED STEADILY FROM 30 KNOTS TO 40 KNOTS.
FIGURE 2.6 ILLUSTRATES THE SITUATION. THE AER-
OLOGIST ABOARD A CARRIER 500 NM FROM THE COAST
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Fiaure 2.6 Forecast conditions for an offshore wind.,

HAS TO FORECAST THE SEA CONDITIONS AT THE POINT
WHERE THE PLANE DITCHED AS SHOWN IN FIGURE 2.6
IN ORDER TO DECIDE WHETHER A SEAPLANE FROM
THE LAND BASE SHOULD RESCUE THE PILOT OR
WHETHER A SLOWER SHIP SHOULD BE SENT.

Method of Forecast.—The effective fetch for the landing place of the
plane is
_ 200 200 Ay,
NS 450707 "

7,=280 NM approximately.

Here is an example of more complicated duration conditions. The
wind of 30 knots, two days ago, raised a fully developed sea with an
E value (for =30 knots) of 58.5 ft.2 To find approximately the
increase of wave development while the wind {reshened steadily to
40 knots during the 24-hour interval, take E=58.5 ft.? on the C. C. S.
curve of 35 knots (35 knots is considered an average wind velocity
during the period of increasing wind). The values for 35 knots
should be interpolated between 34 and 36 knots.

The value £=58.5 on the interpolated 35-knot curve in the dura-
tion graph, figure 2.4¢, indicates an “equivalent” duration of about
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22 hours. Add 22 hours and' 24 hours and follow the interpolated
35-knot C. C. S. curve with increasing duration up to 46 hours. It is
found that this time is more than sufficient to raise a fully developed
sea with 35 knots (duration graph, figure 2.4¢). Thus, during this
‘increase of wind, the sea continued to grow. As the wind-increased
in velocity, the sea .attained the fully developed state (almost) at
each time during this 24-hour interval. Further, it is seen that with
the value of E=58.5, even on the 40-knot C. C. S. curve given in
figure 2.4e, corresponding to an “equivalent duration” of 18 hours,
the sum 18424 hours=42 hours on the 40-knot curve gives nearly
the fully arisen sea. Thus, since the 40-knot wind blew after the
period of increase for another 24-hour interval with the same speed,
it is certain that this duration is enough to produce steady conditions,
and that only the fetch graph for forecasting the sea at the end of the
fetch of 280'NM has to be used.

For 40 kiiots and 280 NM, the graph in figure 2.4f gives the following
values.

E=75 (ft.)*
£1=0.089
ANSWER TO EXAMPLE 24.
Forecast of Wave Conditions at Point Where Plane Ditched

Average heighto ... ... 15.3 feet
Significant height._ .. ... ... ... 24.5 feet
Average ht. of 1/10 highest._ .. _..__..._.. 31.1 feet
“Period” range. e cveocccncccecacann 5 seconds to 13 seconds

Obviously the Seaplane Can Never Land at the Proposed Landing
Place. The Ship Will Have To Be Sent.

The wave forecaster on the carrier should make a forecast at the same
time for his own position. Not only does he gain a lot of experience
by this practice, but also will he be able, in case of discrepancies, to
correct his forecast for the landing place of the plane. In case of
discrepancies, the theory is not necessarily at fault. With compli-
cated fetch and duration conditions it may be that the parameters
employed, fetch and/or duration, are improperly determined. Such
sources of error can be corrected by observing the sea and making
tests as often as possible.

In the case of example 2.4, the effective fetch for the carrier is

500
Iy=

Sein 45°=710 NM.
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With a wind velocity of 40 knots, a distance of 710 NM is just the
minimum fetch necessary to raise a fully developed sea according to
table 2.2. The sea at the position of the carrier will be practically
fully arisen. The forecaster simply has to use table 2.4 for the
height characteristics:

Average height. . _._____. 28 feet
Significant height._ ... .. __._____.___ 45 feet
Average ht. of 1/10 highest ___________.____. 58 feet

(Round off the values in table 2.4 in a rcasonable way.)
The state of the sea at the carrier can then be found from the results
of this chapter which apply to a fully developed sea.
Thus the plane 200 NM off the shore will not find conditions which
make a landing possible, and the sea conditions 500 NM offshore at

:the position of the carrier are very rough indeed. It'wculd be neces-

sary to send a ship to rescue the pilot.

Example 2.5.—FIND THE WAVE CONDITIONS AT ALL
POINTS OVER A 1000-NM FETCH AFTER A WIND WITH A

VELOCITY OF 34 KNOTS HAS BLOWN FOR 6 HOURS. FIND

THE CONDITIONS AFTER 10 HOURS, AFTER 16 HOURS,
AFTER 24 HOURS, AND AFTER 30 HOURS. (THIS IS AN
EXAMPLE OF A GENERAL CASE OF LIMITED FETCH AND
DURATION.)

Method of Solution

On page 55 it was said that under conditions where both fetch
and duration are limited the smaller of the two E values, as found by
the fetch or duration graphs, respectively, has to be taken. This
statement will be explained in the following example.

The growth of the wave pattern at a wind velocity of 34 knots as
determined by the graphs and tables in this chapter-is illustrated in
figure 2.7. It shows the height and period characteristics of the
composite wave pattern as functions of the distance from the coast
(fetch in NM) for various wind duvations (hours). When the wind
has blown for 6 hours after a period of calm, one finds that with in-
creasing distance from the coast the waves increase rapidly out to a
distance of 50 NM. 'The significant height at this point is 7.5 feet,
the average wave height is 4.5 feet, and the height of the one-tenth

highest waves is 9.2 feet. The average “period,” "\7, is 4.6 seconds,

and T, is 7.4 seconds in the upper limit of significant periods.
Beyond 50 NM the wave pattern is the same at all distances, as indi-

cated in figure 2.7 by the horizontal lines for the given duration of

6 hours. If the wind continues to blow, the waves will grow only at

distances larger than 50 NM off the coast, and the wave pattern inside
50 NM will remain the same at any given point. That s, a steady
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Figure 2.7 Fetch-limited waves. Characteristics of the composite ‘ave pattern

at a wind velocity of 34 knots, shown as a function of the distance from, the it )

coastline (fetck) at different duratlons (h=hous}- a{t»er'w.m(tfs"tarted

stase has been réached at fetches- shorter than 50 N M and the state
of the sea is determined only by the distance (fetch) oﬁ‘ the coast.
After 16 hours a steady state has been established to a distance of’
150 NM. The characteristics of the wave pattern between the coast
and a point 150 NM off the coast are now given by the curves in
figure 2.7 from the zero point up to the point where the 16-hour line
branches off horizontally. Beyond the 150-NM fetch, the waves are

everywhere the same and their characteristics are given by the hori-
zontal lines labeled 16 hours.
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After 24 hours, the steady state has reached a distance of about
300 NM. At this point the wave characteristics according to the
curves in figure 2.7 are as follows:

Average ht. of 1/10 highest_ . ___________. 31.0 feet
Signifiz.ant height_ ... . ________ 24.3 feet
Average height____...______.._________.. 15.2 feet
Average ‘“‘period” T 8.3 seconds
Upper limit of significant “periods’” T,._.-- 15.3 seconds

The fully arisen state of the sea at a wind velocity of 34 knots is
practically attained when the fetch exceeds 420 NM, and the duration
is 30 hours from the time when the wind started to blow with a con-
stant speed over an undisturbed water surface. The wave character-
istics of fully arisen sea for a wind speed of 34 knots are also-shown
in tables 2.4, 2.5, and 2.6.

In cases where fetch and duration are limited the fetch graph has
to be used when the E value from the fetch graph is smaller than the
E value from the duration graph, and vice versa. This becomes
evident when considering conditions in example 2.5, figure 2.7.
Assume that a wind has blown with a constant speed for 16 hoturs,
and that a forecast has to.be made for a fetch of 100 NM. The
steady state has developed from the coast to a distance of 150 NM
offshore, as shown by the curves in figure 2.7. Thus, the limiting
factor is the fetch of 100 NM, which, of course, gives a lower E value
than the 16-hour duration line. (Compare figures 2.4¢ and 2.4d.)

Answer to Example 2.5.—THE WAVE CHARACTERISTICS
FOR ANY FETCH AT ANY DURATION ARE AS IN FIGURE
2.7.

Distorted C. C:'S. Curves

Advantages and Disadvantages of the C. C. S. Curves

The C. C. S. curves in figures 2.4a, b, ¢, d, ¢, and f are plotted on a
linear E-scale &nd a linear f-scale. In order to cover ranges of E
from 0 to 1200 on both fetch and duration graphs, it was necessary
to plot six different sets of curves for different ranges; and yet for
short fetches or durations at high winds, the E values cannot be read.
Thus Suppletnentary enlarged portions of the C. C. S. curves would
also have to be drawn up in order to present the complete range of
forecast situations.

Just as much space on the frequency scale is needed to cover periods
from, say, 30 seconds to 12 seconds as is needed to cover periods from
12 seconds to 7 seconds. In addition, if E is increased by a factor of
four, the significant height is increased only by a factor of two; hence,
the significant height scale on the right is very much condensed for
low heights. Also, only about one-third of the area of the diagram

65




iz i et

contains curves which can be actually used in forecasting, and thus

3 a lot of space is wasted.

f; The above considerations show & number of disadvantages in graph-
: ing the C. C. S. curves on linear E and frequency scales. There are a
4 number of advantages, however, and these advantages are.described

below.

: As will be described in Chapter III, swell forecasts require the com-
: putation of the difference between two E values on a C. C. S. curve
: as read off at two frequency values. Equal differences in E values

are of equal importance in forecasting swell. Also, frequencies enter
more easily in the theory of swell forecasting. Thus, the scales in
these figures are the natural ones for swell forecasts.

The Distorted C. C. S. Curves

The disadvantages of the C. C. S. curves can be eliminated by
plotting distorted C. C. S. curves. These distorted curves are ob-
tained from the C. C. S. curves by-plotting the E value on a non-
i linear scale and the frequencies over part of the range on a reciprocal
1 scale. New disadvantages are also introduced, but the advantages
outweigh the disadvantages.

Figure 2.8 compares the C. C. S. curve for 32 knots on the left with
the distorted C. C. S. curve on the right, which results from the use
of different scales. On the distorted curve, the significant height is
linear, and the E values for equal increments bunch at the top of the
scale. Over 3 times as much of the scale is used to go from zero to
ten in the distorted curve as is used in the regular curve, but only
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half as much distance is used to go from ninety to one hundred as is
used on the undistorted scale.

On the distorted scale in figure 2.8, frequencies from 0.04 to 0.10
are plotted linearly, but then periods from ten seconds to zero seconds
‘are plotted linearly in descending order. The result is that frequencies
from 0.10 to infinity all occur on the frequency scale, but the frequency
scale is not linear to the right of the dashed line at 0.10.

The distorted C. C. S. curve is found simply by reading the E values
for given frequencies on the regular curve and plotting these values
at the correct points in the distorted scale. The low E values are
thus magnified, and the curve is moved out more into the center of
the area of the graph paper.

When 2 family of distorted C. C. S. curves is plotted, the result is
that the full range can be covered in just four diagrams and that the
values for short fetches and low durations can be read off easily on
the curves.

The distorted C. C. S. curves are given in figures 2.9 a, b, ¢; and d.
They are also enclosed in the envelope of loose charts and tables which
accompanies this manual for use in day-to-day forecasting. Of course
the original C. C. S. curves can also be used in some cases just as
easily.

On these distorted C. C. S. curves, dashed. lines which show the
values of T and Tna. are shown. Note that the distorted C. C. S,
curves do not have a maximum slope at the value, Th.. However,
the E value increases most rapidly as a function of f, at this point.

Disadvantages of the Distorted C. C. S. Curves

The advantages of the distorted C. C. S. curves are many, as can
be seen by simply inepecting them. The disadvantages occur only
in swell forecasting. These disadvantages will be discussed in
Chapter III, and ways to avoid errors in their use will be given.
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Chapter III

WAVE PROPAGATION AND FORECASTING
SWELL WAVES—SIMPLE MODELS

Introduction

There would be no problem of the propagation of ocean waves if
the waves were to last forever. A simple harmonic progressive wave
never starts and never stops. Methods must be developed to take
care of the fact that waves build up under the action of wind with
time, propagate out of the generating area, and eventually, in some
particular generating area, die down and vanish. One of the inade-
quacies of past theories was that it was not possible to firecast when
the waves would cease. It will be found that the time when the wind
ceases in a generating area is just as important as the time when it
begins when one attemps to forecast how long the waves from a
given generating area will last. The dimensions of the storm are
also of extreme importance, as pointed out by Deleonibus (1955).

A Very Simple Forecast

The wind generates a sum of many sine waves in order to make a
“sea.” Or, more precisely, the wind generates pieces of sine waves
to produce the sea surface in the generating arca. ‘What happens to
pieces of simple harmonic progressive waves will-bé worked out first,
and then the results will be generalized to real wave conditions.

Consider a very special and idealized storm over the North Atlantic.
It begins and intensifies over the northwest corner of the North
Atlantic with the storm center about 600 NM off the North American
contineni. At a certain time, =0, real sinusoidal waves start to
leave the leeward edge of the storm along a line 600 NM long. They
last for 40 hours and then stop just as suddenly. The storm and the
coordinates consideted are shown in figure 3.1.

Now these waves are not what would be recorded as a function of
time if.a simple harmonic wave were passing the line z=0. A simple
harmonic progressive wave never starts and never stops. The dis-
turbance caused by this special idealized storm does start. and stop.
It is also of finite width, being only 600 NM wide. Suppose that the
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Ficure 3.1 Waves from a very simple storm,

wave amplitude (crest to sea level) is 10 feet, and that the time
interval between successive waves is exactly 20 seconds. 'There is
certainly a disturbance present at z=0. What time will it arrive at
other values of z, and what will it look like then?

A solution to the problem posed above can be gi.en., Let W,/2
be half the width of the disturbance, and let Dy be the 40 hours that
the waveslast at the source. Also, note that there is an z, y coordi-
nate system defined in figure 3.1 with z=0, y=0 at the center of the
leeward edge of the storm. The symbol, 7'*, stands for 20-seconds in
this particular example. A very simple visual picturc can be given
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of the nature of the solution. Imagine a huge box 10 feet high and
600 NM wide. Let the leeward edge of the box be at z=0 and ¢{=0.
Now start moving the leeward edge down wind in the positive z
direction and at a speed given by 1.515 T* knots (30.3 knots). Forty
hours later, for this example, the windward end of the box will pass
the line z=0. The box will be about 1,215 NM long.

The result is an imaginary invisible box scooting along at a speed
of 30.3 knots. It is 600 NM wide and 1,215 NM long. The location
of the box 64.6 hours after the waves stated is shown in the figure.
Underneath the ‘ox let there be a simple sine wave 10 feet high

with a form given by
. [4r%z 2=t
10 sin —T;z‘—‘i-,—*' 0

Anywhere outside of the box let the sea be as calm as & pond on a
windless day. When the box arrives at a given point, there suddenly
appears a great number of 10-foot high waves which will last 40
hours. A wave record taken while the waves were present would
look exactly like figure 1.5. There will therefore be about 7,200
waves since there is one wave every 20 seconds.

The wave crests travel with a speed of 60.6 knots (3.037*). They
travel twice av fast as the box. Therefore they appear to form at the
rear or windward edge of the box, race forward through the box, and
disappear at the front or leeward edge of the box.

Group Velocity

These results depend upon the assumption that the waves are like a
simple sine wave as shown by figure 1.5. When such a simple sine
wave is started and stopped along a given line source such that it
has a certain width and lasts a certain time, it can be shown that
the energy of the system travels forward with the group velocity of
sine waves in very deep water, which equals one-half of the veloeity
of the crests of the waves. That is the reason for advancing the
front and rear edges of the box, which are boundaries of the envelope
of the disturbance, at a spead given by 1.515 7'* knots. That the
side.cdges do not spread very far also’has just recently been shown
by theoretical considerations.

A formal solution would smooth out the effects of the sharp sides
of the box. Over the whole interior of the box to within a few nauti-
cal miles of the sides of the box, the above description is adequate.
To be more precise, it would be necessary to permit a little of the
disturbance to leak out into the surounding still water. A few
very low waves run out ahead of the forward edge of the box. The
walls on the side smooth out a little so that the once sharp edges
become rounded.
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The discussion given in H. O. Pub. No. 604 explains the properties

of the group velocity by a physical example and some computations
involving the heights of the waves near the forward edge of the
envelope. The same arguments would also apply in reverse to the
rear edge of the envelope. They show that the approximation made
here is sufficiently accurate for all practical applications when applied
to simple sine waves.

Interpretation of Results

These results ave extremely interesting in many ways. After all,
inside the wave system, for as far as the eye.can see and for 40 long
hours, it will not be possible to tell the difference between these
waves and pure sine waves which last forever. While the waves
are present, they can be treated as though they were pure sine waves
lasting forever, but the formulas in a sense tell when the waves are
turned on or off.

Another important point is that the waves never arrive at points
to the side of the storm. No waves ever arrive at the point, say,
y=(W,/2)+ (W,/10). A large part of the ocean area is never affected
by these waves.

Finally, the results show that the waves are still as high when they
reach the distant points as they were at the start. At this point,
some theorists will object and say that viscosity and friction are the
major causes that account for the observed fact that actual waves
decrease in amplitude as they propagate out of the generating area.
If actual ocean waves were like this model, then the effects of viscosity
and friction would have to be taken into account in order to make the
waves of the model die down. This is not the case. Actual ocean
waves are nol like the model just described. In many cases, the
decrease of wave height can be explained by two processes: dispersion
and angular spreading.  (The terms dispersion and angular spreading
will be defined later.)

The Results of the Simple Forecast

As a review, the forecasts which would be made from this simple
model can be summarized. Seven points, A, B, C, D, E, F, and G are
shown on figure 3.1.  Point A is not in the path of the waves. There-
fore at point A the forecast is always no waves. Point B is 500 N'M
from z=0. In 16.4 hours the waves will arrive at. this point. There
will be one wave exactly 10 feet high every 20 seconds for the next 40
hours. Then the waves will cease at point B at exactly 56.4 hours

_ after they started from 2=0. Point C is 1,000 nautical miles from

z=0. 'The waves arrive at 32.8 hours and ceasc at 72.8 hours. Sim-
ilarly for point D, 1,500 nautical miles away, the waves arrive 49.2
hours after they leave the source and cease 89.2 hours after they
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leave the source. Other points E, F, and G, are shown. No waves
are ever observed at these points. Note in figure 3.1 how much a
change in the direction of the waves by 5° at the source would affect
the forecast for distant points.

A Forecast for a Sum-of Sine Waves

Consider the same line source for the waves.as was assumed for the
simple forecast above. Instead cf a simple sinusoidal wave emanating
from the storm, consider a sum of sine waves. Table 3.1 tabulates
wave amplitude in feet, wave frequencies (1/7"), and the direction
toward which each wave is traveling. FEach wave is a pure sine wave
for which the classical formulas hold.

Table 3.1—Directions, Amplitudes, and Frequencies for the
Terms of a Sum of Sine Waves (Amplitude in Feet)

Frequencies —22.5° —15° —7.5° 0° 7.5° 15° 22.5°
YOmamemnmmmamn v % 3 % % %o oaeenen
e % Y % I 24 4 1%
77 SR % ' % A % % 4
1 % % % 4 % 14 %
SR % % % % % % %

At the leeward edge of the storm, let all these wave trains start out
at the same time. Let the front of the storm be 600 NM wide as
before. For simplicity, for the trains traveling toward 7.5°, let the
center of the leeward edge of the storm be the forward edge of a box
similar to the one described above, but let the forward edge of the box
be inclined at an<angle of 7.5° with the y axis. Let the width along
this line be given by 600 cos 7.5°. Similarly, let the forward edges of
the other various components be at corresponding angles to the y axis
and let the width be appropriately modified.

Suppose that all the above 33 sine waves start out from £=0,
y=0, (=0, and let each component at the source last for 10 hours.
What does the disturbance look like in the vicinity of the source?
T'here are 33 terms in the sum. If the complete phase reinforcement
were ever added at.some time and place, there would be momentarily a
wave 7.625 feet. from mean-sea level to the crest.  Yet the sum of the
squares of the amplitudes, which is equal to I, is equal only to 2.86
ft.2  The waves at pluces are thus almost. as high as the simple sine
waves of the previous model, and yet the value of I is very much less,
since in the previous model, & was equal to 100 ft.?

How doces the disturbance propagate? Each term in the disturbance
travels down wind with its own group velocity; namely, 20X1.515,
15X 1.515, 12X 1.515, 10X1.515, and 6X1.515, respectively. Each
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disturbance travels off in.its own direction which ranges from —22.5°
to +22.5°. The position of the box which surrounds each term 64
hours after the start of the storm is shown in ﬁgun, 3.2. The boxes
for the waves with a 20-second period are 1,965 NM from the point
z=0, y=0. They are about 300 NM long, and if they arrive at a
given point, they pass .that point in- 10 houis. The boxes for the
waves with a 15-second. period are about 1,470 NM from the source,
and they are 225 NM long. The values for the other terms in the sum
of sine waves are given on the figure.

These results show that the various sine waves disperse and spread
angularly as they leave the souice and travel into the area of caim.
First, 20-second waves reach a given point. Then 15-sccond waves
arrive, followed by 12-second waves and so on. Waves arrive at
points to the side of the storm that they could not possibly reach if the
storm were of finite width and the sine waves were all traveling in the
same direction. Waves are short-crested in the gencrating area. and
they must travel out of the storm at angles to the dominant. direction
of the wind.

Forecasts can be made for various points in the diagram just as for
the simpler cases first described. It is not necessary to be as precise
as in the first exampie, and the general features are evident from the
figure. Since the individual terms of the sum of sine waves travel off
in different directions, the waves will ‘be lower at points a greater ol
distance from the source owing to this effect.  Since the waves travel
atdifferent group velocities, they arrive at different times at the dis-
tant points; thus, the combined effect. is lower.

At very great distances from the source, something .occurs which
sceips strange in nature but is not strange in this particular model.
Each rectangular area spreads out so far from the others that calm
-water appears in between thein. At a great distance along:the z axis,
an observer would first observe a portion of a sine curve with a 20-
second period one-half foot high. It would last for 10 hours and then
cease. The ocean would be perfectly ealm. It would be necessary o
wait some number ofchours, and then waves one foot high with. a
period of 15 seconds would arrive and last 10 hours. Later on, the
12-second waves would show up, followed by the 10-second waves;
and finally, after the appropriate interval, the 6-second waves would
come along. A diagram such as figure 3.2 could he consiructed for a
stornt lasting 40 hours, b 't the various terms would overlap-<a-much
that the figure would be confusing.

This example is quite unrealistic, heg ‘apse of the calm water between
the different areas. The reason it is unrealistic is that ihe model is
unrealistic. It is lgnpormm to consider-an infinite number of infini-
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tesimally high sine waves which are represented by a continuous
spectrum as in Chapter II.

A Forecast for a Very Large Sum of Very Low Sine Waves

As the next step, forecast procedures for actual ocean waves will-be
described. It would be difficult to construct the infinite number of
boxes required for the actual continuous spectrum, although it can
easily be done for a finite sum of a few terms. The easier way is to
consider what can happen to any-one particular term and then gen-
eralize to a large number of terms.

Dispersion

The verb “to disperse” means “to spread out.” In ocean wave !

theory deep water is a dispersive medium. This means that an orig-

inally limited irregular disturbance spreads out as it travels. The
dispersiveness of waves in deep watef is explained by the fact that the-
energies of different spectral frequencies travel with different group '

velocities. DISPERSION, IN OCEAN WAVE THEORY, IS DE-
FINED TO BE THE SPREADING-OUT EFFECT CAUSED BY

THE DIFFERENT GROUP VELOCITIES OF THE SPECTRAL -
FREQUENCIES IN THE ORIGINAL DISTURBANCE AT'THE -

SOURCE.
In figure 3.2, the positions of 33 different rectangular areas are
shown in the z,y plane at a certain time. Coasider any fixed point

in the z,y plane at this instant of time. Either a sine wave system is

present at the point or it is not present. If there were several thousand
rectangular areas-present in the 2,y plane there could be quite a few
present at the point-and time of observation,

’{ POINT OF OBSERVATION
{ AT Xo Yo _ -
I
I — -
I -
|
.-

WIOTH OF | wi |

STORM el U X
AT ¥| : ///
ORIGIN -

i DISPERSION

Ficure 3.3 The effect of variability in frequency.
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Figure 3.3 shows an z,y coordinate system with a fixed point, z;,y,,

, which can be thought of as the point at which the forecast at.time,

! fon, is to be made. Some of the rectarigular areas are traveling toward

the point 2o,y,, 0 that they must, at somestime, reach and pass the

* point of observation after they start out at t=0. At the time, ¢, for

waves which last only D, hours at the source (=0, y=0), some rec-

tanguler areas must already have passed and some have not yet
arrived.

The first. step is to find the period of that particularsine wave which
could have reached the point, z,,,, at the time, ¢y. The particular
sine wave, represented by rectangular area No. 1 in figure 3.3 a few
minutes after ¢, had a windward edge which started from the source
at Dy hours (¢=0 is the time the leeward edge started). The windward
edge traveled R, nautical miles (given by +z,*+y’) as measured from
the center of the leeward edge of the storm to the point of observation.
It traveled at a speed given by 1.515 T, for a total time of ¢,,— D, hours
(since the windward edge started out Dy hours after the waves in the
storm). Since velocity times time equals distance, it follows that

(too—Dw)1.515 T\=R,. (3.1

For any value of T greater than T}, the windward edge of the rec-
tangular area associated with that particular period will have already
passed. There can be a great many such rectangular areas which have
already passed, once the waves from the storm have arrived at the
point of observation under study.

The next step is to find the period of -that particular sing wave
which could just have arrived at the point, z,,%, at the time, fo.
The sine wave, represented by rectangular area No. 2, a few minutes
before, has a leeward edge which startcd from the source at zero hours.
By the same argument as before, it follows that

twl.515 Ty=R,. (3.2)

This rectangular area is traveling more slowly than the ones that
‘have already passed. Any rectangular area associated with a period
less than T; will'not have arrived at the point of the forecast.

The value of T) is greater than the value of 7%, and therefore. the
value of 1/7 is less than 1/T;. These reciprocals represent frequen-
cies; for example, one can say that a wave with a period of 10 seconds
goes through one-tenth of a cycle per second, or that the wave fre-
quency is one-tenth cycle/sec.

The above two equations can be solved for the frequencies involved,
and the result is the following two equations:
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_1_tyl515

f=r="%. 3.3)
=1 _(nw—Dy) 1515

f=p==t—p (3.4)

The- value of f, can be subtracted from the value of f, to find the
difference between the two frequencies. The result is that

15151 1.515 ({tew—Dy
Aj=fz"‘f 1= R, 3 (R": )

_L515D,
R,

(3.5)

Tkis means that for the type of storm under study, which is treated
like a line source for the waves, the difference in frequencies is always
a constant for a particnlar point of observation. This depends on the
duration of the storm-and the distance the waves travel to reach the
point of the forecast.

Some values of the period are not greater than T and not less than
T:. "They are the periods of the rectangular areas’ that started out
toward the point of observation and that are there now at the time,
tw. They are the only periods that can possibly be present at the
time of observation.

EXAMPLE 3.1.—A STORM BEGAN 60 HOURS AGO AND
LASTED 20 HOURS. THE POINT AT WHICH THE FORE-
CAST IS TO BE MADE IS 500 NAUTICAL MILES DOWN
WIND FROM THE CENTER OF THE LEEWARD EDGE OF
THE STORM. WHAT PERIODS (FREQUENCIES) COULD
BE PRESENT AT THE POINT OF THE. FORECAST? (THE
WORDS (OULD BE ARE USED BECAUSE SOME FREQUEN-
CIES ARE NEVER GENERATED (AS SHOWN IN CHAPTER
I1), AND THEREFORE THEY NEVER ARRIVE))

ANSWER
R, _ 500 _500_
T: 1515t (60) 1.515 01 =5.5 seconds.
T . @m—-@=8.27 seconds,

TT515 (w—Dy)  (40) 1.515 605
1
_f2=-772=.182 cycle/sec.

1
Si= 7;‘=.121 cycle/sec.

Af=.061 cycle/sec.
82




ALL PERIODS BETWEEN 8.27 AND 55 SECONDS ARE
! PRESENT. o
' EXAMPLE 3.2—SAME AS ABOVE EXCEPT THAT THE
. POINT IS 1,000 NAUTICAL MILES AWAY.

ANSWER

R° 1 ’000 . 1!000

1.515ty, 60 (1.515) 91 =11 seconds.

T,

T, R, _. 1,000 _ 1,000

~1.515 tw 40(1.515) 605 =16.5 seconds.

f:=.091 cycle/sec.
£,=.0805 cycle/sec.
Af=.0305 cycle/sec.

NOTE THAT IF R IS DOUBLED Af IS HALVED

"Usually a forecast of the waves at a point of interest for just one-
particular time is not wanted. A continuous forecast of the waves
is better. The high wave periods arrive first, followed by the medium
periods, and finally the low periods come along. This is very easy
to forecast.

EXAMPLE 3.3.—A STORM LASTED FOR 18 HOURS AT THE
SOURCE OF THE WAVES. THE FORECAST FOINT IS 1,000
NAUTICAL MILES AWAY. THE HIGHEST PERIOD GEN-
ERATED IN THE STORM WAS 15 SECONDS. WHEN DO
THE FIRST WAVES ARRIVE AND WHAT PERIODS ARE
PRESENT AT -6-HOUR INTERVAIS THEREAFTER FOR
ONE AND ONE-HALF DAYS AND AT 12-HOUR INTERVALS
FOR THE NEXT DAY?

ANSWER

WHEN THI LEEWARD EDGE OF THE 15-SECOND REC-
TANGULAR AREA ARRIVES, THE FIRST WAVES WILL
BEGIN TO SHOW UP. SOLVE FOR (s, IN THE FORMULA
FOR T..

R, 1,000 1,000

=BT, (515 (5) 227 hours.

Start with t,,=44 hours, and compute 7, and T; for 50 hours,
56 hours, etc.
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: Angular Spreading

 that there are components traveling in many different directions as.

Waves in an area of generation are short crested. This means

shown in figure 1.7. ANGULAR SPREADING IS A PROCESS

. WHICH' TAKES INTO. ACCOUNT THE FACT THAT WAVES

IN THE GENERATING AREA ARE TRAVELING IN MANY

DIFFERENT DIRECTIONS.

In figure 3.2 not only did the rectangular areas spread out because

+ they traveled with different speeds, but they also spread out side-

ways over a very large area beciuse they started out in different
directiony. Somé of these rectangular areas will never arrive at the
point of fosecast because they pass to its side.

Two such tectangular areas are shown in figure 3.4. Each has a
width given approximately by W, (the width of the storm) and more
accurately by W, cosé, and W, cos;. Area number four started out
at the angle, 8,; it has just passed above the point of the forecast,
Z,,%o. Area number 3 started out at an angle, 6y; it will soon pass
below the point of the forecast, z,,,. Neither area can possibly
affect the point of the forecast. Any other rectangular area which
starts out in a direction less than 8, or greater than 6, can alsc never
affect the point of the forecast.

By definition, the angles should be measured with reference to the
edges of the fetch as shown in figure 3.5. The edges of the fetch
should be drawn as closely as possible parallel to the predomineant
wind and sea direction in the fetch.

Angles measured clockwise from the above lines to the lines con-
necting the leeward corners of the fetch and the forecast point are
positive; angles measured similarly but in a counterclockwise sense
are negative, When looking to leeward, 6; is the angle on the left,
6, the angle on the right.

To minimize the time spent by the forecaster in preparing a wave
forecast, the above angles should be measured by protractor, although
this is not the most accurate method. - The angles can be determined
more accurately by measuring the lengths of the triangles formed
and applying standard trigonometric formulas. In practice, how-
ever, two points favor the former method. One is the ease and sim-
plicity of using a protractor. The other is the difficulty in selecting
the boundaries of a fetch. No two forecasters will select exactly the
same fetch width for a given storm, and a small change in width can
mean an appreciable angle change. Thus the accuracy of comput-
ing the angle is much higher than the accuracy of the triangle dimen-
sions, and the accuracy inherent in trigonometric calculation is not
valid since the storm width is not sharply defined.
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FORECAST
POINT:

Ficure 3.5 Definition of 6; and .

1f an objective method can be devised tor determining storm width,
then the more accurate method of computing 8, and 6, should be
used. Until that time, the protractor is sufficiently accurate.

Only those rectangular areas which start out in a direction between
6, and 6, can ever arrive at the point of the forecast. This range of
angles can be very small indeed if the point of forecast is far from
the storm compared..to the width of the storm. The width of a
storm is very important in -making a corract forecast of the wave
properties in the area into which the waves travel when they leave a
particular storm.

A Wave-Forecasting Filter (Filter I)

It has just been shown that for a certain type of storm model only
certain wave periods (or frequencies) and certain wave direciions can
be present at a fixed point in the area outside a given storm at any
given time after the waves have left the storm. Only periods between
T, and T} and directions between 6, and 8; can possibly be present at
a given point at a given time. The periods present are given by

NT<T<T; (or o1<Jf<Nh) (3.6)
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-and-the directionsare given by

0:< bp <83 (3.7).

In a storm when sea is present, there are sine waves traveling in
many different directions and with many. different periods. At the
point of forecast, only & much smallér range of periods and directions
is present. Those that are present add up to make the waves at
the point of the forecast, but since only a fraction of what was pres-
ent in the storm is now present at the forecast point, they must add
up to much lower waves. If the range of periods and the range of
directions can be forecast, then E can be forecast, the distribution -
of the irregular wave heights can be computed..and the times required -
for successive crests to pass a given point can be computed. The
irregularity of the waves can be described.

In effect, a very simple process has been carried 6ut on the spectrum
of the waves in the storm. A certain range of frequencies and a
certain range ot directions of those present at the source have been
kept, and the rest of the values have been discarded. The procedure
is similar to what happens when & piece of red cellophane is held
before a lamp. All colors in the light are present up to one side of
the cellophane, but only the color red comes through to reach your

-eye. 'The cellophanefilters the light by letting only one color out of

many come through to the eye.

To forecast the waves outside of the storm, all that is needed is
to forecast a filter to be applied to the spectrum at the source in arder
to forecast the spectrum at the point and -time of the forecast. A
filter is a.device that rejects unwanted quantities and retains wanted
quantities.

A WAVE-FORECASTING FILTER IS A SL’I‘ OF FORMULAS
THAT'GIVE THE. ‘FREQUENCIES AND DIRECTIONS TO BE
KEPT AT THE POINT OF FORECAST. The actual ocean surface
itself is the physical filter (like the red cellophane) and the formulas
tell how the filter acts. (The formula for the light frequencies
actually passed by the cellophane is probably very complicated.)
The ocean surface acts as a filter because the waves generated on the
ocean surface contain many frequeiicies and directions which disperse
and spread out angularly. The deep ocean is a dispersive medium
as can be seen from the figures which have been shown. Sea waves
that cover a very small area near or in a storm can spread out and
cover an area many times greater as they travel out of the storm to
distant points. A disturbance that lasts only 20 hours in a storm
could require 100 or more hours to pass a point a great distance from
the storm after it had finally reached that point.
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The particular filter just.described is satisfactory for certain types

~ of storms;.but for otlier types of storms other types of filters are needed.

This filter has probably a limited application since it is a limiting case
of a more general filter.

Other Filters

A Storm With a Fetch (Filter II)

. Consider a stationary area over which thé winds blow in a uniform
direction and with a uniform velocity for D, (duration of storm) hours
after the waves in the storm have been fully developed. Let the
storm be W, NM wide and F NM long. The leeward.edge of each
rectangular area propagates just as before. The windward edge of
each rectangular area, however, starts out not from z=0 &s before
but from 2z=— F. Therefore, it has to travel F nautical miles to get
to the leeward edge of the storm. The coordinates and the dimensions
of the storm and of a typical rectangular area are shown in figure 3.6

| PART OF

v RECTANGULAR AREA

I DUE TO FETCH

| & =T

] -

|

| - _—R

I - - -
STORM -
AREA - -

——— | F T — :f—————————x
e PART OF
RECTANGULAR AREA

l DUE TO STORM
' DURATION , Ds

Ficure 3.6 A storm with a fetch.

Each rectangular area which accompanies a; particular frequency
and direction has two pieces. The piece at theleeward edge behaves
just like the ones treated before. Somewhere inside there is a line
which would be the end of that particular frequency if the fetch were
not there. However, the part from the fetch follows right behind
without a break, and an area the length of the fetch in the storm must
still pass.

The angles 6, and 8, are still the same as before. 'The leeward edge
of each rectangular area is still determined by 7:.  The only difference
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is that T can no longer be used. Instead, the period of that particular.
sine wave which started from F nautical miles to windward of the
leeward edge cf the storm, left ¢,,— D, hours ago, and has just passed
the point of observation, must be found. This period is given by T,
and it can be found by the use of equation (3.8).

(tob—'D.)l.515 T5=R0+F (3.8)

The period, T, is greater than T} since R,+F' is greater than R,.
The frequency range for the sine waves present at the point and time
of the forecast is thus greater for-a storm with a fetch than for the
previous model.

A Storm Moving to Leeward (Filter III)

The rectangular areas associated with the different wave frequencies
travel with the group velocity associated with that frequency. In
table 2.5 of Chapter Ii it was shown that the highest important period,

" or lowest frequency, for a given wind vrlocity was such that the group -

velocity associated with that period was less than the wind velocity
which generated the waves. Consider a high-wind area with winds
in it of a certain velocity, moving to leeward. The high-wind arca
will frequently move to leeward with the speed of the winds, as illus-
trated in figure 3.7.

At the point, P, no waves will be observed from the high-wind area
until the high-wind area arrives at the point of the forecast. The
wave energy cannot outrace the winds. The waves arrive with the
storm winds and appear to reach full development as soon as the winds

——— Location sfcareo of 50-kiiot
winds ot t=f,

------ Location of area of 50-knot
windsot tz 1,+6h

—-==— Location of area of 50-knot
winds at t=z t+I2h
Forward edge at ts=t,
Forword edge at t: 1, +6h hos
moved 300 NM

Forward edge ot t:t,+i2n
hos moved 300 NMmore

\V, d
(Note:Rear edge
could stand still \¢/ »
or move at 0
different speed)

Point of observation

Fraure 3.7 A traveling area of high winds
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Point of.

Area covered by high waves Observation

just after winds die down
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tp = O is ‘the time when winds ceose

Fiaure 3.8 Forecast conditions for the waves propagating from a storm which
has just dissipated over an area at a distance from the point of observation.

build up at the point of the forecast. A rapidly moving cold front
can produce just such a condition.

Another condition can also exist. The area of high winds can
develop; travel across a wide swath of the ocean, and dissipate. The
waves will be nearly fullydeveloped in the area of high winds, but
outside the area of high winds the waves will be quite low.

The area of high winds can dissipate at some time during its travels,
and when it does the waves generated propagate out of the area to
distant points. Figure 3.8 shows the conditions which exist just after
the winds over-a.large storm area have died.down.

In this casc 6; and 6, are still the same, although it might be more
accurate to measure them by using angles from the center of the storm.
There is no velue corresponding to D, or Dy. The value of T; is
still the same, but the value of 7\ is no longer appropriate. Instead
T’s is used as given by equation (3.9).

tob 1.515 T5=1\’0+1" (3-9)

The value of 7} is greater than the value of T since /- F'is greater
than R, so that a range of frequencies is still present. This filter,
85, 6,, T2, and T, is a strange one indeed compared to others. It
seems to agree best. with the methods given in forecasting procedures
from other references.

The Decrease of Waves in the Fetch (Filter IV)

When the winds cease in a generating area, the waves in the area
decrease in height, often quite rapidly. Each frequency disappears
at the point of forecast as soon as its windward edge can travel to that
point. Let Fy be the distance in the fetch to the windward edge of
the fetch. Then the windward edge of each rectangular area must
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travel this distance before the height contribution due to this particular
period will pass by. The period, T;, can be associated with this
passage Jf the windward edge of the rectangular area,.according-to
the following equation: ’

tor 1.515 T7=F, (3.10)

The period T, is already present since the point of forecast is in the
generating area, and 6; and: 9, are not needed. The time, Ly, is
measured from the time that the winds die down.

When some examples.are given of how rapidly the waves can die
down in the generating area after the winds cease, the results will be
very surprising. There is nothing particularly complicated about the
loss of the lower frequency components. This Joss is not due to vis-
cosity -or friction effects. Only dispersion is needed, (in this case) to
explain the major part of the decrease of wave height. Of course,
the short chop (periods less than about three seconds) dies out rapidly
owing tosturbulent friction.

The.Use of the Filters to Forecast the Waves at the Point of
Observation

‘Statement of the Properties of a Filter

Four different filters have been described. These filters make it
possible to forecast the waves at points outside the fetch area or at
points inside the fetch area after the winds have ceased to blow. As
stated above, A WAVE-FORECASTING FILTER IS A SET OF
FORMULAS WHICH GIVE THE FREQUENCIES AND DI-
RECTIONS TO BE KEPT AT THE POINT OF FORECAST.
Each filter is defined by two frequencies and two directions. Only
those frequencies in the original wave spectrum that lie hetween the
two frequencies defined by the filter can be present at the point and
time at which the forecast is being made. Only those waves that
started out in directions between the two angles given by the filter
can be present at the point of observation because of the finite width
of the storm. The original spectrum of the waves at the source con-
tains energy at many other wave frequencies, traveling in many other
directions. Since this wave energy is not present at the point at which
the forecast is being made, the waves are lower. The forecasting
problem, then, for the point of observation is to add up the amount. of
wave energy present at the time of the forecast and to compute the
value of E which represents this wave energy. Then the wave height
can be forecast from this value of E. The frequency band of the
filters gives the “periods” present in the wave record, and the diree-
tion band of the filter gives the directions toward which the wave will
appear to be traveling at the point of observation.
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Effect of Frequencies

Consider, as an example, the filter which employs f; and f;. Sup-
pose that the two values are known. Then, as in figure 2.3, they can
be marked off on the spectrum of the waves in the génerating drea.
Those frequencies less than f; are frequencies in the original spectrum

" which have already passed the point of the forecast. Those frequen-

cies greater than f; are frequencies which have not yet arrived at the
forecast point. Therefore, the energy which can be present at the
point is at most equal to the area under the spectrum between these
two frequencies. As figure 3.9 shows, this area is 8 small fraction of
the total area under the spectrum. In terms of the spectrum it would:
be necessary to compute this area, but this has already been done in
the co-cumulative gpectra which are used as the forecasting diagrams.
As figure 3.9 shows, the area under the spectrum to the right of fre-
quency f, is equal to E(f;). Also, the area under the spectrum to the

~—
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—

f
Ficure 3.9 The effect of the frequencies in the filter.

right of fs is equal to E(fs). The area to the right of f; minus the area
to the right of f is equal to the srea under the spectrum between f; and

Jfo. This in turn is simply equal to E(f;) minus E(f;). Therefore, in

order to find the value of E which can be present at the point of fore-
cast, simply compute the two frequencies given by the filter and sub-
tract the corresponding values of E on the co-cumulative spectra.
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The Effect of Direction

The spectra sliown in Chapter II'have not treated the effect of vari-
ability in wave direction and the fact that the waves are short-crested.
The waves vaiy not only in frequency but also in direction inside the
area in which they have been generated. Figure 3,10 shows the way
in which the waves are spread‘out. Tiie lower curve shows the rela-
tive amount of wave energy present at each direction within the
storm. Some energy, although not very much; is theoretically present
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Ficurg 3.10 The effect of directions in the filter.

at all directions betweenn —90° and +9C° to the direction of the wind
in the storm. Most of it is concentrated within an angular range of
#30° Some is still present at +45° and a very small amount is
present beyond +60°. The area under this curve should be equal to
unity, so that when the total variability in direction is summed the
result would be the variation in frequency as described in the fre-
quency spectra given in Chapter II. This curve can also be integrated
from —90° to any value of the angle 8, greater than —90° and finally
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{up to 490° Since the area under this curve is equal to unity, the
itOt&l range of the mtegral will be one. Expressed in percentages on
Sthe right' hand side, the total range will be 100 percent.

: At theé point at*which the forecast is being made, only waves that
'started out within a direction between 6, and 6, can possibly be present
‘The area under/the angular spreading curve.to the left of 6, is given by
‘the integrated curve up-to 6;, and the area to the left underneath the
curveup to 4, is given by the integral of the curveup to 6, Therefore,
the pércentage of wave energy that can.be présent at the point of fore-
.cast is given by the area under the lower curve between the angle 6,
dtmd 0,; thisin turn is equal to the difference in the percentage-values as
‘read on.the mtegrated curve at 6,and 6;. The difference between the
.two values read off on the integrated curve will always be some number
between 0 and 100 percent.

Combined Effect

To combine the-effect of dispersion and the effect of angular spread-
ing, the spectrum given as a functjon of frequency in figure 3.9 must
be multiplied by the percentage: obtained in figure 3.10- for each
point. However, since interest li¢s only in the energy between f; and
Ty, it is sufficient to muitiply thé spectrum between f; and f; by the
percentage obtained in figure 3:10. Figure 3.11 illustrates the total
effect of the filter. The samé result is cbtained if E(f)—E(fy) is

[A(f)12

E= (E(fs)-é\'!g))x Angular Spreading Factor

\‘

T ——
fs fz N f =
Fiaure 3.11 The total effezt of the filter.

multiplied by the percentage obtained in figure 3.10. The result is
then the value of E associated with the waves at the point ¢f observa-
tion. The filter consequently cuts down on the energy that can be
present at the point of observation in two different ways. The first
is an effect of dispersion; the second is an effect of angular spreading.
The combined effect makes the waves quite low at the point: of
observation.
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The other features of the waves at the point of observation can also |
be determined from the filter: The ‘periods’’ can be found from the
range of frequencies present, and the direction toward which the
waves are traveling can be found from the angle 6;. An indication
of the short-crestedness of the. vaves can be found from the angular
range between 6, and 0, The -wider the angular range, the shorter
are the crests-of the waves; and the narrower the angular range, the
longer are-the-crests.of the waves. Note.that at angles to the storm
and at great distances from the storm the waves no longer appear
to be traveling in the-direction of the wind in the storm. Tliey can’
be traveling at angles as gredt as 45° or 50° to the original direction
in which the waves in the storm apperr to be traveling. This is a
very mportant fact: when & swell is observed a at distant point ifom |
the storm, it is not sufficient simply to go back in the:direction from |
which the swell has-come and look for winds blowing in that direction :

to find the genersting cause of the swell.

This combined.effect of angular spreading and dispersion as'sum- .
marized in a wave-forecasting filter seems to account for the entire
decrease of wave height with distance traveled outside of the storm.
There are those who believe that viscosity dlso decreases the height
of the waves as they travel-outside the storm. Further comments
on this point will be made later in this chapter. However, the
important point to be made now is that the waves spread out as they
travel outside the storm and cover a very large area compared to the
size of the initial disturbance. If they -cover a very large area, even
if no energy is lost, the energy per unit area must be much lower
than it is in the storm. This therefore explains a very large part: of
the decrease in wave height as the waves travel out of the storm.
Computations will be given later that will show the magnitude of this
effect in preparing wave forecasts. The effect of superimposing vis-
cosity on dispersion and angular spreading appears to cut down the
height of the waves too much at the point where the forecast is
being made.

= o A

Waves from Several Storms

Just as an infinite number of sine waves is added together to obtain
the sea surface in a particular storm, no difficulty occurs when the
rectangular areas from two or more different gencrating areas arrive
at a point of observation. The numbers, E, which are forecast for
each generating area are added together to give the E of the total
disturbance. The wave frequencies (or periods) give an interference
pattern which is quite recognizable especially if two narrow frequency
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1 bands are present and do not overlap. The central frequency.of each
’ba‘nd produces waves with time intervels between crests near that
 frequency at various timés. At other times, waves with time intervals
between crests near the value given by the mean of the center of .the
' two frequency bands are present.
: Figure 3.12 illustrates such a situation' where waves from two
?diﬁerent storms have arrived at a point of observation. The waves
- from the two different storms producé a cross s2a. Sometimes the
waves appear to be traveling toward the direction of one arrow.
> At other times, they appear to be moving in the direction of the other

;
ks

;

POINT OF:
OBSERVATION

The two storms could have begun ond ended
at completely different times, and different
parts of each spectrum could be present for
the time of observation ot the point of cbeervation.

Fraure 3.12 Waves from two different storms at a point of observation.

arrow. Then they appear to be moving in directions somewhere
between. The high waves are the points of reinforcement of the cross
sea. Since there is no.such thing as a wave period in the actual
waves, the forecast must be worded to show the range of “periods.”

If the frequency bands of a cross sea are sufficiently separated,
it is possible to identify time intervals between crests associated with
each band. The records look as if two different swell spectra have
simply been added together. Some parts of the record show. one
“period.” Other parts show another. Figure 3.13 shows several
such records. A study ‘of these records shows the features discussed
quite clearly.
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Ficure 3.13  Wave records with two distinet frequency bends present.

EXAMPLE 3.4—AT THE POINT OF OBSERVATION SHOWN
IN FIGURE 3.12 FOR A CERTAIN TIME OF FORECAST, TWO

WAVE SYSTEMS ARE FORECAST TO BE PRESENT AT to. .

THEIR PROPERTIES ARE TABULATED BELOW.

Dominant direc-
tion {toward
which wares are

Frequency band E trareling)
Storm I 0.12 0.08 0.64ft2 100°
Storm-II 0.06 0.04 0.36 {22 140°

e

PROBLEM: WHAT WILL THE WAVES LOOK LIKE AT THE
POINT OF OBSERVATION?

ANSWER: THE WAVES FROM STORM I HAVE A FRE-
QUENCY BAND GCENTERED AT 0.10 CYCLE/SEC. THUS,
THE “PERIODS” OF THE WAVES TRAVELING TOWARD
100° WILL: BE NEAR 10 SECONDS ‘WITH A SPREAD FROM
8.3SECONDS TO 12.5 SECONDS. THE WAVES FROM STORM
II HAVE A CENTRAL BAND NEAR 0.05. THUS, THE WAVES
TRAVELING TOWARD 140° HAVE “PERIODS” NEAR 20
SECONDS WITH A SPREAD BETWEEN 16.7 SECONDS AND
25 SECONDS. 'THESE WAVES WILIL, BE LOWER BECAUSE
THEIR VALUE OF E IS LOW.

OTHER WAVES TRAVELING TOWARD 120° (OR MORE
LIKELY 115° BECAUSE X IS GREATER THAN F,) WILL
APPEAR WITH A _FREQUENCY GIVEN BY APPROXI-
MATELY (0.104-0.05) %=.1500/2=.0750. THUS, ONCE IN A
WHILE, “PERIODS” OF ABOUT 13.3 SECONDS WILL, BE
OBSERVED.

THE WAVE HEIGHTS ARE FORECAST BY TAKING THE
SUM OF THE TWO FORECAST VALUES OF ¥ GIVEN BY

98




Ey+Ey=0.64+0.36=1=E,, THE SIGNIFICANT HEIGHT
(CREST-TO-TROUGH) IS GIVEN BY 2.83 FEET. ONE WAVE
GUT OF 100 WILL BE ABOUT 4.56 FEET CREST-TO-TROUGH.

Additional Forecasting Considerations

The rules and typical forecast situations which have been given all
idepend-on one concept. If the various frequencies and directions of the
sinerwaves in the generating area can be kept track of, the waves can be
forecast at other points or in the generating area by accounting for their

-dispersion and angular spreading. As the forecaster becomes more

adept at the-use of this one basic concept, he will be able to extend it

"to more general cases. Generating areas have beén treated mainly
‘as stationary, and as if they were rectangular in shape, At itimes, it

is possible to break up an irregularly shaped generating aria into a
nuinber-of rectangular areas, and, by the method just given above,
superpose the forecasts for the different areas to get the total effect.
Moving storms can sometimes be treated as if they move by jumps
and last a certain number of hours at each point. These techniques
need to be developed, extended, and made more precise. For actual
forecasting procedures, the methods described above can be summa-
rized into four basic charts to make the forecasts casy, quick, and
practical.

Forecasting Diagrams for Dispersion and Angular Spreading

Summary of Filters

Now that the various filters used in forecasting the waves outside
of the generating area (or after the waves have ceased in the generating
area) have been discribed, the next step is lo summarize these four
filters and then to give the diagrams that can be used to calculate the
needed values given by the filters easily.

So far, four types of storms and the filters associated with them
have been described. Suppose that frequencies are considered instead
of periods. ‘Then f, corresponds to 1/T), f; corresponds to 1/73, and
so on. Also, it would be advisable at this time to divide both sides
of the dispersion equations by the numbes 1.515. The reciprocal of
1.515 is 0.66.

Table 3.2 presents a summary of the various filters that have been
described. Filter I applies to a line-source storm. The parameters
needed are (1) fo, the time of observation; (2) Dw, the duration of the
waves at the leeward edge of the storm; (3) 12,, which is the distance
from the storm to the point of observation and (4) 8; and 8, the angles
made by the wind direction in the storm and:lines to the point outside
the storm at-which the forecast is to be made as defined in figure 3.5.
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The other filters are defined in a similar way. With them, a fetch
is needed-also. The value, R,, is the distance from the center of the
leéward edge of the storm to the point of observation at which the
forecast is to be made, and F is the distance from the leeward edge
'to the windward edge of the storm. As a first approximation, the
 distance from the windward edge of the storm to the poin’ of observa-
uon is equal to the distance from the windward edge of tlie storm to

i the leeward edge of the storm plus the distance.from the leeward edge

" of the storm to the point of observation.
+  In each filter four calculated quantities are needed, two frequencies

{

. and two directions. When these four quantities have been computed,

it is then possible to forecast the waves at a point outside the storm.
(or inside the storm after the winds cease). In the last filter, F;]t»sr
IV, three of the values are already known, £, is infinite, and the two

angles are --90° and —90°, since the point of observation is inside
the storm area.

Forecasting Diagrams

Two additional basic diagrams are needed to forecast the waves at
any point outside or inside the storm after the winds have ceased to
blow in the storm. In addition, the co-cumulative spectra, which
were discussed in Chapter II, are needed. However, only two new

. diagrams are needed for the completion of the forecasting theory.

The two diagrams are the basic diagrams for forecasts after the winds
have ceased to blow. They must cover a large range of values.
‘Thereforé, they have been duplicated so that in reality there are four.
Three are dispersion diagrams and one is an angular spreading factor
diagram. In any one forecast situation usually only one of each of
the different kinds of diagrams needs to be used, and the forecaster
will quickly learn which one fits the purpose at hand. ‘The ranges
shown are chosen to make it possible to cover all values conveniently
and quickly.

Dispersion Diagrams: Figures 3.14, 3.15, and 3.16

Consider all the formulas involving frequencies in table 3.2. The
desired frequencies, which are to be computed from the parameters
of a particular storm, all depend on a time and a distance. The
time is to be measured in hours, and the distance is to be measured in
nautical miles. Therefore, all these equations simplify to a formula
of the form, t=0.66 Rf. Iftis known and 2 is known, f can be found.
Sometimes ¢ stands for the quantity f,,— D,. At other times it stands
for t,, alone, but in any case it is a time measured in hours. K some-
times stands for R,, the distance from the leeward edge of the storm
to the point of observation. At other times it might stand for F,,
the distance from the point of observation inside the storm to the
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windward edge of the storm.  Butin any case it is a distance measured
in nautical miles.

This simple equation, {=0.66 £/, is an equation which needs to be
solved every time a forecast is to be made. The dispersion diagrams
do this in the simplest. possible way. For each value of B, this equa-
tion is an equation simply of a straight. line through the zero-frequency
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Fiacure 3.15.

value and the zero-time value with a slope which becomes steep for
large values of R.  The dispersion diagrams then cover time intervals
from 0 to 5 days and from 0 to 2% days and fréquencies from 0 to 0.11
and from 0 to 0.23, all tor various values of 2. These forecasting
diagrams are all essentially the same except for the way that the scales
have been changed. By remembering the formula, t=0.66 Af, a
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FicuRE 3.16.

forecaster can duplicate these diagrams in just a few minutes on any
sheet of ordinary graph paper. Graph paper with heavy lines every
six units in the vertical direction makes it more convenient. to mark
off 6-hourly -time increments and time intervals of the order of days
which occur quite frequently in forecasting.

The forecasting diagrams for dispersion are used very simply.
Some examples of how they can be used are given helow.
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EXAMPLE 3.5. USE OF DISFERSION DIAGRAMS.
,CASE 1. FILTER 1. Given values {,,=24 hrs., R,=1,000 NM
Answer: f,=0.0367, T,=27.2 sec.
CASE 2. FILTER III, ¢,,==48 hrs., R,4F=500 NM
Answer: f,=0.145, T;=6.9 sec.
CASE 3. FILTER IV, t,,=12 hrs., R,=100 NM
Answer: f,=0.1816, T;=5.55 sec.

To solve-any one of these, say, the first one, enter the dispersion
diagram which contains the values for B=1,000 and ¢{=24 hrs, find
the intersection of the R=1,000 line with the value t=24 hrs, and
read off the correct frequency on the bottom. The various frequencies
needed for the filters described above.can then be evaluated very
quickly from the diagrams.

Sometimes, though rarcly, the diagrams will not cover the needed
range of frequencies, times, and distances. A schematic table, table
3.3, helps provide off-scale values in the dispersion diagram. It states
quite simply that if the value of R is doubled, the value of ¢ should be
doubled if f is kept the same. If the value of R is doubled and the
value of ¢ is just the same, the value of f should be divided by two.
All possible combinations are given in this table, and it extends the
use of the diagrams to any possible values.

On figure 3.14, there are six scale divisions for a frequency of 0.01.
It would be convenient for the forecaster if he would enter on the
margin of this diagram the values 0.0017, 0.0033, 0.0050, 0.0067,
0.0083, and 0.0100. Then for these intermediate values the correct
interpolated value is known immediately. On the other diagrams the
frequency scale divisions are simply 0.0033 and 0.0067.

Table 3.3—Off-Scale Values in the Dispersion Diagrams

2R 2 ! 20 2R s of 2 R
2R ! 2 2t R 2f of t 2R
R/2 12 I y2 R/2 f 2 12 R
R/2 f 2f 12 R 2 g2 { RI2

Angular Spreading Factor: Figure 3.17
The values of 6, and 6; are very important. A storm 400 NM wide
which sends waves out to a point 1,000 miles away from the storm
produces a completely different effect from a storm 800 NM wide
which sends out some waves to a point 1,000 miles away from the
105
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Ficure 3,17 Angular spreading factor:

storm. If the waves inside the storm have the saine-spectrum and if
all other things are equal, the waves outside the stcrn:-at the point of
observation will be /2 times higher in the second case than they are
in the first case, simply because of the effect of the width of the storm.
The size of the storm determines in a very critical way vhe height of
the waves at any point. outside of the storm:. These 6, angles are
values that take into effect the width of the storm, and they must be
measured very carefully.

The co-cumulative spectra shown so far are funciions of frequency
only. Waves are really short-crested at all times. Thus, for any
frequency band shown in the co-cumulative spectrum, the energy there
is spread out over a large range of angles.  Consequently, outside the
storm, waves will be observed to arrive at-points which they could not
possibly reach if they traveled only in the dominant direction of the
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'wind in the storm. As an example, if waves did not travel out of a
‘etorm at an angle, the point shown in figure 3.8 and labeled R, could
not possibly be reached by any of the waves in. the indicated storm.
At a point far enough away even a sine wave traveling at an angle of
10° to the dominant direction of the wind in the storm reaches points
well outside the width of the storm. (This width is W, in figure 3.8.)
In fact, for an angle of 10° the waves get outside the width of the storm
at a distance of only 2.8 times the width of the storm.

The height forecast for waves at points outside the storm must
therefore be corrected for this effect of angular spreading. Wave fore-
casting theories formerly stated that any point within an angle of
430° to the dominant direction of the wind in the storm should be
treated in exactly the same way as points directly in front of the
storm. This theory extends these past results and gives a better
correction for waves traveling at angles greater than 4-30°.

The angular spreading factor (fig. 3.17) makes it possible to compute
the value which accounts for this effect. It is a percentage number
and will always lie between 0 and 100 percent. To use the diagram,
enter the values of 6, and 6; as determined from the map, read off the
percentages on the other side of the curve, subtract the smaller
value from the larger, and obtain a number which is the desired
angular spreading factor. The graph for the angular spreading factor
is the curve in figure 3.10 cut in half and doubled over to make the
scale greater. The angles are on the inside. The percentage values
are on the outside.

Some examples are given below

EXAMPLE 3.6. ANGULAR SPREADING FACTOR.

CASE 1. Given values: 8,=35.7, ,=24.8. (Sce fig. 3.10)

FIND: Percent at 35.7°=85%, Percent at 24.8°=75%.
ANSWER: Angular spreading factor: 85%—75%=10%,.

- CASE 2. Given values 6,=4.1°, 8,=—4.1°.

FIND: Percent at 4.1°=549, Percent at —4.1°=469%,.
ANSWER: Angular spreading factor: 549,—46%=8%.

It should be pointed out at this point that only a_particular type
of chart can be used for accurate angular spreading computations.
This is due to the earth’s spheroidal shape and the difficulty in trans-
ferring sections of it to a plane surface without distortion. Angles
and distances measured or computed along straight lines of a map
are not always true, the error depending upon the projection used.

Ocean waves follow the shortest distance between fetch and forecast
point. On a sphere, this is a great circle, defined as a circle on the
surface of the carth, the plane of which passes through the carth’s
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center. Thus, it is obvious that a chart that presents great circles
as straight lines would be the most suitable for determining the
angles between wave travel and fetch orientation.

There are several such charts available, the two most popular being
the gnomonic and the Lambert conformal conic projections. The
latter chart is the morc-widely used; most weather maps used by the
U. S. Weather Bureau, the military services, and commercial westher
firms are of this type. On a Lambert conformal chart all meridians
.appear as straight lines converging to the pole. All parallels of
latitude appear as arcs of concentric circles. A straight line on a
Lambert chart will represent epproximately a segment of a great
circle, and the intersection of any two lines will correctly indicate

their angular relation. A distance scale is usually given from which |

distance in nautical miles can be determined, or the mid-latitude,
using 60 NM to the degree, can be employed.

All the examples in this manual are from standard Weather Bureau
or Coast Guard maps, using Lambert conformal projections.

In dealing with short distances, on the order of a few hundred miles,
the -errors assumed by using maps not on the above projections are
small, but for larger distances a Lambert conformal is advisable.
Special care should be taken to avoid use of a Mercator projection in
angular spreading computations. This is a widely used projection
for navigational charts, but does not accurately represent great
circle relations and distances.

o e e s T

If there is no choice but to use a Mercator chart, a correction must -

be applied to the computed angles. A table of correction values is
given in H. O. Pub, No. 9, American Practical Navigator, as Table 1.
This table actually gives the correction for converting radio (great
circle) bearing to Mercator bearing, but can be used in reverse to
convert, Mercator bearing to great circle bearing.

Corrections are given as a function of the midille latitude between
the forecast point and the fetch point and the difference of longitude
between the same two points. Once the two angles necessary for
angular spreading correction have been computed, the correction for
a Mercator map projection is as follows:

(1) Determine latitude and longitude of forecast point and
points in fetch.

(2) Compute middle latitude and difference in longitude for both
eeis of points.

(3) Enter table 1in H. O. Pub. No. 9 to read off correction values.

. ., . castward
(4) In north latitude, when fetch point is SASLWRTL of forecast
westward

point the correction is 3. For south latitude, the sign is
reversed.
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After the Wind Ceases

Each of the examples given above describes the state of the sea over
an area both inside and outside the fetch area occupied by winds of
velocity V at & time determlned by the length of time that the winds
have been blowing. In examples 3.9 and 3.10 the winds are assumed
to cease at the time that the computation was made, but the same

. procedure could be continued were the winds to continue to blow.

When the wind ceases, the generation process ceases, and dispersion
and angular spreading immediately begin to modify the waves. The:
best way to forecast the waves after the winds cease, in each case, is
to break up the spectrum for the given wind veloclty into frequency
bands and direction bands, just as was done in the chapter on wave
refraction. Then the E value for a given small frequency band can
be associated with an area over the ocean occupied by these spectral
components with a given average (central) frequency and a given
direction. These areas will not be the same size and, in general, the
area covered by a high-frequency component will be larger and com-
pletely surround an area covered by a low-frequency component.
These increments of energy are then propagated in the apj.copriate
direction with the appropriate group velocity for a length of time
determined by the time at which the forecast is to be made. The
areas which arrive at the point of forecast are reassembled, and the

sheight and period range can then be computed.

Range of E

The various forecasting diagrams that have been presented furnish
a forecast of the value of E when properly employed. Then from the
results of Chapter I any desired height quantity can- be computed.
The value of E can vary over a considerable range of numbers; yet
the height will not change very much because it is related to yE. For
example, E can vary from 28.1 to 36.1 and the significant height will
change only from 13 feet. to 15 feet. For most cases, extremely precise
calculations of {E and the various derived heights are not needed.
Table 3.4 eliminates this last step by tabulating typical values of the
significant height from 0.5 to 100 feet. Corresponding to these
significant height values, there is a range of £ values such that if the
forecast value of E fulls within this range of values, the significant
height given in the table is sufficiently accurate for most purposes.
Of course, the calculation of the correct value is possible any time, but
this table will simplify the problem when quick forecasts are needed.

Some Sample Forecasts

Diagrams Needed

The needed forecasting tools are now assembled, and they have all
been discussed i this chapter. In addition, & slide rule will be very
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Table 3.4—Range of E for Typical Height Values

Range of VE E Av. Ht. Sig. Ht. Av. 1/10 Ht.
.008-.06........... .18 .03 .32 .5 .65
06-19....... .35 .12 .62 1.0 1. 26
19-38 ... .53 .28 .94 1.5 1.91
38-64.. ... .7 .50 1.26 2.0 2. 56
64-94 ... .88 L7 1. 56 2.5 3.17
4154 ... 1..06 112 1. 88 3 3.82
1.54-2.53. ... 141 1. 99 2. 50 4 5.08
2.53-3.76. ... .77 3.13 3.13 5 6. 37
3.76-5.29_ ... 2,12 4. 49 3.75 6 7.63
5.29-7.02..... 2.47 6.10 4.37 7 8. 89
7.02-9.00. ... 2.83 8. 01 5. 01 8 10.2
9.00-11.3..._.. 3.18 10: 1 5. 63 9 1.4 |
11.3-15,1- ... 3.53 12.5 ' 6.25 10 127 |
15.1-21.1 ... 4.24 18.0 7.50 12 153 |
21.1-28:1_.... 4.95 24. 5 8.76 14 17.8 °
28.1-36.1_.... 5. 65 31.9 10.1 16 2.3
36.1-45.0. ... 6. 36 40. 4 1.3 18 22.9 |
45.0-60.4. .. 7. 08 50. 1 12.5 20 25.5 |
60.4-84.5.__.. 8. 48 71.9 15.0 24 30.5 !
84.5-112.._.. 9. 89 97.8 17.8 38 35.6 |
112-144__ ... 1.3 128 20.0 32 40.7 |
144-180. ... 12.7 161 22.5; 36 5.7 |
180-225. . ... 14. 1 199 25. ¢ 40 50. 8
225-282_ .. 15.9 253 28, 1 45 57.2 |
282-346_.__.. 17.7 313 31.3 50 63.7 °
346-412. ... 19. 4 376 31.3 55 69. 8
412-488. ... 21.2 449 38.8 60 76. 3
488-571. ... 23.0 529 0.7 65 82.8
571-702.. ... 24,7 610 43.7 70 88.9
702-900. . . ... 28.3 801 50. 1 80 102
900-1,129__... 31.8 1,010 56.3 90 114
1,120-1,376. _. 35.3 1, 250 62.5 100 127

useful for some of the calculations. However, for many practical
3 purposes, only table 3.4 is required. The needed diagrams are listed

below along with the other information nccessary for making a com-
: plete wave forecast.

Equipment Needed to Make a Wave Forecast

. Weather map and weather data.

. Co-cumulative spectra. (Figure 2.4a through 2.4f)
. Dispersion diagrams. (Figures 3.14, 3.15, or 3.16)
. Angular spreading factor diagram. (Figure 3.17)

. Height table (table 3.4), or slide rule.

Steps in 8 Wave Forecast

For many wave forecasts, the steps listed below must be carried
out. In some forecasts, as in the generation ares while the waves
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ire being generated, some of the intermediate steps are omitted; but
ior a forecast involving wave-propagation, each of the steps listed
helow must be carried out.

Steps in Preparing a Wave Forecast

1. Analyze the weather maps.

2. Forecast the co-cumulative spectrum in the storm.

3. Determine type of storm and filter required and evaluate
observed quantities needed for the filter.

4. Evaluate 6, and 6,.

5. Evaluate angular spreading factor.

6. For various times of observation find frequency band present.
(Compute range of “periods” present, also.)

7. Find value of E present at point of observation owing to the
effect of dispersion by subtracting the:value of E at the upper
frequency present from the value of E at tho lower frequency
present.

8. Multiply by angular spreading factor to find the forecast
value of E.

9. From E compute’'needed height data.

EXAMPLE 3.7. WAVE FORECASTS FOR A TYPICAL WEATHER
SITUATION.

FIGURE 3.18 SHOWS A TYPICAL WEATHER SITUATION
IN JANUARY. AT 301800Z A COLD FRONT IS SHOWN
PUSHING OFF THE COAST OF SOME LAND MASS. AT
THE CENTER OF THE FRONT, THERE IS AN AREA OF
RATHER HIGH WINDS, AND 'I‘HE WINDS FAN OUT TO
EACH SIDE OF THIS AREA AND BECOME. QUI'I‘E LOW.
THIS COLD FRONT PUSHES OUT DURING THE NEXT
30 HOURS UNTIL 010000Z, WHERE IT IS SHOWN IN ITS
LAST POSITION. ON THE NEXT 6-HR. MAP, (NOT SHOWN)
THE PUSH BEHIND THE COLD FRONT HAS STOPPED.
THE 32-KNOT WINDS, WHICH OCCUPY AN AREA 400 NM
WIDE AND 600 NM LONG ON THE 0000Z CHART, DIE OUT
IN A FEW HOURS.

IN THESE MAPS .EACH FULL BARB REPRESENTS 10
KNOTS, THE AVERAGE WIND OVER THE HIGH WIND
AREA WAS 32 KNOTS, AND IT FELL OFF RATHER SHARPLY
TO 15 KNOTS AND LESS OUTSIDE THIS HIGH WIND AREA.
THREE POINTS ARE SHOWN ON FIGURE 3.18. THEY ARE
THE POINTS A, B, AND C. IN THIS EXAMPLE THE WAVES
WILL BE FORFCAS’I‘ FOR EACH OF THESE POINTS BEGIN-
NING WITH POINT A.
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Analysis of Forecast for Point A (Example 3.7)

The steps in preparing a forecast for point A are given below.
I. An analysis of figure 3.18 in terms of the scale shown in the

figure and in terms of the wind field shows that at the time when the

winds cease in the storm (010000Z of February) point A is 1,000 NM
from the center of the leeward edge of the high wind area. The
fetch, that is, the area covered by the winds of 32 knots, is 600 NM
long. The width of the leeward edge of the.storm is 400 NM. The
time, fe,=0, will be 010000Z of February, 1953.

2. The 32-knot winds existed to windward of the storm area from
the time that the front first passed out over the ocean. There was
a gap of several hundred miles between the high.wind area and the
coast -on 311200Z of January; the winds moved forward with the
storm area thereafter. Under these conditions, it is probably safe
to assume that the spectrum in the area designated by the rectangular
block is fully-developed and that it can be represented by the curve
labeled 32 knots in either of the appropriate co-cumulative spectra
charts of figure 2.4. The 32-knot winds have acted for over 24 hours
upon the high spectral components which travel with the group
velocity, and the lower spectral components, of course, are raised
quite rapidly. Therefore the steady-state sea condition over this
area ought to be represented most easily by this particular spectral
chart. This spectrum can extend all the way back to the windward
edge of the high wind area since the high wind area has been to
windward of the line shown at the latest time and there was at least
8 300-NM fetch up to the windward edge of the fetch a few hours
before. More refined forecasts would have to consider the much
lighter winds elsewhere as producing some low “period” waves of
very low height. In this particular forecast all wind outside this high
wind area will be neglected, and only the effect of this one generating
area will be considered.

3. This is a forward-moving storm which has died out in intensity
Therefore Filter III is needed. At t,,=0, which is 010000Z of Febrii-
ary, it is assumed that waves given by the 32-knot co-cumulative spec-
trum are present over this entire area. The wave-forecasting problem
is then to find out what spectral components can arrive at point A,
when they arrive, and how long they last.

4. Measure 6; and 6,. Since they are both to the right, their values
are positive; 6,=32.6° and 8,=49.4°.

5. On figure 3.17 the reading at 49.4° is 93 percent, and at 32.6°
is 82 percent. The difference yields an angular spreading factor of
11 percent.

6. From figure 2.9a, the lowest important frequency present is
0.0570. From figure 3.15, it takes 38 hours for the first spectral
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frequencies to travel the 1,000 NM to point A. For convenience, the
forecast verifying times will be for 36 hours, 48 hours, and 60 hours
after 010000Z, and at 12-hour intervals thereafter.

7. Table 3.5 has been prepared in order to carry out the forecas
for the times suggested in step 6. Use the dispersion diagram, anc
find ‘the values of f, for the-time indicated in table 3.5. Use a valus
of R, of 1,000:NM. Also, find the values of T, from the diagran
(or compute 1/f;). These values are entered in row 1 of table 3.5.

8. Use the dispersion disgram again, and find the values of fs anc
Ty for R,+F=1,600 NM. These values are entered in row 2.

9. Use the co-cumulative spectrum for 32 knots. Find the values

-of E for the different values of ;. These values are entered in row &

10. Use co-cumulative spectrum for 32 knots. Find the values 013
E for the different values of f,. These values are entered in row 4,

as E(f,).

11. Find the value of E(f,)—E(fs). That is, subtract the smaller!;
number obtained in step 9 from the larger number obtained in step

10 and enter the result in row 5 as the difference. This is the value’

of E which would be present at the point of observation if there were,

no angular spreading in the storm.
12. Multiply the value obtained in row 5 by 11 percent as given in
step 5 above. )
N/__l3. Take the square foot of the result of step 12. Row 7 tabulates
E.
14. Compute the needed height data. For example, the significant:
heights are given in row 8.

Final Forecast for Point A (Example 3.7)

AT POINT A, IF THIS IS THE ONLY STORM PRESEN’
THAT CAN AFFECT THE FORECAST, THE RESULTS OF
TABLE 3.5 SHOW THAT A LONG LOW SWELL TRAVELING
TOWARD THE SOUTH WITH THE SIGNIFICANT HEIGHT
OF 1.38 FEET WILL APPEAR IN 36 HOURS (0212007 OF FEBRU-
ARY). IT ‘WILL HAVE AN AVERAGE “PERIOD” OF ABOUT
19 SECONDS. THE VALUE OF 29 SECONDS IS FICTITIOUS

BECAUSE NO ENERGY IS PRESENT IN THE SPECTRUM .

AS HAS BEEN SHOWN IN CHAPTER II. TABLE 3.6 LISTS
THE FORECASTS WHICH CAN BE MADE AT LATER TIMES
FOR -A NUMBER OF DAYS AFTERWARD AS THE WAVES
CONTINUE TO ARRIVE AT POINT A FROM THE ORIGIINAL
HIGH WIND AREA.

114




€60
£8°0

11

o1

21

z

(e°L) 861
(S°¥) %3 -

g gl
8 'Sl
€%
(6°L) 951"
(6°%) 905

251
St 0

0902

9 '8l

e

2 )

(88) ¥I1°
(9-¢) 821

PRI
18°0

¥9 G

¥3

e

L

(8°6) go1 "
(5% 9) 91°

------- ininieteiedeleehelhdedeleieie bt § £ B T

..... s s
TommmmmossssommsssmmmmesEEesTs TommmoomomommossscsemctHN L
Srmmmememmeemes ettt ieluieluieiebiet 7 § B
nillullli!lllllnlnunllnnllnilllnuvuqa,-..u.n..n..lnlnn.nv-_v.—vh__ﬁu ‘¢
memmemmsmemmssmsmasosooses memmmmeoens ekttt /4 WA &
mmmmoecemsom- ettty R bbb (75 F g -

ToSmmmsmTessomTmmEmmeosommEommammmnmT ) T

mrmmmmmmsTeess Seemmmmmsmmecemmemmemmm G 00

Z0000£0
s£ep 9
Y

2002196
‘SI T SAep ¢
Sy Zet

2000090
sfep g
Sy 081

72003190
Sy g1 sSep ¥
sy 801

“qaq ‘dw-Ae(
sy *sfu(q
ETHIAN

29°1

6570

Se

8°1¢

8°1¥

(1]8

arn 160 -
(6°9) s¥1°

181
¥9 0
A 2
¥ 8¢
1°¥¢
¢l
(¢21) 080"
(6°L) 231"

00°3%
G020

c6 F

0 'St

002

083
(2%1) 890
(¢6) 11°

181
90

91 ¥

6°L¢

8 ‘6L

6 1¥

(g -L1) 280
(11) 160 °

St 0

86 °1

081

0°c8

019

TT) 9t0 -
L€l €20°

bbbk §E IREIT

Lo

s<

STonmmmmEsSTmsSToseTEcenTTUUN

10 e 2=

(=T

R Rt A §
B beleb b 5 TT O 5 ) 1 g
Ehinieh et V) ¥ |

M VO I §

<

PR
vl~8
’
.
*
L]
¥
L]
L]
1
]
I
t
'
¥
v
¥
[
1
[
[
)
—~
-
&
St
'v!:
ni sl o

Peo” .
1) ggot  tToTmTeITTemmmmeemmiEL)—

o~~~

TS T DA -
N .

-] =

~

2000050
s{sp »
"SI 96

o - o

20021%0
‘Suy gy sfep ¢
*SItf 18

Z,0000%)
ssep g
Y gL

20051£0
‘SIY 31 sAep g
Y09

2000080
sfepg
"SIy 8t

£002150 *‘qag ‘awutl-ate(l
gl Lepy ! sy ‘sf{e(q
g 98 awy,

(2°g adurexy) V Yo 10j 1582310§—C'C dqEL




Table 3.6—Final Forecast Data for Point A

Signifi- Signifi-

cant ht. “Perfod” e cant ht. *‘Period” range

(rounded (rounded o . (rounded (rounded off)

Date-time Feb. off) foet set. Date-time Feb. off) feet sec.

0206007 - . ... S 0500002 . . ... ] =11
021200%. . . ... L5 18-21  0513}00Z....... 5 6-10
030000Z....... 4 15-21 060(;‘QOZ ....... 4 6-9
0312007 . _ ... 5 11-17 0612007 ___.. 4 5-8
0400002, _ ... 6 10-15 070000Z. . . ... 3 4-7
041200%. . ... 6 813
Comments

This example of a forecast for point A looks s ’fhough it might be
a lot of work. But consider that a forecast J:as been prepared for the -
point of observation for 7 days, as far as this particular storm is -
concerned. The E values at this poini 2an be added to any other
E values that may arrive at the same time for other storms to give the
total effect.of the waves present. Note also that the forecast tells
when the waves will cease, and it gives a great amount of detail about
‘how the waves change from day to day. The waves at point A will
actually last about 5 days, and 36 hours will be required for the first
waves to arrive. Thus the forecast extends in time for 7 days, and
the effect of this storm tekes 7 days to become negligible at point A.

Forecast for Point B (Example 3.7)

THE 32-KNOT WIND AREA NEVER REACHES POINT B.
ON 010000Z OF FEB., POINT B IS 200 NM AWAY FROM THE
CENTER OF THE LEEWARD EDGE OF THE STORM. AT
THIS PARTICULAR TIME THE WINDS DIE DOWN. VERY
RAPIDLY IN THE STORM. THE PROBLEM THEN IS TO
FORECAST THE WAVES AT POINT B FROM 010000Z ON
INTO FUTURE TIME.

Analysis of Forecast for Point B (Examplc 3.7)
The steps in the preparation of a forecast for point B are given
below. .

1. The weather map data were given previously in figure 3.18.
From the data given R, is 200 NM, the fetch =600 NM,
the width of the storm W, is still 400 NM, and £,,=0 is still
010000Z of February 1953.

2. The same spectrum is present in the storm as in example 3.7
for the forecast of the waves at point. A.
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3. The same filter is needed, but R, is only 200 NM; R+ F is
only 800 NM. Filter III is needed.

. Measure 0, as —45° and 6, as 4-45°.

. ‘Enter diagram for angular spreading factor. The reading at
45° is 91 percent; the reading at —45° is 9 percent; therefore
the angular spreading factor is 82 percent.

6. The lowést important frequency present is 0.05. It takes
6% hours for the waves of this frequency to arrive. It takes
a small amount of time for the waves to build up after they
arrive, so for point B a forecast for the waves after 9 hours,
12 hours, 18 hours, 24 hours, and so on will be prepared until
the waves cease at point B.
7. Repeat step 7 as in previous case for .point A Use
R,==200 NM.
8. Repeat as in previous example for point A. Use R,+ F=800
NM.
9. Repeat as in previous example for point A.
10. Repeat as in previous exemple for point A.
11. Repeat as in previous example for point A.
12. Multiply the value found tabulated in row 5 of table 3.7 by
82 percent as given in step 5 above.
13. Repeat as in forecast for point A.
14. Compute height data.

Table 3.7 gives the values which are obtained for the forecast for
point B. The waves are forecast at 6-hour intervals for the first day,
and then at 12-hour intervals when the height of the waves becomes
less important.

Final Forecast for Point B (Example 3.7)

AT POINI B, IF THIS IS THE ONLY STORM THA'T CAN
AFFECT THE FORECAST, THE WAVES WILl, BEGIN TO
ARRIVE IN-6 HOURS, AFTER 010000Z OF FEBRUARY. THEY
WILL BE TRAVELING TOWARD THE SOUTHEAST, AND
THEY WILL BE QUITE SHORT-CRESTED BECAUSE OF
THE WIDE RANGE OF ANGLES GIVEN IN THE ANGULAR
FILTER. THE WAVES WILI, INCREASE RAPIDLY IN
HEIGH'T DURING THE FIRST 18 HOURS, REMAIN FAIRLY

[SLE 8

. CONSTANT FOR THE NEX'T DAY, AND DIE DOWN COM-
" PLETELY DURING THE NEXT TWO DAYS. TABLE 38

SUMMARIZES THE FORECAST DATA.
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Table 3.8—Final Forecast Data for Point B

i Signifi- Signif- '

E‘ cant ht. “Perlod’ range cant ht. ‘'Period” e

a (rounded (rounded off) (rounded (rounded o

2 Date-time Feb. off) feet sec. Date-time Feb, off) feet sec.

2 10600Z. - __.. 0 ~  030000Z....... 17 0-12
D10900Z .. ..... 10 15-21 030600Z._..... 15 0-10
0112007,.. ..... 16 13-21 031200Z2...._.. 12 0-9

4 D11800%. ...... 21 7-21 0400002 ... ... 9 0-7
3200007 . . ... 23 6-21 0412002 . _...._ 7 0-6
020600Z. ...... 22 4-18 050000Z. . ..... 4 0-5
021200Z....... 21 0-15 0506002 . ... ~4 0-5.
021800Z._ ... 19 0-13

Comments

The results of the forecast for point B show that the waves arrive
more quickly, build up higher, and die down sooner than they do at
point A. The forecast extends over a forecast time of 4 days instead
of 7 days as in the example for point A. Only 9 hours are required
for the first waves to arrive as contrasted with 36 hours at point A,
and the waves last only 3% days instead of 5 days as they did at point
A. The closer a point is to a storm, the sooner the waves pass that
point.

Forecast for Point C (Example 3.7)

FIGURE 3.18 SHOWS THAT THE COLD FRONT PASSES

POINT C AT 311800Z OF JANUARY. NO SPECTRAL COMPO-

NENT IN THE WAVES GENERATED BY THE 32-KNOT

3 WINDS BEHIND THE FRONT WILL TRAVEL AHEAD OF
3 THE FRONT BECAUSE THEIR GROUP VELOCITIES ARE
4 TOO LOW. CONSEQUENTLY, THE WAVES PRESENT BE-
FORE THE FRONTAIL PASSAGE WILL BE LOW SOUTHERLY
WAVES CAUSED BY THE WINDS SHOWN IN ADVANCE
OF THE COLD FRONT. AFTER THE FRONT PASSES, THE
WAVE HEIGHT WILL JUMP TO A VALUE CORRESPONDING
TO THE VALUE OF E AT 27 HOURS ON THE DURATION
GRAPH OF THE CO-CUMULATIVE SPECTRUM FOR 32
KNOTS. THIS IS TRUE BECAUSE THE WINDS HAVE
ACTED ON THE WAVES JUST BEHIND THE FRONT EVER
SINCE I'T' CAME OFF THE LAND, AND THIS DURATION IS
A" LEAST 27 HOURS. THE HIGHER PERIOD COMPO-
NENTS IN THE SPECTRUM THEREFORE TRAVEL RIGHT
ALONG WITH THE WINDS A" ALMOST THE VELOCITY
OF THE WINDS, AND THE WINDS HAVE ACTED CON-
TINUOUSLY TO GENERATE THEM. THE AREA COVERED
BY THE 32-KNOT WIND I3 OVER 400 NM LONG, AND TO
WINDWARD OF THE AREA SHOWN ON THE LAST MAP
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WHERE THE WINDS ARE 32 KNOTS, THE WINDS ONCE
WERE 32 KNOTS IN STRENGTH. THEREFORE IT IS
PRACTICAL (AS STATED: AT THE BEGINNING OF THIS
EXAMPLE) TO ASSUME THAT THE AREA IS COVERED BY
A SPECTRUM OF FULLY GENERATED WAVES CORRE-
SPONDING TO A CO-CUMULATIVE SPECTRUM FOR 32
KNOTS. CONSEQUENTLY, AT THE TIME OF THE FRONTAL
PASSAGE (311800Z), THE WAVES WILL JUMP TO A SIGNIFI-
CANT HEIGHT OF 25.8 FEET AND HAVE A “PERIOD”
RANGE FROM 5 SECONDS TO 17.5 SECONDS. THIS JUMP

TO THIS HEIGHT WILL OCCUR IN JUST A FEW HOURS

AFTER THE PASSAGE OF THE COLD FRONT, POSSIBLY IN

AS SHORT A TIME AS 45 MINUTES AFTER THE PASSAGE
OF THE FRONT.

THE WAVES WILL MAINTAIN THIS FEIGHT AND -

“PERIOD” RANGE FOR THE NEXT 6 HOURS WHILE THE

WINDS CONTINUE TO BLOW AT 32 KNOTS. THEN THE
"PUSH OF THE COLD FRONT WILL. BE WEAKENED, AND .

THE WINDS IN THIS AREA WILL DIE DOWN IN JUST A
FEW HOURS, AS ASSUMED BEFORE. THEN THE PROBLEM
OF THE WAVE FORECAST AT POINT C IS TO FORECAST
THE WAVES AT 6-HOUR INTERVALS UNTIL THEY DIE
DOWN AFTER THE WINDS HAVE CEASED BLOWING

OVER THIS 600 NM LONG, 400 NM WIDE AREA IN WHICH |

THE WAVES EXIST.
Analysis of Forecast for Point C (Example 3.7)

The steps in preparing a forecast for point C are given below.

1. The point at which the forecast is to be made is 400 NM from
the windward edge of the area in which the waves exist. It
is also within the fetch area.

2. The spectrum is fully developed, and it is still given by the
curve for 32 knots in the co-cumulative spectrum,

3. Filter 1V is neceded since the decrease of the waves in the fetch
is needed.

4. No computation of 6, and 6, is needed.

5. The angular spreading factor is 1009,.

6. A full spectrum is present at 010000%Z. The problem is to fore-
cast waves for 6-hour intervals thereafter,

7. fr=ofor each forecast because all spectral coniponents are
present at the start of the forecast time.

8. Use the dispersion diagram. Find the value of f; and 7; for
Fo=400 NM. Sce row 2 of the table.

8. Repeat all steps 9 through 14 as in previous c\nmplcs
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~ The results of the computations for forecasting the waves at point
. C are given in table 3.9, as referred to in the above steps of the previous
. examples.

. Final Forecast for Point C (Example 3.7)

AT 311800Z THE WAVES WILL JUMP TO A SIGNIFICANT
HEIGHT OF 26 FEET WITH A “PERIOD” RANGE FROM 5
TO 18 SECONDS WHEN THE COLD FRONT PASSES WITH
32-KNOT NORTHWEST WINDS BEHIND IT. THE WAVES
:‘ WILL APPEAR TO BE TRAVELING TOWARD THE SOUTH-
EAST AND WILL BE VERY SHORT-CRESTED AND QUITE
CHOPPY. THIS SIGNIFICANT WAVE HEIGHT AND “PE-
RIOD” RANGE WILL BE MAINTAINED FOR 18 HOURS
AFTER THE WAVES FIRST BUILD UP TO THE HEIGHT OF
k i 26 FEET. IN THE NEXT 6 HOURS THE WAVES WILL DIE
DOWN ONLY 3 FEET IN HEIGHT. THEREAFTER, THE
WAVES WILL DECREASE IN HEIGHT, AT FIRST GRADU-
ALLY AND THEN RAPIDLY UNTIL ON 030600Z THEY WILL
BE ONLY 3 FEET HIGH AND VERY SHORT IN “PERIOD.”

THE FINAL FORECAST DATA FOR POINT C ARE TABU-
$ LATED IN TABLE 3.10. NOTE THAT THE WAV, ES DIE
,é DOWN TO PRACTICALLY NOTHING 'TWO DAYS AFTER
; - THE WINDS CEASE OVER THE AREA IN WHICH THE

WAVES HAVE BEEN GENERATED.

A Summary of the Forecast Results

In this rather detailed example which has just been carried out,
: three points have been chosen at which a forecast is to be made, given
3 the current and past weather maps. A forecaster would have
Y to know that at 010000Z the winds died down markedly in in-
tensity behind the front. This forecast example then shows the major
effects of dispersion and angular spreading at the three points of
interest. The farther away the point of interest is from the fetch
area, the lower the waves will be and the longer it will take for them
to pass. If the point of interest is at a moderate distance, the waves
are quite high and take a shorter time to pass as compared with the
distant point. If the point of interest is within the generating area,
the important thing to note is the distance from the point of interest
to the windward edge of the fetch arca. Then with the use of Filter
1V, the time it takes the waves to die down after the wind has ceased
can be forecast.

This forecast example shows quite markedly many features which
are of great importance to the practical forecaster. He not only wants
to know the height of the highest waves which will pass a given point,
but he also wants to know how long the waves will last and how they
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Table 3.10—Final Forecast Data for Point C

Sigoifl- .- Signifi-

cant hit. “Period” ran cant ht. *'Period” range

(roonded (rounded (rounded (rounded off)

Date-time Feb, off) feet sec., Date-time Feb. off) feet sec.

31180CZ .. ... 26 (0)5-18 020600%.. .. - -- 13 (0)5- 8
010000Z . . ... 26 (0)5-18 021200Z_.___ 10 0)5- 8
010600Z. .. 26 (0)5-18 021800% . . ... 8 0)5- 6.6
0112002..... 25 (0)5-18 030000Z. . ... 6 0)5- 5.5
011800Z._ ... 24 (0)5-15 030600Z_ . ___ 3 (0)(5-5)
0200007 .. .- 18 0)5-11

will change from déy to day. This forecusting procedure gives these
data and makes it -poszible to compute in a logical way the entire
sequence of waves that pass a given point and to say something about
when the waves will stop and what they will look like over-a long
period of time.

_This forecast example is also very important because it graphically
illustrates the major feature of this wave-forecasting theory. This
major feature is very simple: if the various spectral components in the
total sea in the fetch area can be kept track of and propagated in the
proper direction with the proper group velocity, then they can be
reassembled by computing their E values at any point of observation
and the height and “period” range at the point of observation can be
found. Thus the waves can be forecast at any point after the winds
which generated them have ceased.

There is one last very important fact about this forecast example.
It is that the forecast example oversimplifies nature. It neglects the
effects of the winds of lower velocity surrounding the generating area.
It also oversimplifies by assuming very sharp boundaries for the fetch
area. For more critical forccasts where such simplifications cannot
be employed, it is possible to obtain bounds on the forecast heights by
assuming the fetch to be at a minimum of 500 NM and at a maximum
of about 700 NM: 'Then by carrying out a double computation, using
each value for the length of the fetch, a range of heights can be
obtained, and the true value will be known to lie between these two
computed values. Similarly, if any parameter of the filter cannot be
determined precisely, then it is advisable to use the best estimate,
a greatest possible value, and a least possible value for this parameter.
Forecasts for cach of the three conditions can be carried out and
the best height forecast can then be bracketed by a least height. and
a greatest height forecast. The forecaster can then assign a certain
amount of reliability to the finai results in terms of these bounds.
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A Slightly More Complicated Case (Example 3.8)

SOMETIMES IT IS NOT SUFFICIENTLY ACCURATE TO
ASSUME THAT THE SAME SPECTRUM COVERS THE EN-
TIRE AREA IN WHICH THE WAVES HAVE BEEN GEN-
ERATED. FOR EXAMPLE, CONSIDER A POINT AT WHICH
A FORECAST IS TO BE MADE WHICH IS LOCATED 400 NM
OFFSHORE .FROM A LARGE LAND MASS. SUPPOSE THAT
WIND OF 36 KNOTS HAS BEEN BLOWING FROM THE LAND
TO THE SEA FOR OVER 3 DAYS. THEN BY THE RESULTS
OF CHAPTER II IT WOULD BE POSSIBLE TO FORECAST
WHAT WAVES WERE PRESENT WHILE THE WIND WAS
BLOWING AT 36 KNOTS. NOW SUPPOSE THAT THE 36-
KNOT WIND CEASED TO BLOW AT 0306002, OF MARCH
1953, AND THAT THE WIND DIED DOWN TO, SAY, 10 OR
15 KNOTS AND REMAINED LOW FOR SEVERAL DAYS.
THE FORECAST PROBLEVI IS TO FORECAST HOW RAPIDLY
THE WAVES WILL DIE ‘DOWN AFTER THE WIND HAS
CEASED TO BLOW.

Analysis of Forecast for Example 3.8.

At the time that the wind ceases, the waves present are characterized
by thé intersection of the co-cumulative spectral curve for 36 knots and
the 400-NM fetch line on figure 2.4d. For these conditions E=113 ft.2.
The lowest frequency present is approximately 0.065, which corre-
sponds to a highést “period” present of 15 seconds. Thus while the
wind was blowing, the significant height was 31 feet and the “period”’
range was from 15 seconds to about 5.6 seconds, as shown in Chapter
II.

The important Loint of this example is that E is not 113 ft.? over
the entire fetch; and if Filter IV is used, the windward edge of the
fetch, namely F,, is different for the different spectral frequencies
present at the points of observation.

Figure 3.19 illustrates this. At the point 400 NM from the shore
the wave conditions just described are present; but if a point 300 NM
from the shore is picked, E is only 76 ft.2, the significant height is
only 24.7 ft., and the lowest frequency present is 0.082. Points
closer to the shore and farther away from the point of observation
have lower and lower values of E and consequently lower and lower
values of significant heights and higher values of minimum frequency.
All these values are shown in figure 3.19b; they can be read off in a
matter of seconds from figure 2.4d, the co-cumulative spectrum.

Over the first 100 NM to windward of the point at which the fore-
cast is to be made, E is greater than 76 t.? because E increases con-
tinuously the farther away from the coast the point of observation
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entire arag o few
hours before, Winds
ore now very light.
50NM E=7 H,gq= 78feet

fi= 0158
’ /IOONM E=18 Hyg=12.2feet

f;=0.125

200 NM Ex 44 Hg (8.8 feet

2~ 4 =0098

/300 NM E=76 Hyg=24.7feet
120082

400 NM E= 113 Hyjq=31 feet
f; =0.065

Fiqure 3.19 Fetch-limited waves.

is located. Therefore, all the energy in the waves at the point 400
NM from the coast which is associated with frequencies between
0.065 and 0.082 is present only over this short distance of 100 NM.
When the spectral frequency associated with the point labeled 300
NM which is 100 NM to windward of the point of forecast moves
past the point of forecast after the wind ceases, the value of E at the
point at which the forecast is to be made will drop from 113 ft.? to 76 ft.?
The problem then is to determine how long it takes a spectral fre-
quency of 0.082 to travel 100 NM. From the dispersion diagram
(fig. 3.16), it can be determined that the time required is 5.5 hours.
Therefore, 5.5 hours after-the wind stops, the value of E will decrease
to 76 ft.2, the significant height of the waves will drop to 2417 ft.,
and the “period” range will decrease to values between '12.2 and
5.6 seconds.

A point 200 NM to windward of the point of forecast has an E value
of 44 ft.2 and a significant height of 18.8 feet. The frequency asso-
ciated with the significant height. is 0.098, and it takes this spectral
frequency 13 hours to travel the 200 NM. Therefore, 13 hours after
the wind stops, the significant height at the point of observation will
be 18.8 feet, and the “period”” range will be from 10.2 to 5.6 seconds.

These results can be summarized in table 3.11 for the remaining
points of interest. Table 3.11 shows, for example, that after 37
hours E will drep to 7 ft.2 and the significant height will drop to 7.8

125




TN T Ca R Lo o A St g

TR T LT T T

Cira

B S o

T

‘Table 3.11—The Decrease of Waves in an Area of Wave
Generation Limited by a Fetch

Qe Doweg Do RS CTESLEe
0 0. 085 0 113 31 15 -5.6
100 0. 082 5.5 76 24.7 12.2-5. 6
200 0. 098 13 4 18.8 10. 2-5. 6
300 0.125 26 18 12.2 8 -5.6..
350 0.'158 37 7 .8 6 -5.6

.feet. The important point is that only a fraction of the total fetch
has low frequency spectral components in it, and they, therefore, will
pass the point of observation in a much shorfer time than would be .
required if ‘they had to travel the entire 400 NM from the coast to
the point of observation,

Final Forecast for'Example 3.8

AFTER THESE SIMPLE COMPUTATIONS HAVE BEEN
MADE ON THE BASIS OF THE VARIATION OF WAVE '
HEIGHT’ WITH DISTANCE FROM THE COAST, THE RE-
SULTS OF THE COMPUTATIONS CAN BE TURNED AROUND.
THE RESULT IS TABLE 3.12, WHICH IS THE FINAL FORE-
CAST FOR EXAMPLE 3.8.

Table 3.12—Forecast for Example 3.8

Date-tlme,  Significant  **Period’ range
March seconds

height, feet
030600Z 31 15 -5.6
031130Z 25 12. 2-5. 6
0319002 19 10. 2-5. 6
0408002 12 8 ~5.6
0419007 8 ~6 =56

Comments

If the wind stops at 030600Z, and the waves are 31 feet high at
that time, they will drop to 25 feet in 5.5 hours, to 19 feet in 13 hewirs,
and.to 12 feet in 26 hours, simply because of the effect of dispersion.
The waves die down only because the rectangular areas associated
with the frequencies involved have passed the point at which the
forecast is being made. The waves are not dissipated by eddy fric-
tion, but merely have moved out of the particular forecast area.
The frequencies present at the rear edge of every storm and the times
associated with them, which they require to travel ; .ven distances,
are just as important as the frequencics at the forward edge of every
storm and the times they require to travel a given distance. These
frequencies define the arca covered by the envelope of the sine wave
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associated with that particular frequency. The application of this
principle in all forecasts permits a forecast of “how long the waves
will last at a given point.

The Use of the Distorted C. C. S. Curves

The distorted C. C. S. curves that were given in Chapter II can be
used to forecast wave propagation as easily as they can be used to
forecast wave generation. However, the E values at the various fre-
quencies must be read off very carefully in the preparation of the
forecast. For low frequencies, very small increments on the E scale
are as significant as large increments for high frequencies. The E
values should be estimated to-at least the nearest square foot in com-
puting all differences, and the frequencies should be measured from
the curve as carefully as possible.

Moving Fetches
Limitations on Filters

Filter II is-a filter awhich-can. be applied if the generating area is
stationary. Such conditions can occur if, for example, there is a
strong gradient hetween a stationary high and a stagnating low.
Filter III is a filter which can be applied if the generating area is
moving in the direction of the wind with the velocity of the wind in
the generating area. Such conditions, as described before, can occur
behind a well-developed cold front.

Isobaric configurations and the winds at the surface are in part
determined by changes at upper levels; hence, it is possible for the
winds over a generating arca to blow with a velocity, V, and for the
gencrating area to move in any direction with another velocity, or.
Such couditions are not completely treated by the filters that have
been given, although in many cases one or the other will be a fairly
good approximation.

Forecasts for Moving Fetches

It would appear that the sea in such generating areas can build up
by successive finite increments. The waves build up over the gener-
ating area for, say, 3 hours. Then the generating area as well as the
spectral components are found where they would have traveled in
three hours. ‘Then if the spectrum up to a frequency, fi. is present,
one moment of duration equal to the next three hours is added on to
the spectrum. The process is repeated at 3-hour intervals untii the
wind stops or until the time at which the forecast is to be made,
whichever is earlier.

After the wind ceases, the various spectral components cover areas
of different sizes on the sea surface. However, each area travels in

127

3
.




L

A e Ay

oot ab e ¥ s sy AR e

some direction with a known group velocity, and by computing which
frequencies can be present at a given point of forecast at a given time,
a forecast of the waves can be made at times after the wind ceases.
The problem of formalizing the procedures to be employed in fore-
casting waves for such cases has led to the introduction of some new

‘filters, which take into account the motion of the fetch.

Filter M-V

The first filter considered is designated as M-V. It pertains to the
following situation: A fetch of length, F, forms at t{=0. The wind
blows with a speed V. The fetch moves with velocity, vy, in the same
direction as the wind. The problem is to determine the energy in
the wave spectrum at shy desired point either inside or outside the
fetch area and at any time after t=0.

As the fetch moves with velocity vy, the length of time that the

wind blows at each point in the,path of the fetch can be found. If

the windward edge of the fetch takes a certain number of hours to ;

move past a certain point, then the duration at that point is given
by this number of hours, provided that the point was within the initiai,
fetch area. The “duration’ at a point in advance of the initial fetch
area is modified by the flux of energy (at group velocity) into the area
in addition to the energy received by the sea from the wind stresses.
This latter effect causes a reduced apparent duration time for points
in advance of the initial position of the fetch in using the co-cumulative
spectrum graphs. Or, stated another way, a given E value in the par-
tially developed sea is attained sooncr than would be expected from
a computation based on the observed duration of the wind at a point
to leeward of the initial position of the fetch. It resultsin an increased
gradient in the energy distribution at the leeward edge of the fetch.
In order to determine the energy-distribution at the leeward edge of
the fetch, the following relation is used for a region called the duration
control zone, the zone between the leeward edge of the fetch and the
region within the fetch where a steady state has been developed.

D= L " (op—1.515/0)d ~

N .
=3 (ny—1.515/f) A1 (3.11)

=]
AV
where 3 Ar=1
1

In equation (3.11), D is the distance from the leeward edge of the
fetch to a zone to windward where the component has duration time
equal to . This duration time, 7, holds only if the fetch has been in
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existence at least that long; otherwise the actual time of existence of
“the fetch should be used to determine E from the-duration graphs.
{ Furthermore, it should be mentioned that the choice of Ar in the above
formula depends on how rapidly 1.515/f (group velocity) varies with
the duration, r. Smaller values of Ar should be used in conjunction
with the larger variations of 1.515/f with .
To find the distribution of the energy at the windward edge of the

_fetch, consider the wave components that are left behind at the wind-

ward edge in the dispersion zone, where the fetch moves to leeward

faster than the group velocity of the higher frequency components.

In order to do this, determine the duration of the wind at a ‘point
located at the windward edge of the fetch area. This locates the rear
of the spectral component with the same duration time. It is then
necessary to' follow this component at its group velocity. This can
be done for any windward fetch position after the fetch first forms.

Example 3.9 (Filter M-V)

A FETCH 700 NM LONG STARTS TO MOVE DOWN WIND
WITH A SPEED OF 30 KNOTS. THE WIND OVER THE
FETCH HAS A VELOCITY OF 30 KNOTS IN THE.SAME
DIRECTION AS THE MOTION OF THEFETCH. THE WIND
LASTS 24 HOURS. WHAT IS THE STATE OF THE SEA AT
VARIOUS DISTANCES FROM THE WINDWARD EDGE OF
THE FETCH AT t=24 HOURS?

In this example Ar will be chosen as one hour since this is as fine a
reading as can be made from the duration graphs. The distribution
of energy at the leeward edge of the fetch is determined in table 3.13.

Table 3.13—Energy Front of the Moving Fetch in the
Duration Zone. (1-Hour Interval)

Dim Eiat1hr, D= Erat1hr.
(vF—L1.515, 2AD = Duratlon for (vF=—1.515, SAD = Duration for
ar (NM{ D(NM) 30-knot wind f)ar (NM‘ D (NM) 30-knot wind

25. 9 25. 9 .13 17.0 272.2 18.
25. 4 51.3 .21 16. 4 288. 6 21.
23.8 75. 1 1.0 15. 6 304. 2 23. 7
22.1 97.2 2.9 15.0 319. 2 20. 4
21,7 118.9 3.6 14. 1 3,.'}3 3 31.0
2.2 140. 1 4.8 13.0 316. 3 35.
20.6 160. 7 6.1 1.8 358. 1 40.
20.0 180. 7 7.0 10. 3 368. 4 44. 8
19. 6 200. 3 9.0 8.0 370. 4 5L 5
18. 9 219. 2 1.3 5.4 381. 8 56.0
18.3 237.5 13.1 2.3 384. 1 57.0
17.7 255. 2 15. 2 0 384. 1 58. 7
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The distribution of energy in the dispersion zone to the windward
of the fetch can be determined as follows:

The travel time of the windward edge of the fetch from its<initial
position to any point X gives the maximum duration time of the wind
for that point. The windward edge of the zone having a spectral
component corresponding to this duration is thus located. The
difference between the time of observation (¢=24 hours in the example)
and this duration time gives the travel time for the windward edge of
the zone having this particular component. This method provides a
complete check on the component (and therefore the energy) in the
dispersion zone to windward of the fetch area.

Following is the solution to example 3.9 which shows the way
the data chtained from the above procedures can be collected.

It can be observed from the tables that the fully developed sea
(E=59 ft.?») occurs at a distance somewhat less than 400 NM to
windward of the leeward edge of the fetch. If one were to neglect
the wave energy flux, the fully developed sea would :be computed to
occur 720 NM to windward of the fetch. This would mean that a
fully developed sea would be forecast to occur nearly 11 hours later
than is indicated sbove.

In table 3.14 there are 300 NM of fully developed sea indicated,
whereas reglect of wave flux will yield no area of fully developed sea.
The effect of energy flux is therefore of the utmost importance in
determining the distribution of encrgy near the leeward edge of the
advancing etch area.

Filter M-V1

If the wind blows in & direction opposite to the direction of propaga-
tion of the fetch, then the only difference that occurs in the above
considerations is in the relation:

D= f " (op4-1.515/f)dr
[}

N
§2(0r+1515/j()A1’| (3.12)
1

where the plus sign now appears in place of the minus sign.

The cause of this is the flux of energy (at group velocity) out of the
fetch area (since the energy now moves opposite to the direction of
propagation of the fetch). This effect requires an increased apparent
duration time for a given energy to be produced near the leeward
edge of the fetch area.
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Example 3.10

AS AN EXAMPLE OF THIS CASE, CONSIDER A FETCH
AREA 880 NM LONG, MOVING WITH A SPEED OF 30 KNOTS.
"THE WIND STARTS TO BLOW AT 30 KNOTS OPPOSITE TO
THE DIRECTION OF MOTION OF THE FETCH. THE WIND
AGAIN LASTS FOR 24 HOURS. THE PROBLEM IS TO DE-
TERMINE THE DISTRIBUTION OF ENERGY AT VARIOUS
DISTANCES FROM THE LEEWARD EDGE OF THE INITIAL
POSITION OF THE FETCH. NOTE THAT THE LEEWARD
EDGE IN THIS CASE IS NOT THE ADVANCING EDGE.

Table 3.15 shows that there is no region of fully developed sea
(E-59 {t.%*) anywhere. The effect of wave energy flux is to cause the
total wave energy to be distributed throughout the fetch-with a very
small gradient from windward to leeward. The difference in energy
distribution between example 3.9 and example 3.10 is due ‘to the
energy. being distributed over a large ocean area when the fetch moves
againgt the wind (example 3.10 but over a much smaller:area when
the fetch moves with the wind (example 3.9).

Filter M-VII

Finally, consider a very simple filter for a fetch moving along a
coast at & constant velocity with the wind blowing toward the coast
at an angle to the direction of propagation of the fetch. For simpli-
city, consider an east wind in a fetch moving north parallel to a coast
oricntated north-south. It is assumed that the wind has been blowing
a sufficient time for all significant components to have reached the
coast.

The purpose of this filter-is to project these significant components
upon the coast and thereby determine the distribution of E along the
coast. It should be mentioned that the coast need not be parallel
to the direction of motion. In fact, even if the coast is quite irregular
the projection method (to be described below) holds.

Example 3.11

AN EAST WIND IS BLOWING WITH A VELOCI'TY V WITH-
IN A FETCH THAT IS MOVING NORTHWARD WITH A
VELOCITY Ve. WHAT IS THE DISTRIBUTION OF ENERGY
AND THE STATE OF THE SEA FOR ANY POINT P AND ANY
TIME ¢? )

In order to determine the distribution of £ along the coast as
shown in figure 3.20, the following procedure is used:

Determine from the duration or feteh graphs the limiting frequencies
of components having significant energy. Corresponding to these
frequencies which will be denoted by fi, and fo(f:>/;) there exist the
group velocities 1.515/f; and 1.515/f; (1.515/f,>1.515/f;) and duration
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Fiaure 3.20 Fetch moving parallel to a straight coast at velocity V with a
wind blowing at right. angles to the direction of fetech motion.

times 7, and 7, (r,>1,), respectively. These components will be

generated at a distance Df,=vpr, and Df;=uvpr, from the north edge
¢ T

of the fetch and at a distance Do.=j;I (1.515/f)dt and Do,=j;

(1.515/f)dt from the windward edge of the fetch. In a unit time the
fetch will move north the distance ¢y, the fastest component will move
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west the distance i.515/f;,, and the slowest component will move
west the distance 1.515/f,, Adding thesé displacements vectorially as
indicated in the diagram, the projection is obtained, which determines
the boundaries of the significant components produced in the fetch.
In a similar manner the boundaries of all the components with fre-
quencies greater than f,, and less than f, can be obtained. In this way
the entire spectrum can (in a sense) be projected onto the coast as is
indicated in figure 3.20 and the energy E(f) determined along the coast
or anywhere over the ocean between the fetch and the coast. In this
example, it is seen that this projected system will move with the speed
of the fetch along the-coast. As mentioned before the projection can
still be made for irregularly shaped coast. For a wind blowing at

some angle to the direction of propagation of the fetch, the projection
T

is easily carried out where Df, now equalsj; [ve— (1.515/f) cos 6] dt,
T T

Df2=J; ’[vp—(l.515/f) cos 6] dt, D01=j; (1.515/f) sin 8 dt, and Do,=

j; " (1.515/f) sin 6 dt where 6 is the angle between the wind and fetch

velocity vectors. One has to subtract the fetch velocity vector from
the component velocity vector which is always aligned with the wind..

How Sea Changes Into Swell

The results of this chapter also explain how sea changes into swell.
Figure 3.9 shows how the sea spectrum is filtered so that only & nar.
row bund of frequencies is present at a point outside the generating
area, As was explained in Chapter I, a swell has a narrow spectrum.
The more distant a point of observation is from a given storm, the
narrower the band of frequencies present at any given time and the
more regular the swell. Compare, in example 3.7, the frequency band
present at point A at different times (table 3.6) with the frequency
band present at point B at different times (table 3.8). At point A,
for comparable parts of the spectrum, the band is much narrower
than at point B.

The “‘Peried’’ Increase of Ocean Swell

The highest swell to pass a given point outside the generating area
is associated with the frequency, fua, 8s given in table 2.1. The

period associated with fy,, is greater than the average “period,” T’
observed inside the gencrating area. For & fully developed sea, it is

equal to 4/2 T Therefore, the “period” of the highest swell will
become equal to /2 T at gre-t distances, but it will never exceed
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this value. If the average “period” of the waves in the generating
area is, say, 10 seconds, the average “period” of the highest swell
will not be much greater than 14 seconds.

Effects of Viscosity
Added Possible Effect of Viscosity

In all these forecast examples the waves have decreased in height
with time at a certain point because of the fact that the high periods
‘ (low frequencies) have traveled away from the point at which the
3 forecast is being made. In each case, toward the end of the forecast
‘ period, the frequencies present are high and the ‘“periods” associated
with them are low. These low “periods” have seldom besn observed
1 and reported on the open ocean. This is partly because there is
3 nearly always some light local wind present, and thus they may be
1 associated with the local winds instead of with the distant storm. .
i Also, these low “period” waves take so long to arrive that no one
looks ifor them. The storm that caused them is ‘“‘ancient’ history.
1 It also may be due to the fact that in addition to the effects of dis-
) persion and angular spreading these low “period” components are
dissipated by the effect of eddy viscosity. If this is the case, the
height forecast in all these examples toward the end of the forecast
time will be too high because the eddy viscosity effect will decrease
the height of the waves even further.

Question Not Settled

At the present time net enough correctly obtained wave observa-
tions of actual conditions have been made to permit a correct com-
putation of the effect of viscosity. The wave forecaster, as he de- !
velops experience, may be able to take this effect into account quan-
titatively. If these forecast low “period” waves do not show up in
clear cases where they should, then this effect of viscosity is impor-
tant; but, until careful observations are made in well-defined situa-
tions where these low “period” waves should show up, this question
cannot for the moment be settled one way or the.nther.

Cross and Head Winds

The above statements have to do with very simple cases in which
the waves propagate through areas of relative calm. In situations
where waves from one storm travel at an angle to waves generated
by local wind, with frequencies the same as for the traveling waves,
the traveling waves will be dissipated. Little white caps and breakers
will form every time a wave builds up beyond a certain height.
Each time breaking occurs, a certain amount. of cnergy will be dis- *
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sipated. Part of the dissipated energy will be resiored to the local
waves a8 the local wind continues to blow. However, the energy
dissipated from the waves traveling from the distant storm cannot
be replenished. It will be lost and result in a corresponding decrease
of those waves. Consequently, in any practical case where the tra-
veling waves encounter obliquely a local sea having the same spectral
components, they should not be forecast to arrive at the distant
: point of forecast.
. As already stated, not enough is yet known about the effect of
; viscosity for quantitative results to be given at the present time. It
: is suggested that the forecaster keep records of such situations and
verify his forecasts very carefully in order to form an estimate in his
4 own mind of these effects, so that his forecasts can be modified by
3 experience when it is suspected that the effects of viscosity will be
3 important.

DeZagtit s dc o ot i 4

o

Forecasts Finally Merge Into Local ‘‘Sea”

Of course, in all these examples the point at which the forecast is
to be made will have some light local wind after the stronger wind,
which produces the really important waves, has died down. If the
forecast table shows that the waves will finally decrease to heights
which are comparable to those produced by the light local winds, then
the forecast should be stopped at this point. Thus in example 3.10,
if at 041900Z of March the local winds instead of being exactly zero
were 14 knots, then shortly after 0419007, the forecast values for the
point of observation would merge with a significant height of 3.26
‘ feet, and it would not be worthwhile to continue carrying out the
4 calculations on the basis of the waves caused by the 36-knot wind at
0306007,
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Chapter IV

1 WAVE OBSERVATION TECHNIQUES
Introduction

s,

TRY AT

Purpose of Chapter

The purpose of this chapter is to describe how to observe waves
correctly. A poor wave observation might lead to the conclusion
that the forecast was wrong, whereas verification énd not the fore-
caster would be at fault. " This is most easily shown by figure 4.1
which gives wave records taken at a very reduced speed. As a con-
3 sequence, the waves appear all run together. The records are several
] hours long, and the time scale shows that there are intervals on the
] record where the waves are quite low for as much as 5 or 10 minutes.
4 There are other intervals on the record where the waves are quite high.
If an observation is made for a time interval of the order of 5
or 6 minutes during which the waves are low, the average wave height
will be considerably lower than the forecast value. Conversely, if
the observations arc made for a period 4 or 5 minutes long during
which the waves are quite high, the observed average wave height will
be considerably higher than the forecast value.

If an observation is'made for at least 15 midutes and preferably
longer, and if enough individual values are recorded, then the average
wave height will be truly representative of the forecast value. The
reasons for this effect were given in Chapter I, where it was shown
that certain height ranges, depending upon the value of E, would
occur. A serics of waves, all of a nonrepresentative height range,
can persist for only a fraction of this time. An average based upon
a shorter time of record will not be.adequate.

Theory of Correct Observation Methods

istablishment of correct wave observation procedures involves
considerations of sampling theory. The problem is, basically, how
long must the waves be observed in order to get a reliable average
height, or a reliable average “period.” Also, how many individual
values should be recorded before the total group of values will begin
to approximate the distribution given in the tables of Chapter 1.
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Ficure 4.1  Some veéry: condensed wave records.

If only 5 or 10 values of the wave height are recorded, they can differ
markedly from those distributions. It will be very difficult to
cstablish the correct value of E for the particular observation. It
can be shown that if about 100 wave heights are observed, a distribu-
tion will be obtained that will suffice for the vast majority of cases.
The observation will then be reliable.  When there is not enough time
to get as many ohscrvations as 100, possibly 50 will do; but any small
number of wave heights observed at random is likely to give a very
unreliable representation of the wave height distribution and of the
value of E.

As an example, consider & box of colored marbles, with 40-percent
red marbles and 60 pereent black ones.  If a person were to reachinto
the box of marbles and pull out a handful, and from that handful try
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to decide without knowing beforehand, the percentage of one color as
compared with the other, he would get different results depending upon
the size of the handful he took. If he took only two merbles, he could
get either two red, two black, or one red and one black. No ratio of

" the sample values would then correspond exactly to the 40 percent
, red and 60 percent black. Consequently, he could not know what the

true value was on the basis of just two marbles. If the person were
to pick 20 marbles, then of a large number of the different possible
handfuls of 20, a great many would approximate the values of 40
percent and 60 percent. Some handfuls though, would still be off
one way or another and show a wrong percentage. There is always
the probability, no matter how remote, that a given series of.observa-
tions will give a poor value of E, but if the observation consists of a
large number of values such as 50 or 100 individual heighis, the
probability becomes extremely small. '

Similar statements also hold true for the observation of “periods”
and “wave lengths.” The observation of heights, “perieds;” and
“wave lengths” will be discussed in this chapter.

Two Purposes for Wave Observations

The observation techniques described in this chapter are given for
two purposes. The first purpose is to show the forecaster -how to
verify a forecast. A forecast verified by a poor observation will‘not
be verified correctly, and erroneous conclusions will thereforé be
drawn. Thé second purpose of this chapter is to show how to collect
adequate wave data for scientific purposes. Most wave data today
are taken and organized very poorly and do not show the basic features
of the sea surface, in which scientists have become interested. These
better techniques are needed in ovderto improve, -extend, and unify
the methods given in this forceasting manual.

General Observations

Before cach wave observation is made for which a record is to be
taken and forwarded to some central collection agency, it is necessary
to record some general data which are very useful in working up the
observation. ‘These data are shown below in table 4.1.  Many kinds
of information are requesicd concerning the nature of the weather
and the tyne of ship on which the observer is located.

It is also necessary to inckide a copy of the logged weather report
for the past 24 hours or for the time since the last reported wave
observation. This will permit people who are studying the records
to obtain reliable estimates of the average wind speed, of the variability
of the wind, and of the other important factors in order to prepare
wave forecasts for themselves and to.check the observations with the
theory.
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Table 4.1—General Data Needed for all Observations

Date . _o.oo.. .

Time of observation from ..._.. Zto ... Z.

Ship location ... Lat. _.___. Long.

Length of ship ._.. feet. Beam (width) of ship ..._ feet.

‘Speed of ship ... knots ._.__. course,

Wind speed (irue)t ... knots. Wind direction (true)! .._..
Character of wind. ... Very gusty. ._.___ Gusty.

...... Strong and steady. _..... Weak anid steady.

...... Weak and variable. ...... Calm.

Sea temperature _.... Air temperature ._...

Type and class of ship ... oo rcanas hemmeremmescmamamne=
Height of metacenter .. ccnceevsccermcccccveonmmamcanmanan= cau
Natural rolling period . .o onoo v aaeaea ———-

U]t the air mass is unstable and/or wind speeds are high, variations in wind direction and gustiness are
common, Record maximun gust «vve.enn. . knots and variations in observed wind direction over a period
reading of as much as £40°( ), £W°( ), £20°( ), £10°( ), £0°( ). Assuming the total time for sl
observations to be an hour or more, take five readings during this period of the wind and use the aversge
for the wind speed and direction recorded above. Note also minimum reading of wind spead .. ...
knots and maximum reading ...... . . knots of the five readings.

The above tabulation of general data includes information on the
type of ship, on the dimensions of the ship, and on the various
atmospheric conditions which exist at the time of observation. The
data on the type and physical characteristics of the ship are needed
because it-may be possible to derive methods for actually forecasting
how the ship will respond to a given wave system. If this can be
done, one of the ultimate goals of the forecast. will be realized, because
in many applications to practical cases, people do not really care what
the waves are doing. They are really interested in what the ship
does because of the waves. 1If this can be forecast, the information
will be most valuable. Some applications of this information on the
characteristics of the ship will be given in Chapter VII. The informa-
tion requested about the wind is a little more detailed than usual, but
this is because it is believed that a very gusty wind, even with the
same average velocity, will cause a type of wave structure different
from that produced by a steady wind of the same average velocity.
The turbulence in the wind for the gusty case might. conceivably
produce a broader, higher spectrum.

The Observation of the ‘‘Peiiods’’

There is no such thing as a period in an ocean wave rocpr(l or in
actual ocean: waves because the wave pattern never repeats itself.
However, an important visual observation consists of the tabulation
of the time intervals between suceessive crests, that is, the “periods,”
as defined in Chapter 1. Consider the wave records shown in Chapter
I. It should be possible, whiie watching the waves pass a fixed point,
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to start a stopwatch at the time that a given crest passes that point
and stop it when the next crest goes by. This procedure gives a
certain time interval. If enough of these values are.recorded and
tabulated, the result is a frequency distribution of the “periods.”
{(See figures 1.6, 2.5a, 2.5b, and 2.5¢.)

Difference Between the Frequency Distribution and the Spectrum

This frequency distribution has something-to do with the spectrum
of the waves, but it is not the same thing as their spectrum. Con-
sider, for example, & very low wave with a time interval between
‘crests of 5 seconds and a considerably higher wave with a time interval
between crests of, say, 10 seconds. Now suppose low waves with a
time interval between crests of 5 seconds occur 20 times, and high
waves with a time interval between crests of 10 seconds occur only
10 times. Then in the distribution of these time intervals the maxi-
mum will be near the 5-second time interval, and the lower value-will
be associated with the 10-second interval. Yet, looking at the dis-
tribution, one would think that the 5-second waves were more ini-
portant. Obviously, that is not the case.

Difference Between a Sea and a Swell

In. a sea the time intervals between crests can vary over a con-
siderable range, as shown in Chapter II. As an example,.for a wind
speed of 32 knots, it was shown that the “periods” could vary from
5 to 17.5 seconds, and any intermediate value could occur. It was
also shown in Chapter II that the average “period”’ was related to the
shape of the spectrum, and that the averages of all these values were
considerably lower in “period” than the period associated with the
maximum energy in the spectrum of the waves, In a swell the
“periods’ are clustered more nearly about the period corresponding to
the central frequency of the range of frequencies in the band present
at the time of the observation.

Method of Observation

The best place to observe the time intervals between successive
crests of the wave system is from a high point on the ship such as the
mast or the deck above the bridge. look one or two ship lengths
ahead to windward. Pick out a mark, e. g., a large foam patch, a
clump of scaweed, or any other drifting object which is easily seen
and at a relatively fixed point on the sea surface. A piece of an
empty wooden food crate makes a good marker. It can be thrown
overboard and followed for a long time if the ship is not moving too
rapidly. By keeping the mark in sight. as long as possible and
recording the time interval between the crests as they pass this mark,
a representative series of observations can be obtained.  When the
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mark passes out of sight, a new one can be used and the process
repeated until a sufficient number of values has been obtained.

The mark will .bob up and down as the waves pass. Start a stop-
watch when the mark is at the top of the wave and stop it when it is
at the top of the next one. Write down the.time interval-that results.
Repeat such measurements for 50 to 100 observations and report each
individual value of the reddings.

If two observers are available, teain work helps in getting the
observations made more quickly. ’In fact, continuous measurements
of the “periods” can be taken.

The two observers take-a high place of observation together. Each
observer should have-a stopwatch. Observer A observes the mark

while observer B.is ready to note the individual values. A starts his

watch when the mark is at the crest of a wave. When he stops his
stopwatch -he loudly says, “stop,” and at the same moment B starts
his watch. While keeping the sign in sight, A shows his stopwatch
to B who records the time interval on A’s watch. This can be done
quickly, and B says, “OK” to indicate that A clears his watch to
zero again, Meanwhile the mark has gone through a cycle and
approaches the next crest. A says, ‘“‘stop” at the moment when the
mark is at the crest of the next wave. This means that B has to
stop his watch while A starts his watch again. B reads off his watch,
notes the time interval of his observation, and clears his watch to
zero again until A says, “stop.” A says, “stop’ at the moment when
the mark is at the top of the third crest. The process can then be re-
peated. A observes the first, the third, the fifth, and so on of the
“periods” recorded, while B observes the second, the fourth, and the
sixth. Thus, a continuous series of observeiions can be made in half
the time it. takes one man to do it alone. '
These individual values are very imporiant, and averages based on

them are also very important. About 50 individual values of the

“periods’” must be tabulated in order to obtain a reliable value of the

average “period.” It is a rather difficuit problem theoretically to go

from the individual values and the average of these individusl values

to the properties of the spectrum, but enough is known at the present

time to make it possible to deduce some very important conclusions
about the nature of the waves on the basis of these data,

The Observation of Wave Heights

There are three different procedures which can be used to observe
wave heights.  In order to see how they differ, consider again the
acrial photograph of the sea shown in figure 1.1 of Chapter 1. These
waves are very short-crested, very mountainous, and very irregular,
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Procedure A

One procedure, designated as procedure A, is to look out over the
sea surface and pick out the highest part of each of the visible crests.
Then an estimate or a measurement of the vertical distance from the
crest of the wave to the trough of the wave right next to it can be
. made. This series of .observations gives a set of numbers which
i represent the highest part of each of the short-crested waves within
the field of vision of the observer.

; However, if the waves are observed in this-way they will not have
the distribution of heights given in Chapter.I. Only high values. will
be recorded, and the result will be the distribution of the highest parts

v < of the short-crested waves within the field of: vision of the observer.

' The low waves will be neglected or ignored:by this procedure almost

entirely. Such a procedure of observation is useful only if the

procedure to be described next cannot be used due to a lack of time
of the observer.

TIPS 7.

", Procedure B

3 Again consider figure 1.1, The ship shown is moving through the
- waves. She will not encounter the highest part of each wave that
' she runs into. In fact, most of the time she will be on the side of one
s of the high waves and will encounter a considerably lower height than
: one would expect as indicated by the first method of observation. It
: is this range of heights that really affects the ship, and it is this

particular distribution of heights that was given in Chapter 1.

Similarly, a wave-recorder of some type placed out in the ocean will
record the heights of the waves that pass a fixed point of observation.
The highest part of each wave to pass within the vicinity of the
wave-recorder will'not necessarily pass over the recorder, and thus-a
wave-recorder will record values similar to the values encountcred by
a ship under way. ‘The fact that an observation of waves passing a
fixed point is different from an observation of the highest part of each
short-crested wave is a very important practical consequence of wave
theory. It shows that what is really needed is an observation similar
to the type of observation that a wave-recorder actually gives.

In order to observe waves by what will be designated as procedure
B, therefore, it is necessary to try to estimate the height of that
particular part of each wave a ship encounters and not the height of
the highest part of each wave. It is also satisfactory to estimate
the heights of those waves that pass a fixed point. It is also possible
to think of all the waves encountered at a point moving with the
ship’s speed at a fixed azimuth and distance from the moving ship.
‘Fhe observer should look out from the bow of the ship at an angle of,
say, 45° to the direction of motion of the ship and keep his eves fixed
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on a convenient point a number of yards out in this particular di
rection. Certain waves Will be passing that point; and, as the poin:
moves along at the-same speed as the ship, it will eticounter the samc
distribution of heights-that the ship doés. The heights will occur ir.
a different order, but the distribution will be the same. This is
important because waves near the ship are distorted, and it is better
to observe at a point some distance off.

The procedure, then, is to estimate the crest-to-trough heights
of the waves as they pass this point of observation. This is not toc
difficult to do, but the important thing to remember is that‘the height
of each wave must be noted. There is & very strong tendency to
neglect the lower waves and emphasize the higher waves. There
will be times when it appears that no waves are present or that what
is happening is unimportant compared to what will happen when
higher waves pass or what has happened when higher waves were:
passing. This is not the case because those times when the sea is
low are just as important in characterizing the overall pattern as
the times when the sea is high. FEvery height should be recorded:
as the waves pass this point of observation.

Procedure C

There is also a third procedure for the observation of wave heights,
Procedure B may at times be very difficult to apply. Then proce-
dure C can be used. If the low waves are omitted in procedure B,
the computed average wave height is too great. The value of E
is incorrect, and thus an incorrect forecast-of the complete distribu-
tion of wave heights results.

If the wave observer finds that it is very difficult to observe and
actually count the lower waves that pass a fixed point with reference
to a moving ship, he should then attempt to observe the height of all
waves in excess of a certain fixed minimum height. It is not sufficient
to attempt to estimaie the heights of the one-third highest waves
and compute & number which is supposed to be the signifieant hieight
from such an observation. How is it possible to know what the one-
third highest waves are if all the waves are not count-«d and put in
order as was done in Chapter 1?7 Some fixed lower limit is needed as a
reference point from which these averages ean be computed.

Suppose that in a given state of the-sea an observer records the
heights of all waves in excess of some fixed height, suy, for example,
4 feet. Then a certain percentage of waves is omitted from the
observations, all with a height less than 4 feet.  The average of the
heights of those waves greater than 4 feet will, consequently, be higher
than the average of the heights of all the waves.

As an example, midshipmen at Annapolis are selected so that they
are taller than a certain minimum height.  The average height of the
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midshipmen at Annapolis is therefore greater than the average height
of the total male population in this country. Similarly, the average
height of all the waves observed in excess of & certain fixéd minimum
height will be greater than the average height of-all“the waves that

-actually-occur.

Table 4.2 shows the average values obtained when all heights in
a given state of the séa are recorded for waves in excess of 4, 10, and
20 feet. If the average of the heights of all waves in a given state
of the sea is computed for all waves greater than 4 feet and if this
average, for example, results in the value of 4.86 feet, then ()e average
height of all the waves, as shown in table 4.2, is 2.50 feet. The sig-
nificant height is 4 feet. This shows that the average is based on
some fraction of the waves which is even less than one-third of the
total number of the waves. In fact, as the last column shows, 86.6
percent of the total number of waves has been omitted,. and only
13.4 percent of the waves has been recorded. As another example,
if the average height of all waves in excess of 4 feet is computed and
if this average turns out to be '12.3 feet, then the average height of
all the waves is 11.3 feet and the significant height is 18 feet. Under
these conditions, & considerably larger percentage of the total number
of waves which pass is observed, and only 10 percent of the total
number of waves is omitted. If the average height of the waves
whose heights are greater than cither 10 feet or 20 feet is computed,
the results are similar, as table 4.2 shows,

The average height as computed by the methods of procedure C,
always is greater than the average height of all the waves, and it is
connected to the significant height and the E values by the values
given in table 4.2.

The reason for this method of observation is that it gives a fixed
lower bound to the observed heights. It is not too difficult to count
all waves greater than a certain height, and once this fixed lower
bound is marked, the computations can be carried out easily. The
theoretical results presented in procedure C are based on a truncated
probability distribution function, and they offer a sound method for
obtaining wave height observations. ‘The important point is, though,
that a guess is not sufficient. A precise technique for recording the
heights of a representative and complete sample of the waves that
pass a fixed point on the sea surface, or a point moving along on the
sea surface in a fixed direction and with a fixed speed, is absolutely
NCCOSSArY.

Examples of the Use of Procedure C

1f only the heights of the waves in excess of a certain height arve
recorded and tabulated, it is not sufficient to go back and use the
results of Chapter [ on the observed height distribution.  Parts of the
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data are actually missing and must be recovered through the use of
table 4.2 as given below. These examples demonstrate the way in
which the height ranges and“the other wave data given.in Chapter I
can be computed in terms of the data obtained in procedure C.

EXAMPLE 4.1.

ALL WAVES IN EXCESS OF A HEIGHT OF 4 FEET WERE
RECORDED AND THE AVERAGE HEIGHT OF THESE
WAVES WAS 6.64 FEET. 50 WAVES WERE OBSERVED. FIND
THE SIGNIFICANT WAVE HEIGHT AND THE OTHER WAVE
DATA WHICH CAN BE COMPUTED FROM CHAPTER I.

Method of Solution

From table 4.2, if the average height of the waves is 6.64 feet
for those waves which exceed 4 feet in height, then the average height
of all the waves is 5.01 feet, and the significant height is 8 feet. Since
the significant height is 8 feet, it can be found, from table 3.4 of
Chapter III, that {E==2.83. The last column of table 4.2 shows
that 39.4 percent of the waves have been omitted by the procedure of
recording only those over 4 feet in height. Since 50 waves were ob-
served and since approximately 40 percent of the waves which passed
the fixed point of observation were omitted, this means that 60 percent
of a total of some N waves (if all had been counted) was observed.
Since 60 percent of NV is 50, N is 83. Thatis, if all waves had been
observed as they passed this fixed point of observation, there would
have been 83 waves in the total number observed.

If it is desired to use table 1.4 in order to compute the 10 percent
ranges of the waves and compare the observations with the theory, it
is necessary to omit the first four 10 percent ranges because approxi-
mately 40 percent of the waves have been omitted.  The heights of the
first 8 waves (i. ¢., 10 percent of 83), which are very low and lie within
the first height range, were not observed, the second 8 waves were not
observed, nor the third and fourth. However, of the §3 waves which
should have passed this point during the time of observation, 8 waves
should have heights between 4.0 and 4.7 feet. 'Thaus, the 10 percent
ranges and the cumulative 10 percent ranges can be computed for that
part of the complete range of wave heights which is conteined in the
data. The only information that cannot be gotten from the observa-
tions is that pertaining to the 40 percent of the 83 waves which were
not observed because they were lower than 4 feet in height. Of
course the observer can then say that of the 33 waves omitted, 8 had
a height from zero to 1.8 feet, 8 had a height from 1.8 to 2.7 feet,
8 more had a height from 2.7 to 3.4 feet, and the last 8 (getting close
to the total of 33) had a height from 3.4 to 4.0 feet. These waves
were actually not observed because only waves in excess of 4 feet in
height were recorded.
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ANSWER TO EXAMPLE 4.1.

BY USING TABLE 4.2 THE NEEDED INFORMATION ABOUT
THE DISTRIBUTION OF HEIGHTS CAN BE COMPUTED.
BY ENTFRING TABLE 4.2 WITH THE AVERAGE HEIGHT
OF ALL THE WAVES GREATER THAN 4 FEET AND FINDIN G
THE VALUE 6.64, IT IS POSSIBLE TO GET THE SIGNIFI-
CANT HEIGHT AND THE AVERAGE HEIGHT. FROM THE
SIGNIFICANT HEIGHT AND TABLE 34, OR BY SIMPLE
CALCULATIONS, ANY OTHER QUESTION ABOUT THE
DISTRIBUTION OF WAVE HEIGHTS CAN BE ANSWERED.

EXAMPLE 4.2,

IN A MODERATELY HEAVY SEA AN OBSERVER RE-
CORDED ALL WAVES IN EXCESS OF A 10-FOOT HEIGHT.
THE AVERAGE HEIGHT OF THE 50 WAVES OBSERVED
WAS 22.7 FEET. THE PROBLEM 1S TG DESCRIBE THE
AVERAGE OF ALL WAVES, THE SIGNIFICANT HEIGHT,

THE VALUE OF E, AND THE OTHER NEEDED INFORMA-

TION ABOUT THE DISTRIBUTION OF WAVE HEIGHTS.
Method of Solution

From table 4.2, if the average height of all waves in excess of 10
feet is 22.7 feet, the average height of all waves is 20 feet, the significant
height is 32 feet, and 18 percent of the total number of the waves was
omitted. If the 50 waves recorded were 82 percent, then a grand
total of 61 waves must have passed the fixed point during the time of
observation.’ There were 11 waves left out of the observations or
approximately 20 percent. The first 6 waves (10 percent of 61)
omitted would have had a height between 0 and 7.2 feet.  The next 6
would have had a height between 7.2 and 10.6 feet.  The use of table
1.4 then gives values for the 10 percent ranges of all the heights,
which are actually tabulated in the data since yE is 11.3 feet.

ANSWER TO EXAMPLE 4.2. SINCE FOR THIS EXAMPLE
THE AVERAGE HEIGHT 1S 22.7 FEET FOR ALL WAVES
GREATER THAN 10 FEET, 1T FOLI.OWS FROM TABLE 4.2
THA'T THE SIGNIFICANT HEIGHT IS 32 FEET AND FROM
TABLE 3.4 THAT yE 1S 11.3 FEET. FROM THESE TWO
VALUES, ANY OTHER DESIRED PROPERTY OF THE DIS-
TRIBUTION OF THE WAVE HEIGHTS CAN BE OBTAINED.

Additional Facts About Procedi:ce C

A study of table 4.2 shows that as the average height increases
(for a given minimum observed height), the error resulting from the
use of the average height of all waves greater than this minimum
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'height instead of the true average height becomes less and less. For
‘example, in the first row, where the average height of all waves
-greater than 4 feet is found, if the average height of the waves is 12.3
feet, the true average height is 11.3 feet; the error involved is not
too serious because only 10 percent of the waves are omitted: In
this case, with some waves 18 feet and higher, a wave 4 feet high
becomes fairly unimportant, and it is difficult for the observer to
record a wave so low in a sea where the dominating waves are much
higher. This is why it is very important to try to measure the
heights of all waves or at least to try to fix a lower bound which is
the height of the waves which will be omitted. If a set of wave
heights is recorded in which the observer does not take care to do this,
the average value will then have very little meaning in a statistical
sense, and it will not give a reliable value of VE.

Relativé Importance of Procedures A, B, and C

Three procedures can be used in reporting wave heights, and it
should be noted which procedure is used so that the proper theorctical
conclusions can be drawn from the reported results. In all cases it
is preferable to use procedure B because at the present time much
more is known about the statistical properties of such a series of
observations. If wuis is not possible, procedure C is the next.best

. method. It yields consistent results if the values obtained are inter-

preted correctly. On the other hand, if all that can be followed is
procedure A, then this type of observation is better than no observa-
tion at all.

Relianility of Wave Height Observations

After a number of wave heights have been recorded according to
procedure B, the average height of the observed waves can be com-
puted. With this average value and the use of table 1.5, I can be
found by dividing the average wave height by 1.77. However, if
there are not. enough heights recorded, the average of the observed
heights may not be equal to the average of the heights of all the
waves.  Just as a small handful of marbles in the example given
previously can give an incrorrect value for the percentage of red
and black marbles, so also the observation of {oo few wave heights
can give an incorreet value for the average wave height and for the
value of E.

If VI, is the value caleulated on the basis of N wave heights,
table 4.3 shows how far off the correct value of yI¢ may actually be.
Suppose, for example, that 9 wave heights are recorded, and that
vI, is 10 feet.  Then all that can be said theoretically is that 90 per-
cent of the time the true value of (£ will be between 7.8 feet and
14 feet. There is one chance in ten that the true value will either be
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less than 22 percent lower or greater than 40 percent higher than the
calculated value. The range of values that the true value can have on
the basis of just these 9 observations is 6.2 feet, and the calculated
value, 10 feet. Thus, very little precision can be assigned to the
value of /E,, computed on the basis of only 9 wave heights.

On the other hand, if 100 wave heights are observed, and if, for
example, VE,, is 10 feet, the true value will theoretically-lie between
9.2 and 10.9 fect 90 percent of the time. The range in which the
correct value can lie 90 percent of the time covers only 1.7 feet. It
is thus possible to place a high degree of confidence on an average
height or a value of E computed from 100 wave heights, but a value
computed from only 9 heights cannot be trusted. However, one
case in ten will give a value outside the range indicated.

Table 4.3—Confidence Values of yE.,

If VE,, is calculated on the basis of N measured wave heights, then
90 percent. of the time the true value of {F as calculated on the basis
of many more wave heights will be found between the value tabulated
below. Both the theoretical value and a value with an added safety
factor are shown.

N TLower value l,gu\cr value Upper value Upper value

(Safety factor) (Theoretical) (‘Theoretical) (Safety factor)

L 0.7V VEn  0.78 VEn 140 VE, 1. 68 i
16, ooeeenae 0.76 VEo  0.82 vE, .23 vE, L 44 VEg
25 e eannn 0.80 vE,  0.85 VE, 121 VE, 1. 33 VE,
]| 0.85 VEn 0.89 vEn 112 v B L21 VB,
100, cemaennnn 0. 89 VEa 0.92 vEn 1.09 VEn 112 VEa
200, oo 0.92 VEa 0.94 VEn 106 vEn 109 VEa

Table 4.3 emphasizes the importance of making adequate wave
observations. A wave forecaster spends many hours each day
analyzing weather maps and preparing a wave foreeast. If the
forecast is. then verified against an observation based on the aver-
age of 10 or 20-wave heights, the observed values can differ consider-
ably from the forecast value, and yet the forecast value can be correct.
AT LEAST FIFTY WAVE HEIGHTS ARE NEEDED BEFORE
ANY CONFIDENCE CAN BE PLACED IN THE COMPUTED
AVERAGE WAVE HEIGHT. .

The theorctical values in table 4.3 were computed oun. the basis of
the assumption that the waves were completely random. The effect
of a run of waves of nearly the same height as illustrated in figure 4.1
was not. considered. Thus the theoretical values given in table 4.3
are the best that can be hoped for, and an actual observation may
be even more in error than the table shows. On the basis of an
assumption that very crudely estimates the added effect of a run of
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waves of the same height, the value indicated with a safety factor
may be more nearly correct for actual ocean waves.

Table 4.3 can also be applied to wave height data computed from
procedure C. All the modifications made in going from procedure B
to procedure C tend to increase the reliability of the values obtained
in procedure C. Thus if 50 actual heights are observed in procedure
C, the results of table 4.3 can be applied to determine the reliability
of the values obtained.

Methods of Height Observation (Heavy Scas)

A rather good method can be given which permits the use of pro-
cedure A in heavy seas. The method is to find some place aboard
ship from which the crests of the waves appear to be level with the
horizon when the ship is in the trough of a wave and on an even keel.
The heights of the waves are then equul to the height of the observer's
eve above the water line. Stated another way,.a ship is rolling and
pitching because of the heavy seas. Every once in a'while the ship
is in a trough of the wave train. If the observer is then advanta-
geously located with reéspect to the maximum depression of the ship
in the trough, he will see, if he looks out on the horizon, that the
crests appear in many cases to reach up to his eyve level. There will
be some crests higher and others lower than his eye level with respect
to the horizon, but the average crest will appear to be at eye level.
The best position for such an observation is amidships, and the
observer should move up and down in order to pick that point where
these conditions hold. The height of the observer’s eyes above the
water level of the ship in this situation then will represent a number
related to the average height of all the waves. The value of course
depends upon the trough depression of the particular wave in which
the ship happens to be located. But enough observations made at
these times will give a reliable estimate of the average height. Then,
from this advantageous position, the observer can look out and tabu-
late a number of heights both above and below this average value and
give the variation of the crest-to-trough heights of the visible waves
with relation to the maximum part. of each of the visible crests. It
would be quite difficult under these conditions to employ procedure B
because of the fact that such heavy seas are present,

Methods of Height Obscrvation (Reference Line)

If-«ne waves are low, the winds light, and a low local sea is present,
or if a low or a moderate swell is running, and it is convenient to
stop the ship, a good method of observation consists of heading into
the waves and dropping a weighted line with graduated marks (like
u leadline) over the bow. The line must go quite a distance below
the water.  Then both the lowest and the highest levels that the water
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reaches during the passage of a given wave are recorded. The dif-
ference is the- crest-to-trough héight of the wave. A series of such.
observations then gives the data needed for a forecast verification.
Of course, this application will be useful only if the ship is not pitching
too much with the wave motion, which means that the “wavelength”
must be short compared to the length of the ship. Otherwise, the
line itself will move up and down with the waves, and only a very small
variation in height will be recorded. For low locel short “period”
waves, such-a method will be useful.

.Such a technique can also be very useful at the end of a dock or
where any fixed platfcrm can be used: At times it is necessary to
verify forecasts on beaches, and this could be a method of recording
the heights of the waves passing some fixed marker in the water some
distance out from a beach. If the waves are reflected from a vertical
cliff and hence do not break at the beach, this method should not be
used.

Methods of Height Observation (Visual)

In the application of either procedure B or p}rocedure C there are
a number of possible techniques. The first is a simple visual estimate
of the heights that pass a fixed point with reference to the moving
ship. This is adequate for many applications, and one who is prac-
ticed in such a procedure should get a reliable range of values, espe-
cially if the observer is careful not to omit the low values of the waves
which pass. Other techniques that might be useful employ the-
odolites, range finders, and any other such device aboard ship which
can magnify a part of the sea surface and give some sort of a scale
once the distance from the ship to the point of observation is known,
There are undoubtedly many techniques and many improvements
that a person really interested in the practical aspects of such a prob-
lem can suggest and carry out on his own initiative. Such data are
really needed, and the more precisely they can be made the more
useful they will be.

Procedures for Measuring the ‘‘Wave Lengths’’

General Comments

Just as there is no such thing as a wave period there is no such thing
as A wave length.  Also, there is no such thing as A wave speed. Various
wave crests will travel with various speeds. Some waves will outrace
others and appear to travel through them. The distance between
the crests in a direction perpendicular to the dominant direction of
the crests is not a constant. “Wave lengths” and “speeds” will vary
in the same way that ‘“periods” do.

The measurement of “wave lengths” is more difficult than the
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measurement of ‘‘periods” because the shorter waves superimposed on
the longer waves tend to. mask the distances which represent the
important “wave lengths.”” :A wave should have a trough about as
much below sea level as its crest is above sea level; if the shorter waves
on top of the longer waves are reported, this will not be the case.
The following procedure makes it possible to define “wave length”
for the purposes of forecasting and observation.

Definition of ‘““Wave Length”’

One method for measuring “wave lengths” is to use what is called a
chip log. A “wave length” can most easily be defined in terms of
what an observer will see during sn observation carried out by this
method. If a chip log is not available, any floating object easily
visible, such as a life buoy, can be tied securely to & line. The ship
can be under way during the entire course of these observatics:
T'he line will be more useful if it is marked at 50-foot intervals, either
by staining the line dark for 50 feet and leaving it plain for another
50 feet or by marking it with painted floats or bits of colored cloth at
50-foot intervals. The line may need to be 800 or more feet long.
It is payed out from the taftrail and should’ trail out directly in the
wake of the ship, partly floating and partly submerged. Consider a
graph of the height of the sea surface as a function of distance along
the line at some instant of time. The situation will look something
like that shown in figure 4.2 except that the height scale is exaggerated.

\ r Zwave Lmr..-___.]
N

Merbers gt 50-feo!

Ficure 4.2 The measurement of a “wave length,”

For a simple sine wave, there is no trouble in defining a wave length,
but it is more difficult to define a “wave length” for actual waves.
In fact, two possible definitions can be given. The first definition is
that a “wave length’ is the horizontal distance between two successive
maximums where a maximum is a part of the recerd where the water
height is lower both before and after it.  There are a great many such
“wave lengths” shown in this figure. The second definition is that a
“wave length” is the horizontal distance between the two highest
parts of the two masses of water above sea level separated by a distance
where the sea surface is below sea level.  As shown in the figure, an
imaginary line representing sea level separates the graph of the waves
into mounds of water above sea level and trenches in the water

-
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below sea:level. The “wave length”-is then definiid to be the hori-
zontal distance from the highest part of one mound of water (which
happens to Lie under the stern:of the ship in figure 4.2) to the highest
part of the next following mound of water.

The first definition leads to great.difficulty in application. Each
little ripple then has a “wave length.” A developing ‘“sea’ has
-ripples on top of wavelets, wavelets on top of small waves, small
waves on top of longer waves, and so on. As figure 4.2 shows, prac-
tically any distance can be cailed a wave length according to this
definition. If the ripples are ignored, should the wavelets be'ignored?
If the wavelets are ignored, should the small waves be ignored?
Figure 4.3 shows how very difficult it would be to apply such a defini-
tion if every ripple werc counted as a ‘“wave length.” An observer -
trying to record the “wave.lengths’zécording to this definition, will
soon be ready to give the whole business up as a bad job. .

The first definition also leads to great theoretical difficulty. The .
average “wave length” according to this definition can be shown to .
be only one or two inches; but, although these short irregularities
on top of the more dominant waves may be important in radar
problems, they certainly do not characterize the “wave length” of
the dominant big waves. For these reasons, then, the first definition
of “wavelength” will not be used. -

The second definition of “wave length” will, consequently, be
accepted. A “WAVE LENGTH” IS THE HORIZONTAL DIS-
TANCE BETWEEN THE HIGHEST PARTS OF TWO SUCCES-
SIVE CRESTS ABOVE SEA LLEVEL WHICH ARE SEPARATED
BY A TROUGH WHICH IS BELOW SEA LEVEL. The average
“wave length” is the average of these distances, and the values given
in Chapter II for “sea’ conditions are the average “wave lengths”
according to this definition. For swell, the average “wave length”

is a little less than the theoretical value of 5.12 772
The Chip Log Method

The observational procedure is to wait until a crest is just under
the stern, as is shown in figure 4.2. There will be another crest
visible somewhere out along the line. From the spacing of the
markers, the “wave length’” of this particular wave can bhe recorded.
The observations can then be repeated until about 50 values have
been recorded. ‘The distribution of the various “wave lengths” and
the average “wave length” computed from these 50 values will then
form a reliable set. of data for wave research and for various theoretical
studies. The values will vary through a considerable range of dis-
tances. The length of line payed out should be long enough to
measure all of the different “wave lengths” which occur.
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ANY WAVE DIRECTION INSIDE THE LIMITS SHOWN [S
FAVORABLE. ARROW |NDICATES DIRECTION TOWARD WHICH
WAVES ARE TRAVELING.

Ficure 4.4 Favorable conditions for a chip log observation.

The chip log method cannot be used if the ship is headed at an
angle too oblique to the waves. If the waves are advancing within
45° of cither beam, this procedure is impractical (figure 4.4). Like-
wise, method is unsafe for use in very high waves, and the ship’s
wake destroys the wave pattern when the waves are too low and
short-crested. Usually waves from 5 to 20 feet high are best fof
this type of observation.

Also, if there are two or more dominant wave systems present
traveling toward directions which differ by more than 45° and if
they are of equal importance in height, do not make this type of
observation. On the other hand, if one wave system dominates the
others, then it might be possible to try to measure the “wave lengths”
connected with just this one system.

The Use of the Ship as a Scale Factor

If the observer is in a fairly long ship and if telephone communi-
cation is possible from the wing of the bridge to the stern, it is possible
to observe “wave lengths” with the use of the ship as a scale factor.
With telephone communication one observer stations himself on the

158

L




AU

Rt oy ok e i

wing of the bridge and the other as near the stern as possible. They
both look out toward the same side of the ship and shouvld have an
unobstructed view of the waves along the entire length of the side of
the ship. The ship should preferably be traveling in the same direc-
tion as the waves. If these conditions are satisfied, a wave crest
will appear at intervals directly abeam of the forward observer.
When this occurs the forward observer should say, “mark” into the
telephone. The after observer, stationed a known number of frames
aft, then looks out and sights the next crest in order as defined above.
This crest may not be exactly opposite him; but if he is opportunely
stationed, it will not be difficult for him to estimate accurately the
relatively short distance between his position and the point where
the wave crest is abeam. The two observers know their distance
apart. Suppose, for example, this is 200 feet and that the after
observer at the instant “mark’’ sees that the wave crest nearly oppo-
site him is abeam of a point 20 feet farther aft. Then he knows that
the “wave length” of that particular wave is 220 feet, and he can
tabulate this value as an observed value of the “wave length.” The
next crest. to be observed might. be 30 feet nearer ahead of his point of
observation, and the “wave length”” of that wave would be 170 faet.
The after observer under these conditions is thus in a position where
he can estimate a small correction factor in tens of feet to be added
to the distance between him and the first observer forward. A
sufficient number of ‘““wave lengths’” observed under these conditions
then makes it possible to tabulate the distribution of “wave lengths”
and to compute the average “wave length” which was defined in
Chapter I.

This method of course will not work whenever the average wave
length is much greater than the distance two observers can separate
themselves on shipboard and still remain in communication.

It can be carried out most casily if the waves are running with the
ship and not moving against it. Under these couditions, the ship’s
speed may be comparable to that of the wave crests, and then the wave
crests opposite the observers will appear relatively stationary. It is
then possible for the estimate to be made with care and precision. As
an example, in a sea where the dominant. spectral components are
near 5 or 6 scconds, wave crests will appear to be almost stationary
with respect to a ship moving in the same direction at 15 knots.
Waves with “periods” of 8 or 9 seconds will overtake the ship at the
slow relative speed of about 10 knots.

Conversely, if the ship is heading into the waves at a speed of 15
knots (for example), the “wave lengths” become very difficult to
measure by this method. Waves with “periods” of 5 or 6 seconds
go past the ship at a relative speed of 30 knots, and waves with
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“periods” of 8 or 9 seconds shoot pUst with a relative speed of 40
knots.

A very interesting phenomenon can be observed under conditions
where tlie waves are moving by rather slowly. It is possible for the
wave observer to keep:an eye on a particular crest for a considerable
length of time. The particular crest under observation will not man-
tain its height. It will grow at first (possibly), and then gradually
shrink in height until there is practically no wave at all. Then due to
the slight relative motion which is always present, a new crest will
slowly move into position along the side of the ship, and that crest
will be scen to change its height very slowly as it travels along. In
terms of the definition of the sea surface which was given in Chapter I,
this means that the various simple sine waves as illustrated in figure
1.7 are gradually getting out of phase at this point, so that they add
up to & lower and lower height as time goes on.  An observer watching
the actual wave which is the reinforcement of a great many simple
sine waves then sees this one particular wave first gradually grow in
height and then die down until it tends:to disappear.,

Visual Estimation of the ‘“Wave Length’’

Quite frequently, the detailed procedure necessary to carry out the
techniques just described cannot be employed because of lack of time,
equipment, or personnel. From a high point. on the ship, the length
of the waves in a direction perpendicular to the crests, can be estimated
visually by the aid of other ships, other scale factors, such as the length
of the ship, or by the judgment of the obsérver. Such estimates are
useful if they are made with care and if a sufficient number ave taken
so that the averages given are representative.  One or two estimated
lengths are not sufficient.

The Measurement of Wave ‘‘Speeds’’

The wave crest “speeds’” relative to the ship’s speed can also be
observed by the chip log method.  With the same operational setup
as in the chip log method, it can be noted whether the crests are over-
taking the ship or being overtaken. Then, as a given wave crest
passes one reference point, a stop watch can be started.  When that
same crest passes the other reference point, the watch can be stopped.
The result is a number which is the length of time it took the wave crest
to travel the distance from the first point of observation to the second.
The speed of the ship and the angle between the wave direction and
the ship are needed to compute the “speed” correctly.  The result is
a measurement of the speed of that particular crest.  Fifty observa-
tions then give a reliable observation of the average “speed.”

In an irregular state of the waves there will be some crests which
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will not travel the entire length of line payed out. They will dis-
appeer as they travel from one reference point to the other. It
would be interesting if the number of such waves were recorded, since
theoretically it is not possible to tell how such a number can be
predicted.

No methods for forecasting wave crest “speeds” or the average

wave “speed” have been formulated. It-is known that I does not,
equal 5.127* for sea waves. It is not known whether or not ¢ equals

3.03 ?, or whether L equals ‘C T for see waves. Consequently, the
observation of wave crest “speeds” is of great interest to those who
are working with the theory of actual ocean waves, because they do
not know what the observed results will be. For swell, the classical

formulas are approximately correct. when applied te f, ’(7, and T.

Check List of Visual Wave Properties

There are many properties of waves that are difficult to describe
other than by a careful study of an aerial photograph. However, a
qualitative estimate of these properties can be made in the form of
a check list. Given below is such a check list, which attempts to
describe some of the statistical properties of waves and to point out
the differences between sea and swell. The farther away the waves
are from the generating area the lower they will be, the longer their
crests will appear to be, and the more regular the crests will be, i. e.,
the crests in a group of crests will be uniformly varying in height
instead of rapidly and erratically varying in height. At times, when
two wave systems arrive at the same point of observation from dif-
ferent generating arcas, the sea will be a éross sea. The check list
attemps to define these properties in terms of just a few numbers and
to summarize some of the variability of the waves in a conventent form.

Table 4.4—Check List of Visual Wave Properties

Check the phrases which best describe the waves being observed.
(1) ( ) lrregular mountainous crests. (Check if yes.)
() Crest length is about 1, 2, 3, 4, or 5 times the distance
between successive crests.  (Record one value.)
( ) On the average there are 2, 3, 4, or 5 high waves in a
group of waves. (Record one value.)
(2) ( ) Regular crests.  (Check if yes.)
() Crest length is about 4, 5, G, 7, or 8 times the distance
hetween suecessive erests,  (Record one value.)
() On the average there are 3, 4, 5, 6, or 7 high waves in a
group of waves. (Record one value.)
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(3) ( ) Smooth very regular crests. (Check if yes.)
() Crest length is about 7, 8, 9, 10, 11, or 12 times the
distance between successive crests. (Record one value.)
() On the average there are 5, 6, 7, 8, 9, or 10 high waves
in & group of waves. (Record one value.)

@) () YES
There appears to be only one dominant wave system.
() NO
(5) If the answer to (4) is no, report the dominant direction of
each wave system to the nearest 10° and estimate the average
height and average “period” of each system.

DIRECTION

AV, HEIGHT

AV, “PERIOD”

(6) Tf only one wave system is present, the individual crests can
still appear to be traveling toward directions at an angle
to the dominant direction.

() Some of the waves appear to be traveling toward direc-
tions at an angle as much s :£40°, 430°, +20°, 4:10°
to*the dominant direction {(Record one value.)

CONCLUSION -

Visual and instrumental methods have -been given for quantita-
tively determining the statistical propertics of the waves. These
methods are time-consumizig, but in order to verify a forecast cor-
rectly and ia order to make a reliable wave observation, the detsil
and care described are needed. It may be possible to develop wave-
recording instruments which will make it possible to eliminate the
great. amount of time necessary to make such detailed ebservations.
However, these techniques will always be needed where such instru-
memts are not available, and they should become an important part
of the wave forecaster’s knowledge so that he will understand com-
pletely the irregularity of the waves. This irregularity is a basic
and important. fealure of the waves and must be understood and

measured carefully in order to obtain reliable, useful, and prac-
tical results.
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Chapter V

SYNOPTIC FORECASTING METHODS AND
WEATHER MAP ANALYSIS

Introduction

The preceding chapters have described the properties and the
theory of ocean waves. Most of the concepts are new; some are
time-proven; and all are important. Before attempting a forecast,
the forecaster should read those sections carefully to grasp the physi-

“cal reasoning behind the theory. The forecaster who knows how the
‘waves are gencrated, dispersed, and spread out angularly, -and who
understands the method of multivalued (in place of single-valued)
forecasts, will make better forecasts than the man who uses the
graphs without understgpding the theory on which they are based.

The results presentell so far in the manual can be summarized as
follows. Chapter I described wave properties, with particular em-
phasis on the difference between sea and swell. It introduced E, the
variable used.in forecasting wave heights. The second chapter dis-
cussed the generation of waves as a function of fetch and duration.
The co-cumulative spectrum was introduced, and some model fore-
casts were given. Wave propagation, as the next logical step, is
covered in Chapter III, which -also discussed ‘the effect on wave
propagation of dispersion and angular spreading. Knowledge of
wave directions and frequencies in the generating area was shown
to determine the propagation of waves. Chapter IV gave methods
for observing the statistical properties of waves.

From those chapters the reader learned what waves are, how they
are generated and propagated, and how to observe them. Before
making a forecast, however, he must also learn how to interpret data
from the weather maps and determine the values needed in the vari-
ous graphs. The purpose of this chapter is to discuss the analysis
of consccutive synoptic weather maps in order to prepare wave
forécasts.

Wind Field, Actual and Required

What weather data are required for wave foreeasting? Obviously,
wind velocity and duration and the dimensions of the fetch area are
necessary. These quantities could be described collectively as the
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wind field; that is, the magnitude and direction of the wind over an
area of the ocean for a certain interval of time. The theory so far
covers only conditions in which velocities are cotistant over the dura-
tion time. An idealized wind field is a wind of 20 knots blowing for
twelve hours over a fetch exactly 300 NM long and 500 NM wide.
This is the required wind field, but the actual wind field usually
consists of winds of 2045 knots blowing for 1243 hours over a
fetch 300450 NM long and 500450 NM wide.

The reasons for the range of values in the actual weather data are
that the wind is never constant, the fetch area ususlly is moving,
and the value for the duration time is indeterminate between 6-hourly
maps. These factors result in a continuous variation in time and
space of the four quantities that are required in the theory as single
values.

Limitations of the Weather Data

3 With all the detailed theory and forecasting graphs, a wave fore-
3 cast can be no better than the weather data used to make it. Thus,
3 it is evident that the weather map must be as accurate and as com-
F plete as possible, Because of the lack of observed values, it is often
necessary to compute the geostrophic wind. This operation in itself
necessitates a careful isobaric analysis consistent both with the cur-
rent observations and with past analyses.

Even with a carefully analyzed weather map containing a dense
network of observations, the choice of values is subjective. This is
due partly to the range of values possible in both veloci*-and dura-
tion, and partly to the variation in ship reports. On many, weather
maps,. the velocity is plotted in the Beaufort scale. The difference
between the highest and the lowest velocities can range from 2 to 9
knots, depending upon the Beaufort value. Thus a Beaufort 5 wind
can be interpreted as having a velocity anywhere from 17 to 21 knots.
It is evident from the graphs that a wind 4 knots too high can cause
a significant error in the wave-height forecast.

Wind duration is also difficult to determine more closely than within
2 or 3 hours, Data sufficient for maps are seldom furnished oftener
than 6-hourly.

When a wind field changes between maps, there is a 4-hour range
in which to locate the exact time of shift. As an illustration of the
effect of these ranges, consider a Beaufort 5 wind reported on two
maps out. of four (starting between 06007 and 12007 and ending after
1800Z). The minimum and maximum values of velocity and dura-
tion are 17 knots for 8 hours and 21 knots for 16 hours, respectively,
and the resulting forecast of significant height is either 5.0 feet or
9.0 feet, depending upon the values used. The wind certainly blew
for a little over 6 hours. Tt could not have blown for exactly 18 hours.
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Therefore, to the nearest whole hour, the values just given are the
minimum and maximum durations.

Tt is evident that some improvement is necessary in selecting the
'wind values if the forecast is to be useful. Two methods.for obtain-
fing more precise values will be mentioned here and then described
«in more detail in later sections.

For wind velocity, the best procedure is first to average the wind
reports over the fetch and then check the result with a computed
geostrophic wind. Since the wind observations are coded as a single
value in knots, the best procedure is to plot the actual wind value
and direction rather than the speed in the conventional Beaufort
force. There are any number of ways to do this, but an arrow with
the actual velocity value entered at the tail is about the simplest.
For reading the maps quickly, a full barb for every 10 knots and a
piece of a barb proportional to the lest digit is useful. The last digit
of the velocity can be written in over the inside barb.

The duration can be determined more accurately if an estimate of
wind changes between maps is made. For example, suppose a cold
front is moving at 30 knots across the eastern United States and at
0600 is located 90 NM inland. On the 1200Z map the front will be
over the water. If it is assumed that the front.moved at 30 knots for
the entire 6-hour period, it then can be said that the wind started at
0900 and has blown for 3 hours at points near the coast. Unless this
extrapolation of the movement of the front was considered, the
duration could be any value from 0 to 6 hours.

For the open ocean, 6-hourly maps are the best that can be hoped
for. The forecaster can, however, keep track of the wind changes at
his position at hourly intervals. Also for coastal regions and fore-
casts at a land station, the hourly teletype reports are useful for finer
computations of the duration and of the changes in-the wind field.

Simplifying the Problem of Determining the Wind Field

The term, wind field, is all-inclusive. Tt implies the determination
of all the information needed for forecasting. In order to treat this
problem in adequate detail, it must be broken up into smaller subjects.
Thus, in the following sections, ways to locate the fetch, ways to
determine wind velocity accurately, and ways to determine duration
will be discussed in that order.

.

Ways to Locate the Fetch

Some Typical Fetches

In all these cases the first step toward a wave forecast is lecating a
fetch. The term fetch has been used extensively in this manual, but
its definition is important enough to bear repeating. A FETCH IS
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AN AREA OF THE SEA SURFACE OVER WHICH A WIND
WITH A CONSTANT DIRECTION AND VELOCITY IS BLOW-
ING. Some typical fetch areas are shown in figure 5.1. The ideal
fetch over the open ocean is rectangular, with the winds constant in
both directioii and velocity. The ideal rectangular fetch is described
by a length, F, and a width, W,. If the angle betwcen the wind
direction in the {etch and the line connecting the center of the leeward
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Ficure 5.1 ‘I'vpical fetch locations.

edge of the feteh to the point at which a forecast is to be made is 60°¢
or less, the waves from that particular fetch may affect the forecast.

As shown in figure 5.1, most fetch areas are bounded by coastlines,
frontal zones, or a change in the isobars.  In eases where the curvature
of the isobars is large, it is a good practice to use several fetch arens
instead of one, as shown in figure 5.1B. When two fetch areas
generate waves that affect the forecast area, the spectra must be
superimposed as discussed in Chapter HI (page 96).
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Moving Fetches

So far in this chapter the fetch areas have been described as if they
were stationary, but this is not always true. Although semipermanent
" pressure systems have stationary fetch areas, and some storms may
< move in such & manner that the fetch is practically stationary, there
are also many moving fetch areas.

There are, as a simplification, three possibilities for moving fetch
areas. Fetch areas can move to windward, to leeward, or perpendicu-
lar to the wind system. The problem is to determine what part of a
moving fetch area to consider as fetch for a duration time, say, of 6
hours. Figure 5.2A shows three cases where a fetch, AB, has moved
to the position, CD, 6 hours later.

Case 1. The fetch moves normal to the direction of the winds in
the wind field, as shown in figure 5.2A. 'The best approximation is a
fetch with a 6-hour duration, CB. Therefore, in a forecast involving
this type of fetch, use only the fetch area that appears on two
consecutive maps. The remaining fetch does contain waves, but they
are lower than those in the overlap area.

Case 2. The fetch moves to leeward: a typical'situation as shown
by the cold front in figure 5.2B. Since the waves are moving forward
through the fetch area, the area to be used here asfetch is CD.  As the
front passes, if the duration of the wind behind the front is long
encugh, the wave height jumps to the ful! amplitude maintained by.the
wind field.

Case 3. Thefetchmovestowindward. Figure5.2Cshows themove-
ment described here.  The area, CB, occurs on both mapsand naturally
is a good choice as the fetch. Since the waves move toward A, the
region, AC, will have higher waves than the area BD.  Experience has
shown that.in this case, AB is the most. accurate choice for afetch.

Much more theoretical work needs to be done for the case of
moving fetches, especially for cases 1 and 3. Filter TII can be-used
for vase 2 if the fetch area moves with the speed-of the wind over the
fetch.
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Accurate Determination of the Wind Velocity

Three Ways to:Determine the Velocity

There are three ways to determine the wind velocity. The first
way is to average the reported wind vélocities over the fetch of interest,
both for a given map and for successive maps if the winds over the
fetch have nearly the same velocities for successive maps. The
second way is to compute the geostrophic wind from the isobar
spacing and employ corrections for curvature and air mass stability
to get the surface wind velocity. The third way is to do both and
compare the observed and computed velocities.

Reported Winds

The first way is relatively simple to apply in theory, but it is difficult
and sometimes .inaccurate in practice. As mentioned before, the
.procedure here is to compare the observed wind values over the fetch
to determine the velocity that best represents the wind field. If the
winds have been plotted as observed, and not in Beaufort values, an
average usually gives an accurate velocity value. This way of de-
termining ‘the wind velocity has both advantages and disadvantages.
The wind is the actual reported wind at anemometer level; therefore,
it does not need to be corrected. Difficulties such as supergradient,
winds and an anomalous angle of wind direction to isobars when
isallobaric effecis affe¢. the wind are no ‘problem because the winds
are the'actual winds. Some disadvantages are that the values which
are reported may not be representative, the report may be in error,
and needed data may be missing.

Corrected Geostrophic Winds

The second way to determine the wind velocity is, at times, the
only possible way to find the nceded values. Wind reports may be
missing over a fetch of importance;-and yet there may be enough data
around the fetch to make it possible to determine the isobar analysis
over the fetch from consistency and continuity principles. If it is
also possible to determine the sea-air temperature difference, then an
estimate of the surface wind can be obtained by correcting the geo-
strophic wind for curvature and air mass stability (see also P. W.
Johnson, 1955).

The reason for the geostrophic wind corrections is that the geo-
strophic wind actually applies to a level above the friction layer
(2,000 to 3,000 feet). It is correct for straight isobars only. When
the isobars curve, other forces enter into the computations, and the
wind increases or decreases depending upon whether the system is
anticyclonic or cyvelonic in nature. The stability correction is a
measure of the turbulence in the layer above the water. Cold air
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over warm water is unstable and highly turbulent, making the surface
wind more nearly equal to the geostrophic wind. C .aversely, warm

. air over cold water produces a stable ai’'mass and results in the surface

wind being much smaller than the gesstrophic wind.
(Correction for Curvature
A practical method for correcting the geostrophic wind for curvature
.is given below. ‘
1. For moderately curved to straight isobars—no correction
applied.
2. For_great anticyclonic curvsture—add 10 percent of the
velocity. (Radius of curvature less than 16° of latitude.)
3. For great cyclonic curvature—subtract 10 percent of the
velocity. (Radius of curvature less than 16° of latitude.)
In the majority of cases the curivature correction can be neglected
since isobars are usually relativelyistraight. The gradient wind can
always be computed if more refined computations arc desired.

Correction for Air Mass Stability

In order to correct for air mass stability another observed quantity
is needed. This is the sea-air temperature difference which can be
estimated from ship reports in or around the fetch aided by climatic
charts of average monthly sea temperatures. An average sea-air
temperature difference for the whole fetch is needed.

The stability correction is applied to the geost/ophic wind after
it has been corrected for curvature. The correction to be applied is
given in table 5.1. The symbol T, stands for the temperature of the
sea surface, and T, stands for the air temperature.

Table 5.1—Correction to Geostrgphic Wind for the Sea-Air
Temperature Difference

TTs Percent of geostrophic
winds use

0 O NEEALIVe e e e cmee e m e ccvmammrcc—smamrmscmsmammnaamm 60

Qb0 10a s e dmiiccmncmscceemmecsscsmummams=ssrasmrmmmnm—— s 65

1O €0 20, . e eet e ceccmccmssmmcsammmmammmanm s mmamaaan o nns 75

...... e e m e e e n e AL S e meamesmmamarw 90

Advantages and Disadvantages

The greatest advantage of the use of the corrected geostrophic
wind is that it can be used in cases where observed winds are not
available. There are many disadvantages since errors in isobar
analysis and erfors in computations can combine to give values which
are seriously in error. Careful weather map analysis and carefully

made pressure gradient measurements are essential in the use of this
method.
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Combined Reported Winds and Corrected Geostrophic Winds

At times just a few winds are reported over the fetch; however, an
adequate isobar analysis.is possible based on reported pressures in
and around the fetch. The third way to obtain an accurate deter-
mination of the wind velocity is to combine reported winds with
corrected geostrophic winds.

The geostrophic wind at a representative point in the fetch can be
computed. The isobars should be in agreement with the observed
winds. The geostrophic wind, corrected for curvature and stability,
should be compared with the observed velocities to determine the
velocity actually used. This requires judgment and experience as
sometimes there is considerable difference between the computed.and
observed values. Always give more weight to the~observed winds |
unless there is reason to believe that they were coded improperly or
incorrectly obtained.

Advantages and Disadvantages

This third way has many advantages. It provides a check on the
consistency of the values since they are obtainéd in two independens
ways. If the results agree, then all is well. If ‘they disagree, then
the analysis, the computations, and the reported values should be
checked again to find the source of crror. Another advantage is that
practice is obtained in using corrected geostrophic winds, which can be
checked against observations. Then, whep only the geostrophic wind
is available, it can be applied with much more confidence because of the
added experience. The disadvantages are that it takes longer to
obtain the winds and that the values obtained can still be, incorrect,
for the reasons given above.

The Accurate Determination of. Duration

Aids to Interpolation

Once a fetch has been determined and the velocities hawo been
found, the next step is to determine the duration of the wind over the
fetch. It is very unlikely that the wind will begin or end exactly at
one of the 6-hourly maps, hence an accurate value must be inter-
polated. In most forecasts a simple interpolation of the successive
maps will be sufficient to locate the bounds of the wind field, but in
some cases the following rules might help.

A. A cyclonic center moves with approximately the same speed as
the warm front and somewhat mere slowly than the cold front.

B. Warm fronts move with a speed 60 percent to 80 percent of the
geostrophic wind component iormal to the front.

C. Cold fronts move with a speed 90 percent to 100 percent of the
geostrophic wind component normal to the front.
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D. Occluded: fronts move with a speed 80 percent of the geo-
strophic wind component normal to the front.

Waves Already Present .
Another problem arises when there are waves, traveling to leeward,

already present in the generating area.. These waves are compensated

for by using a longer duration value. In effect, it is assumed that the
wind started earlier and produced the waves itself. The exact length
of time to add to the duration is found from the generation graph and
can be explained best by an example.

Assume there are 4-foot significant waves over an area. Then
assume that a 20-knot wind blows for 2 hours. The waves build up
from 4 fect to a new height in 2 hours owing to the new wind. What
will the new height be? The first part of the problem is to determine
how long the 20-knot wind will have to blow to gencrate 4-foot waves.
To find the answer, just reverse the normal procedure for forecasting.
That is, instead of going from wind velocity and duration to E, taking
the square root of E, and multiplying by 2.83 to get the significant
wave height, work the problem backwards. Divide 4 feet by 2.83,
square the result, and find that £=1.99 ft2 Then enter the graph
at £=1.99 ft.2, move horizontally to the 20-knot line, and read off the
duration value. This is the time necessary for a 20-knot wind to
generate 4-foot waves. In this case it is 5 hours, so the effective
duration is 5 plus 2 or 7 hours. 'The new £ value after 2 hours is thus
4.30 ft.2, and the significant height 5.9 feet.

A similar procedure for a slightly different situation is worked out in
example 2.3, Chapter 11, for a case where the wind increased over a
steady sea state.

This method should be applied only if the spectrum present covers
the same frequency range as the spectrum being generated.  The old
waves should be traveling in the same direction as the new wind. A
low frequency swell from a distance would be independent of the newly
generated sea.  The I values should be added in this case, and the
waves deseribed as sea plus swell. i

If a full spectrum is present and the wind starts to blow against
the waves, then a new wave system is generated which travels in the
new wind direction against the old sca. The old sea must then be
destroyed (in part) before the new sea can build up. Just how long
this takes and how it should be forecast is not yet known. ‘The
forecaster should study such situations carvefully and determine from
observation how such situations should be treated.

Variable Wind Velocities

The forecasting method is simplified when the wind has a constant
velocity for the entire duration. If this does not occur, an effective

1
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duration must be computed. For example, suppose the wind has
been blowing for 24 hours with velocities of 10 knots for 6 hours, 15
knots for 12 hours, and 20 knots for 6 hours. The duration is 24
hours but the velocity value to be used is.in question-since only one
velocity is allowed and there are three distinct values. There are
two possibilities. One possibility is to find an equivalent velocity
for the 24-hour duration. The other is to use three durations with
the observed velocities and build up the spectrum according to
definite rules. Both methods work, but the latter is more consistent
with the wind field as it actually occurred. As the duration changes,
care must be taken that the limitations imposed by short fetches do
not complicate the problem. The effect of a limited fetch can be
handled by an appropriate modification where needed.

Slowly Varying Winds

For slowly varying winds the procedure is to assign a single velocity
-to ithe-duration. Suppose the wind blows for 12 hours and during
that time increases in velocity from 10 to 20 knots. What velocity
would be representative of the duration? The last value is too high
since the wind blew not for 12 hours at 20 knots but for 7.2 minutes
at 10 knots, 7.2 minutes at 10.1 knots, 7.2 minutes at 10.2 knots and
o0 on, up to the final velocity. The average velocity for the period,
15 knots, is a close approximation to a single value of the velocity
for the duration of 12 hours, but experience shows that this value is
too low. Whenthe change in wind velocity is small, say, only 5
knots in 12 hours, then the average wind is accurate enough.

Studies and experiénce have shown that cases of variable winds
can be assigned a single value for .the velocity and duration if the
velocity change is relatively small. The following two rules can be
applied under these conditions.

1. Average the wind velocities when the change is gradual, or
increasing and then decreasing. Apply the average to the
entire duration time.

2. Use the last velocity when the velocity changes in the first
few hours and then remains constant. Apply that velocity
to the entire duration time.

A Rapid Increase in Wind Velocity

If the wind blows steadily for a period of time at a constant. veloc-
ity and then increases rapidly to a new value for another period of
time without significant change in direction, then the method explained
above for waves already present in the area can be used. The I¥
value produced by the first low winds van be found from the appro-
priate C. C. 8. curve. When the velocity increases to a new and
higher value, the fictitious duration which is required on the C. C. 8.
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curve for the higher wind velocity to give the old E value can be

found. This fictitious duration (which is always less than the-dura-
tion of the weaker wind) is then added to the duration of the stronger
wind to obtain the effective duration of the stronger wind.

If the wind increases rapidly and steadily from low values to high
values of the velocity, the generation.of the waves can be predicted
by successively applying the procedure described above. An example
of the way these techniques can be used is given below.

EXAMPLE 5.1.

AN EAST WIND BLOWS OVER AN UNLIMITED FETCH.
FOR 4 HOURS THE VELOCITY IS 16 KNOTS. THEN FOR 5
HOURS IT 1S 20 KNOTS. THEREAFTER, IT IS 24 KNOTS
FOR 6 HOURS, 30 KNOTS FOR 7 HOURS, 36 KNOTS FOR 10
HOURS, AND 50 KXNOTS FOR 10 HOURS. WHAT IS THE E
VALUE FOR THE HEIGHTS AS THE WAVES GROW?

Method of solution.—A wind of 16 knots for 4 hours generates waves
with an £ value of 1.05 ft2. A 20-knot wind for 3.8 hours produces
the same E values. Therefore, at the end of the first 4 hours, the
results are the same as if a 20-knot wind had blown for 3.8 hours.
The fictitious duration of 3.8 hours plus an additional actual duration
of 5 hours is the effective duration of the 20-knot wind. The effec-
tive duration is, consequently, 8.8 hours. A 20-knot wind for 8.8
hours generates waves with an E value of 7.0 ft2. A 24-knot. wind
blowing for 8.2 hours also generates waves with an £ value of 7.0 [t?.
Therefore, at the end of the first 9 hours, the results are the same as
if & 24-knot wind had blown for 8.2 hours. The fictitious duration
of 8.2 hours plus the actual duration of 6 hours gives an effective
duration of 14.2 hours at 24 knots. A duration of 14.2 hours at a
velocity of 24 knots generates waves with an £ value of 19.2 ft2. This
procedure can be repeated for as long as the wind velocity continues
to increase.

ANSWER TO EXAMPLE 5.1.

THE COMPLETE DETAILS OF THE ANSWER TO EX-
AMPLE 5.1 ARE GIVEN IN TABLE 5.2. NOTE THAT THE
EFFECTIVE NUMBER OF HOURS IS LESS THAN THE AC-
TUGAL NUMBER OF HOURS. THE EFFECTIVE NUMBER OF
HOURS NEED NOT INCREASE CONTINUOUSLY. IN FACT,
IN THE LAST ROW IT DROPS FROM 29.3 TO 27.7 HOURS.
Decreasing Winds

Suppose that a wind of high velocity has blown long enough to
generate waves with a speetrum associated with that veloeity, and
that the wind veloeity then deereases to some lower value. A wave
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Table 5.2—The Growth of Waves with Increasing Wind

©n et e a el

Velocities
A““all)‘ngfgﬁy and Effective Velocity and Duration ]_Il’,:’[‘,;\"sd E&"ﬁ‘l‘)"’kln‘g&'s E
16 knots 16 knots, 4 hours
4 hours or 4 4(16) 1. 05
20 knots, 3.8 hours
20 knots 20 knots, 8.8 hours
5 hours or 9 8. 8(20) 7.0
24 knots, 8.2 hours !
I |
24 knots 24 knots, 14.2 hours
6 hours or 15 14. 2(24) 19. 2
| 30 knots, 12.9 hours
t
30 knots | 30 knots, 19.9 hours f ;
7 hours i or ! 221 19.9(30) i 45.0
| 36 knots, 19.3 hours : |
36 knots 36 knots, 29.3 hours f f f
10 hours ! or ; 321 20.3(36) 1220
| 50 knots, 17.7 hours i k {
' |
50 knots 50 knots, 27.7 hours : 42, 27.7(50) | 196.0
10 hours | !

spectrum will eventually be established which corresponds to the low
wind velocity. ‘Thus the waves over the fetch decrease in height.
They die dowh beeause the energy in the feteh travels out of the feteh
in the manner given by Filter IV mentioned in Chapter 11T (page 91).
They also die down from the effeet of viscosity at the high-frequency
end.  As stated in Chapter 111, not enough is yet. known about the
effect. of viscosity to permit any computation of its effects.

The effect of dispersion, however, ean be taken into account quite
casily. Compute the time it takes the various spectral frequency
components to propagate past the point at which the forecast is being
made, After these times the energy associated with these frequencies
for the higher wind spectrum has passed the foreeast point.  However,
il there is some energy present for these same frequencies, from the
spectrum for the lower winds,.it must be included in the determination
of the total /£ value of the waves still present.

Viscosity Effects
The forecaster ean best determine the effeets of viscosity by a series
of careful observations of the waves in actual forecasting situntions,
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i Past observations have so completely intermixed the effect of disper-
3 ston with the effect of viscosity that little is known about each effect
separately. If the fetch is very long so that a steady state due to
duration alone is present over a very long distance, and if the time
required for the waves to die down owing to dispersion is very long,
and if, then, the waves die down before this required time has elapsed,
the decrease in wave height is due to viscosity. Careful observation
of the waves during such. situations will make it possible for the fore-
caster to determine the cffect of viscosity.

As can be seen, there is 2 multitude of situations that arise in wave
forecasting. Only by actually forecasting and acquiring experience
and judgment can a forecaster become proficient in selecting the
: proper variables in any individual case.
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; A Summary Chart Helps Determine the Wind Field

The Total Effect of the Fetch, Velocity, and Duration

Taken all together, the fetch, velocity, and effective duration deter-
mine the wind field. After the three component paris of the total
field are determined, they must be studied as 2 unit beiore the forecast
is prepared. A summary chart is useful in keeping track of the total
wind field. The computed and observed winds ean be plotted for
successive synoptic map times on the same base map by plotting the
winds at one time in one color, the winds 6 hours later in a second
color, and so on. Often one base map can be used to keep track of
the winds for several days.  Frontal positions and high and low centers
can also be added in the appropriate colors. The preparation of this
one chart is simple. It saves the forecaster a great amount of time
hecause he does not have to huat back and forth through the past
maps in order to determine the changes in the wind field.
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“Sea’ and ‘‘Swell’’ Forecasts

For some wave-forecasting situntions, the current and past. weather
are ali that is necessary. Forecasting the propagation of waves, or
swell, is in this category, because a forecast up to a certain time in
the future ean be made on the basis of past or current weather.  When
a foreeast is desired for a given area at some future time, not only the
present and past weather are needed but also the future weather.
This necessitates making a prognosis of at least the important wind
fields and perhaps the entire map.  Three foreeasting eases which are
typical of all wave problems that might arise are:

7 Case 1. Two ships will rendezvous at a designated point within
a few hours. ‘There is no wind in the rendezvous area, but there is :
some swell, Wil the swell inerease or deerease?  For this case, the ;

4
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forecaster uses the cutreiit and past maps te.locate the fetch producing’
the swell and aiso the past maps to compute the spectrum present in
the fetch and the needed filter characteristics. Then, a forecast is
made following the principles given in Chapter III to determine
whether the waves will.increase or decrease. Only past and current
weather daa are needed in this case.

Case 2. A seaplane will land at a certain point. What are the
wave conditions there now? The forecaster uses the present and past
maps again to compute the wave conditions. Again, only the-past
and current weather data are needed.

Case 3. A ship is damaged and is just making headway in high
waves and severe winds. Are the waves going to decrease, and if so,
when? In this case the forecaster has to forecast the weather and

wind changes for the next 24 hours and then forecast the related .

changes in the waves. (Chapter IT and possibly Chapter III.)

Synoptic Wave Charts

Forecasting Waves by Synoptic Methods

A method developed by the U. S. Navy Hydrographic Office for
forecasting waves over a large area of the ocean offers great promise.

It is a technique that combines some of the principles of wave fore-

casting with the methods used in weather forecasting. This pro-
cedure has been in use at the Hydrographic Office. 1t results in
construction of a very practical chart which can be used in the prepara-
tion of forecasts for a great many points on the ocean within a few
minutes.

Construction and Analysis of the Chart

In addition to the ordinary meteorological charts prepared in the
forecasting office, a chart is plotted which shows just the synoptic
wave reports for a given time as they come in from the various ships
over the ocean. An arrow is plotted showing the direction of the
waves, and a fraction, having wave “period” above and significant
height below is put beside the arrow. The forecasting techniques
given in this manual are used to fiil in the empty spaces of the chart
and to give the dominant wave direction, the average “neriod,” and
the significant wave height associated with the waves not actually
réported. From the meteorological analysis, the appropriate fronts
are cntered on the chart. The centers of the highs and lows are also
shown. Then the chart is broken up by dashed red lines into arcas
where the waves have the same dominant direction. This can be done
by assigning the same direction to all waves in a warm-front sector, for
example, and to all the waves in a particularly strong area of polar
outbreak behind the cold front. Large red arrows are entered in each
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'of these areas to show this dominant wave direction at a glance.
.The next step is, to draw isolines of constant significant heights,
These isolines look like isobars on an ordmary weather map. They
form a definite pattern on the map so that it is possible to tell at a

glance how high the waves are at any point over the area of the ocean.

which has been analyzed. The result is a synoptic wave map.
i Various techniques are employed in the analysis of the charts in
! order to make them consistent from one chart to the next. One
. technique is the method of continuity. The high wave areas move
. according to the’laws developed.in this manual. They persist from
: day to day and, for example, would be found under an area of high
. wind traveling across the ocean in & c¢yclonic storm. It is desirable
to try to keep the high wave areas roughly rectangular in shape. The
use of the fetch and duration graphs helps determine the height con-

tours and their exact locations: For example, with a strong wind:
which has been blowing off a continent for a number of hours in a-

uniform direction, a height contour will be the same distance (roughly
speaking) from the shore everywhere along a considerable length of:the
contour. The location of that height contour, where the waves reach
full amplitude for a fully developed spectrum at a given velocity, can
be determined easily from the charts given in Chapter II. With the
principles of continuity and the methods given in this manual it is not
difficult to prepars a consistent analysis.

Forecasts from the Synoptic Wave Charts

From the synoptic charts, it is possible to carry out a forecast using
principles similar to those used in weather forecasting. The resultant
chart is called a synoptic wave prognostic chart. The principles of
continuity, the idea of using the weather prognostic chart in order
to aid iu forecasting the wave conditions, and the prediction of wave
heights and directions from the methods in this manual then make it
possible to-draw prognostic charts for 12, 24, and 48 hours into the
fiture.

This method has been tried by the Hydrographic Office. The
results it gives on prognostic charts are compearable in accuracy, at
least, to the prognostic charts of the weather on which they are based.

Some Additional Suggestions

Additional refinements are possible. The analysis of the chart can
be made in greater detail by keeping track of the wave systéms from
each storm on the successive prognostic charts and outlining the
height contours that go with a given wave system in a glven color.
Storm 1 can have its height contours drawn in red, storm 2 in blue, and
so on. It is also possible to keep track of swell as it travels out of
a given storm area and spreads across the ocean, becoming lower and
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lower. Areas where several wave trains interfere with each other can.
also be detected. Quite frequently, in addition to the waves that are
present behind thé cold front in a storm, there is also swell from some-
other storm there, and the E value for that swell needs to be added to-
the E value for the locally.generated waves in order to get the total £
value, .

Figure 5.3 is an illustration-of such a synoptic wave chart. It
shows the various analysis features just discussed. Such a chart is
not difficult to prepare. Its use/ii wave forecasting centers will be a
valuable aid.

Revising the Forecast

Even.after the forccast has been completed, the forecaster must :
keep a careful: check on the weather, with an eye to revising the wave -
forecast on the basis of new weather data. ‘

Forecasting the onset of. wave-height decreases is very important
and since a change in the wind field is indicative of wave changes,
it pays to watch the wind changes carefully. A sudden shift of
winds or a weakening of the pressure gradient can be just enough to
allow bad sea conditions to change to operational sea conditions
within a few Lours,

It’is also a good idea to give, along with the forecast, some indication
of the validity of the data. That is, if the wind field is likely to change
owing to complex frontal patterns, give the forecast but add that it is
subject' to change. Naturally, any forecast is subject to change,
but some forécasts are quite stable, such as one a forecaster might
make with' a semipermanent high present. One procedure is to grade
cach forecast as good, fair, or poor, depending upon the stability of
weather conditions and the reliability of the data on which the forecast
is based.

In forecasting there is often a chance for choosing between two
values. This type of subjective procedure:is liable to a constant
error of prejudice. That is, the forecaster, given a’choice between
force four and force five winds may always lean toward the higher
value. Since there are many such choices before every forecast is
completed, many forecasters find they consistently forecast on the
same side of the true value.

The only way to correct this error of prejudice, besides being very
careful and consistent in preparation of the forecast, is to verify as
many forecasts as possible and graph -the observed and forecast wave
heights. If the forecasts run consistently on the same side, either
too high or too low, try to allow for this tendency in future forecasts.
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\ Wave Forecasting Check List

A check list is given below for the general procedure up to the use
of the generation graphs and filters. In some caseés the forecast will
not require every step, so that the procedure is simpler.

1. Fetch
A. Locate all areas that affect the forecasting point.

B. Determine areas valid for a given duration.
C. Adjust fetch dimensions for moving fetches.

2. Velocity
A. Find average velocity over each fetch from actual observa-
tions. :

B. Compute geostrophic wind over each fetch.
1. Correct for stability.
2. Correct for curvature.

C. Compare observed winds with corrected geostrophic winds,
3. Duration
A. Interpolate between maps:
B. Correct foXaves already: present.

Nw

C. Determine torrect durations for increasing winds.
1. By assigning one representative velocity to the duration.
2. By computing effective durations for increasing winds.

D. For decreasing winds, apply ilter theory to-determine how
fast the waves will die down.
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Chapter VI
WAVE REFRACTION

Introduction

The results presented in the previous chapters apply only to those
partsof the ocean, the Great Lakes, or other bodies of water where
the depth of water is greater than one-half the wave length associated
with the highest spectral period present. In shallow water other
effects become important. Refraction bends the waves so that their
crests become more and more parallel to the shore. The wave crests,
which in a particular case may be:at an angle of 45° to the beach out
in deep water, may turn until the crests of the waves near the shore
are-at an angle of only 10° to the coastline just befors the waves
break. Refraction affects waves in-several ways as they travel from
deep water over the shoal waters off the coast and finally break upon
the shore.

If the effect of refraction can be computed for a simple sine<wave,
then the effect of refraction can be computed for actual ocean waves.
The theory is simply to consider each of the sine waves in the sum that

makes up the complete sea surface and refract each sine wave sepa-

rately and'independently of all the others. Then, add up the E values
of each of the waves at a point in shallow water in order to find the
total E value at that point. With this E value it is possible to fore-
cast the height distribution of the waves at this point.

The theory presented in this chapter will work well for all depths
between very deep water out at sea and the point where the waves
begin to break just before they rush up on the beach. No techniques
will be given for forecasting breaker heights or their behavior during
the last 50 yards before they break. The breaker heights will be
associated with the heights of the waves just before breaking, and
this will be sufficient in many cases to describe the breakers quali-
tatively. If the waves offshore in 30 feet of water are known to be
10 feet high, on the average, for one portion of a coast line and only
5 feet high for another portion under the same wave conditions in
deep water, then the region where the waves are only 5 feet high will
be the logical place for an operation in which low surf is necessary.
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The Refraction.of One Sine Wave
Description of Refraction

Just as the sum of a great many sine waves can be considered and
used theoretically to forecast the properties of the actual sea surface,
so is it possible to forecast the effects of wave refraction by first
studying the refraction of one sine wave and then adding the effects
of manj:eimple sine waves to obtain the totai sea surface disturbance.
A simple sine wave is characterized by a height, a period, and a direc-
tion. Unlike the actual ccean waves discussed in previous chapters,
it has an infinitely long crest. A simple sine¢ wave in deep water can
approach a coast from any direction depending upon where it .was
generated in the storm which caused it. Figure 6.1 illustrates a
portion ‘of a simple sine wave as it approaches a region where the

.
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Frqure 6.1  The refraction of a simple sine wave.
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depth of water becomes shallow over a rather narrow transition zone.
To the right in figure 6.1 the water is deep in.the sense that the depth
is greaier than one-half the indicated wave length. To the left, in
the-fegion designated as shallow, the water has a depth less than one-

- half of the deep-water wave length. The wave crests bend as they

approach. the shallow water zone because the part that enters the
shallow water zone first slows down. The part still in the deeper
water continues to speed ahead, and the crest turns. As a result,

. after the wave has advanced through and into the shallow water
zone, the crests are traveling in a different direction. In a simple-

case such as this the crests are still straight lines, although they are
aligned in a different direction.

Snell’s Law

The deep-water wave speed is.Cy, and their shallow-water speed is
C. The bending of the wave crests obeys a law which is called
Snell’s law and is given in equation (6.1).

CalC=sin aqfsin 6.1)

Since C is smaller than (g, sin.« is smaller thian sin a4, and the crests
bend so that they are more nearly parallel to the depth contours, as
indicated in figure 6.1.

Wave Rays

Shown'also on figure 6.1 are the wave rays. A WAVE RAY IS
A LINE DRAWN EVERYWHERE PERPENDICULAR TO THE
WAVE CRESTS ON A REFRACTION DIAGRAM. The best
way to study the effects of refraction in a practical case is to construct
the wave rays for as many simple sinusoidal waves as time permits,
approaching the coast under consideration from' a great many pos-
sible directions and with a great many different frequencies. It is
then possible to make a computation which shows how the waves
change, and this permits forecasting the properties of the waves in
the shallow water zone. The methods for constructing the wave
rays according to Snell’s law will be given later in this chapter,

The Changes Undergone by a Refracted Sine Wave

Four things happen to a:simple sine wave as it travels from deep
water into the shallow water bordering the coast line. Observation
of the wave at a fixed point in the shallow water region will yield a
wave height different from the height in deep water. In the shallow
water zone the wave crest near this point will appear to be traveling
in a direction different from the direction that it had in deep water.
The horizontal distance between the crests of the waves will be less
than in deep water, and the speed of the waves will be lower.  Finally,
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the crests, which in the ideal case are infinitely long and straight in
deep water, become curved in shallow water. The methods given in
this chapter permit a forecast of the height and direction changes for
actual ocean waves; but nothing will be said about:the length of the
waves, the speed of the waves, or the curvature ofiithc ‘crests at a
point of forecast in a shallow water zone. The height can be shown
to vary from point to point. Forecasts for many points are possible,
but no actual technique will be given which will make it possible to
demonstrate the curvature of the crests. ’

Effect of Complex Contours

Complex bottom contours can produce great distortion of a simple
sine wave. The Hudson Canyon, which extenus out to 60 miles from
the coast of New York and New Jersey, is an example of a very com- .
plex bottom contour system. A simple sine wave approaching this
gystem from a deep-water direction of 112.5° and a period of 12 seconds
is bent and distorted by the effect of the bottom contours s shown
in figure 6.2. The scale of this figure is such that only every 45th
wave crest is shown: It will be observed that the original straight
line of the deep-water wave crest is broken up into three segments,
each of which proceeds independently. They cross and form a very
complicated pattern. Each new segment can be treated separately,
and the combined effects can be found by the same techniques as
.used in Chapter III for combining waves from two different storms
at a point of forecast.

The ‘Refraction of Two Sine Waves

Apparent Lengthening of Wave Crests

There is an interesting effect concerned with the refraction of actual
ocean waves which can most easily be studied by showing the effeet
of the refraction of two simple sine waves of the same period but
approaching a coast from two slightly different directions. This
effect is the apparent lengthening of the wave crests. Suppose that
the crests of the two sine waves are approaching a coastline and that
the angle between the crests of the sine waves is, say, 15°. The inter-
ference effect in the simple cas~ produces rows of alternate elevations
above and depressions below the sea surface. The individual short-
crested waves are shaped like long ellipses, and a given contour ot equal
height made on the interference pattern would be roughly elliptical in
shape. The crests cross at some angle out in deep water; if each ot the
two infinitely long crests that make up the visible interference pattern
is refracted separately, the effect is always to make the crests more
nearly parallel in shallow water if the period is the same. If the indi-
vidual crests are more nearly paraliel in shallow water for the sum of
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Fraure 6.2 The effect of the Hudson Canyon on a simple sine wave.
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these two simple sine waves, then tlie interfotence pattern stretches
along the crests. Hexght contour ellipses t}ut may have been only 100
or 200 yards long out in deep water-Stretch to three or four times
that length in shallower water nea” the beach. This means that the
visible wave crests-appear to stretch out:to great lengths along the
crests as they approach thecbeach, This effect is illustrated in figure
6.3a. It is a very pronounced one which can be recognized in many
aerial photographs. The refraction of a sum of several sine waves
produces the same effect in many cases.

Echelon Waves

A second interesting effect can be obtained from a consideration of
the refraction of two simple sine waves by studying the efféct of
refraction upon two sine waves which are traveling in deep water in
exactly the same direction but with slightly different periods. The
wave lengths are also different, and from the discussion given in Chap-
ter I such a pattern will appear to be individual groups of waves;
that is, there will be high waves for a certain distance followed by
low waves and then high waves again. As this:pattern is refracted,
the two different periods are bent by different amounts in entering
shallower water. This effect is shown in figure 6.8b. The once in-
finitely long crests in deep water become short crests in shallow water.

When this effect is applied to a long, narrow spectrum, i. e., to a
wave spectrum where frequencies vary over a wide range but where
directions vary over only & narrow range, the result is an echelon pat-
tern. Consider, wwaves arriving from a storm which has lasted a.long
time but is so far away that the range from 8, to 6; is very small, say,
of the order of only 5° or 10°. A given wave will have a long crest,
but as it is followed in its progression toward shore it will become less
pronounced in height and tend to disappear. The next wave, instead
of lining up directly behind the first, appears to one side and it dies
down in its turn. The third wave likewise forms to the side of the
second rather than directly behind. The resulting pattern somewhat
resembles the bow waves at one side of a ship advancing through calm
water. This echelon pattern can be seen in many aerial photographs
of ocean waves.

"he Refraction of Actual Ocean Waves

Some Misleading Effects

When actual ocean waves are refracted, the illustrations just given
no longer apply because actual ocean waves cannot be treated as if
they were just, one or two simple sine waves. As an approximation,
actuel ocean waves can be treated as the sum of 50 or 60 simple sine
waves and very reliable results will be obtained, i*ut to use only the
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significant height and the ave/age “period” of the waves in desp-water
and to refract the waves withjthese two numbers will lead to totally
unrealistic results: The use of an average “period” in deep water or
any single “period” will fail completely because the average “period”
of the waves in deepwater will be completely different from the aver-
age ‘“‘period” of :the waves in the shallow water zone for which the
forecast is being made.

As individual waves in the sum of many simple sine waves are re-
fracted, the effeci of refraction is often to focus & great amount of
wave energy associated with a certain period band in the actual spec-
tram at one point and to deflect it away from another point along the
coast. When this occurs, one part of the period band in the complete
spectrum will show up at one point on the-coast and produce a wave
with one average “period’”’ and at another point along the coast there,
will be a completely different-average “period” owing to the effect of
focusing for that particular spectral period.

As an example, the northern New Jersey shore (from Sandy Hook to
& point near Asbury Park, a distance of about 9 or 10 miles) has been
studied in great detail in connection with the effect of refraction. It
was found that if waves were approaching this coastline from a south-
erly.direction in deép-water and if the periods of these waves were high
enough, very little of the wave energy would ever reach Sandy Hook.
A sine wave system 10 feet high in deep water with & period of 14 sec-
onds will be only one foot high near Sandy Hook. The same sine
wavasystem will be 14 f¢et high at a point near Asbury Park. Lower-
‘périod waves will be the same in height at both places. The total
eifect on a continuous spectrum, such as those discussed in Chapter
I1, is that at Sandy Hook the waves are quite low, and the energy in
the waves is associated only with the higher frequency components in
the original spectrum: Thus, the average “period” of the waves near
Sandy Hook for a typical situation will be only 6 or 7 seconds, and the
significant wave height only 4 or 5.feet. At the same time and for the
same wave spectrum, the focusing of the lower frequencies on Asbury
Park produces waves with an nverage “period” of 14 seconds.
The significant height of-the waves at Asbury Park will be about 15
feet. Thus at two points along the coast, separated by only a few
miles, completely different significant heights and average “periods”
will be observed for exactly the same wave characteristics out in deep
water 60 miles beyond the influence of the Hudson Canyon. The con-
clusion, then, is that waves are focused, distorted, bent. and piled-up at
different points separated by only a short distance along the coastline.
Visual observations at only one of these points will be completely mis-
leading, since they will tell nothing about the nature of the waves in
deep water. The “periods” observed along a coast can be quite
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different from those observed out beyond the effect of refraction, es-
pecially under conditions sinilar to those just described.

Aerial Photographs

Aerial photographs of waves approaching a coastline are perhaps
the best and simplest way to obtain information about the effect of

¢ refraction. They reveal many facts about the nature of the offshore

bottom contour configurations and give‘information on those regions
where the waves can be expected to be highest for given types of storm

~ situations. It a portion of a coastline is under study, the methods
given in previous chapters can be used to forecast the type of spectrum

Jpresent in' deep water and then aerial photographs can be used to de-
termine the effect of refraction along.the beaches without going into
the difficult computations which will be given later. If a qualitative
estimate is sufficiently accurate, then a detailed and careful study of
aerial photographs can give some important information.

The next five figures show aerial photographs taken over points
along the coast of the United States. Enlargements of portions have
been made to illustrate some of the very pronounced features of wave
refraction.

Aerial Photograph of Ocracoke (Figure 6.4)

Figure 6.4 is an aerial photograph taken by the U. S. Coast and
Geodetic Survey of a wave pattern off the coast of North Carolina at
Ocracoke. The white area on the left is sand dunes, as the shallows
indicate. The coast in the upper part of the figure slopes slowly to the
ocean. The depth contours are roughly parallel to the coastline with
the depth increasing gradually. At the bottom of the figure there is
an underwater ridge which extends a considerable distance into the
ocean in such a way that the water is very shallow over this ridge for a
great distance from the coast. The waves in deep water arc approach-
ing from the southeast. As the many different spectral components
approach the coastline, the waves are held back by the ridge, because
they must travel more slowly in the shallow water, and they bend to
cross over the ridge from both sides. The waves form a very confused
interference pattern over the ridge. Notice the areas where the water
is so shoal that the waves break offshore and form whitecaps out over
the ridge in three rather distinct rows. To the south of the ridge the
waves are bent so that they travel almost north. The waves to the
north of the ridge are bent so that they travel cast. The crossover
pattern is very pronounced over the ridge. The waves from south of
the ridge go right on north through the shoals over the ridge and can
be seen to interfere with the waves coming in from deep water to the
north, which are unaffected by the ridge. There is a very definite
pattern of interference north of the ridge in a region wiiere the water
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Fioure 6.5 Aerial photograph of Swash Inlet.

is 8 long “wave length,” high “period’”’ swell approaching the coast-
line in deep water from south-southeast. Superimposed on the long
swell a low “period” local chop moving almost directly north is clearly
visible. The angle between the local chop and the swell is about 30°
in the deepest water at the far right of the photograph. The swell
could have been formed by a storm many hundreds of miles to the
southeast. The chop, has been generated locally probably by wind
with a velocity of 15 or 20 knots.

Following the local chop in the photograph.from right to left, one
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can see that the direction toward which it is traveling is very nearly '
the same at the center of the photograph as on tl;w far right. This is:
because the water is still so deep at the center of the photograph that
the very short “wave length” waves have not refracted. They are
not bent even half way toward the coast from the center of the picture,
where the depths must be less. It is necessary to look at a point
about one-quarter of the way from the-coast on the left side of the
phoiograph to see where-the crests of:the local chop become curved,
and then.they curve rather sharply-and travel toward the shore.

The swell, which is much higher in its everage *“period”’ and which
has & much longer “wave length;,” 13 refracted in much deeper water
than the low lccal chop. The angle between the crests and. the coast
is much smaller near thescenter of the photograph than on the far
right. It is evident that the crests continually become more nearly
parallel to the shore as they travel from deep to shallow water. This
means that the effect of-refraction on these longer “wave 1engths" is
such that it is. operating continuously over the entire ares of: the
photograph.

Another interesting feature is the length of the crests of the swell.
On the far right they are quite short; near the center they grow to
considerable length; and then near.the coast the crests can be followed
& considerable distance before they become irregular and tend to
disappear. This is a very important feature. The waves frequently
appear more short crested in deep water and long crested near the
coast owing to the effect of refraction.

Enlargement Over Ocracoke (Figure 6.6)

Figure 6.6 is an enlargement of a portion of figure 6.4. This en-
largement was selected from the top part of figure 6.4 to illustrate the
short crestedness of actual ocean waves. It also shows a -very pro-
nounced example of the echelon effect, some effect of low local chop-
on top of the longer swell, and the behavior of the waves as they ap-
proach the coast and begin to form breakers.

Enlargement Over Ocracoke (Figure 6.7)

Figure 6.7 is another enlargement of the area over the ridge in
figure 6.4. It shows the extreme complexity of the waves over such
an area and the resultant crisscross pattern. The water over this
ridge is so shoal that the individual wave peaks are short and steep,
and the intervening troughs are long and shallow. The interference
pattern over the ridge is different from that at the upper left of the
same figure. The crosshatch effect is not apparent in the upper left,
and yet the waves there are formed by crossing of waves from east
and south just as they are over the ridge. Such a ridge is & very
dangerous place for small boats or landing craft because the waves
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; attack the vessel from two different directions. First, a wave higher

' than average will advance from starboard and rotl the boat to port
Jand then another wave approaching from the port, side, from a direc-
Hlon almost 90° (in this case) from the first, will swamp the craft
while she still rolls from the first wave. The scrisscross effect also
i : tends to.{ocus the energy along these ridges, and" very steep high waves
1 form s 4 result.

e

> Inland Continuation of Swash Inlet (Figure 6.8)

: Figure 6.8 shows part of figure 6.5 and the coast farther west at a
. larger scale. At the.right edge the swell crests are at an angle of about

* 30° to the coastline. The crests of the low local chop are at an angle.

of about 80° to the coastline. As tii¢ swell approaches the shore, the
crests become very high and peaked and the troughs become long and
shallow. The swell crests take on a distinctly different appearance,
which can best be visualized by looking at the photograph very care-
fully and imagining how the height of the waves would vary along a
line perpendicular-to the crests. Nearer the shore, the swell is peak-
ing up and becoming ready to break. The waves are very unstable
in thisregion, and the crests are very long and' quite well defined along
a sharp ridge. At the same time the low “period” local chop is still
traveling just-as if the-swell were not there at all. It is moving in
superimposed on the swell in a pattern:that is evidently unaffected by
the presence of the swéll.

The fact that the low local chop, corresponding to a spectrum con-
taining high frequencies, behaves independently from the swell and
travels just ag if the swell were not present, is & very important fea-
ture of the method that will be given later for forecasting wave
heights in the refraction zone. This effect becomes visible in the
photograpk, but theoretical considerations indicate that, even for
speatral frequencies separated by only a smeil amount, the individual
sine waves represented by these spectral frequencies behave inde-
pendenily of each other as far as refraction is concerned. It then
follows that it is possible to break up any spectrum such as those
forecast in Chapter If or Chapter 111 into & sum of & greal many sine
waves, refract each sine wave independently, and arrive at a conclu-
sion as to the height distribution and the characteristics.of the waves
after they have been refracted.

Computatior-of Refraction Effects

Introductory Remarks

The computstion of .refraction effects is difficult.  So far in this
manuel, it has been possible to avoid carrying out an integration to
find a.required value of E. This cannot be done when waves are
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Ficure 6.8 Inland continuation of Swash Inlet.

being refracted. So it is necessary to work with the actual spectrum
of the waves instead of with the co-cumulative spectrum. The com-
putations are very time-consuming. It is not possible.to predict the
effect of retraction by means of a computation which can be accom-
plished in 15 or 20 minutes, as can be done for a wave forecast pre-
pared by the techniques given. Diagrams similar to figure 6.2 must
ha-canstructed for a complete range of deep-water frequencies and
directions. If interest is concentrated at a certain point along the
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_coast and if ‘the bottom is not too complex,.only a few wave rays need
.to be drewn for each refraction diagram in order to straddle-the points
' of major interest. This simplifies to a certain extent the amount of
i work that must be done.. If a considerable length of a particular
 coastline js to be studied] then the work becomes even more com-
; plicated because a large number of refraction diagrams have to be
constructed and the wave'rays on each diagram must be drawn for
' an entire length of coastline, as in figure 6.2.
The computation of refraction effects should not be undertaken
; . unless it is of extreme importance to know about them in a particular
* locality. To accomplish this job correctly often will require as much
‘a8 2 or 3 man-months in constructing refraction diagrams. Each:
, forecast may require about 40 minutes of computation after the re-
fraction diagrams are availeble. The importance of .the tasks to be
performed and the importance of the accuracy of the 1urorast of the
height of the waves in the shaliow water at the point of interest should
be weighed very carefully agamsb the amount of work necessary in
order to.do the task properly.

- Steps To Be Followed

An overall outline of the steps that must be followed in preparing
a forecast for wave hexghts and wave characteristics at & point in
: shallow water near & coast is given below. This outline wdl be gone
ﬁ over in great detail, and the steps will be described in the lateg. sections
y of this chapter.

T

(1) Construct refraction diagrams for many differerit values of
fandé.

(2) Plot the refraction effect in polar coordinates in order to
show the variations of two functions which,will be called
[K( 1,0))? (the refraction functicn) and 6(f,%) (the direction
function). These two functions wiil be described in what
follows.

(3) Forecast the spectrum of the waves to be refracted. Locate
the bounds of the spectrum, the upper and lower cutoff fre-
quencies, and the values of 8, and 6;. Divide this spectrum
into an approximating sum of simple sine waves. Find those
fractions of energy from the total energy of the whole spec-
trum that apply to small pieces of the spectrum and label
them AE. Associated with cach AE will he a central fre-
quency, f, and a direction 6, which will describe the simple
sine wave whose contribution to the total sum is characterized
by these three numbers.
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(4) Evaluate the following equations to obtain the directions and
energies of each simple sine wave fraction of the spectrum:

AE\=[K(f,6)PAE (6.2)
0,=6(f,0) (6.3)

(6). Add up the AE, values forall the individual sine waves and
forecast the height characteristics of the waves at the point
of interest in the-shallow.water. Interpret the range of 6, as
the crest length of the waves at the point in shallow-water.

Each of the.five steps will be described in deiail in‘the text that
follows. The first two steps need to be done only ouce for-a given
place and the resulting graphs can be used to prepare wave forecasts
at that place for any wave spectrum present in deep water:

The Construction of. Re’fracgon Diagrams for a Simple Sine:
rave :

Introductory Remarks

The methods that will be given for the ¢onstruction of refraction
diagrams are taken from a paper by R. S. Arthur, W. H. Munk, and
J. D. Isaacs (1952). This new method for.the constrizction of refrac-
tion diagrams makes all earlier techniques-obsolete. One of‘the earli-
est methods consisted in the location of the successive positions of the
wave crests as the waves travel in toward the shore. This method
leads to serious cumulative errors in the computation of effeet of re-
fraction. A later .method constructed the wave rays (often called
orthogonals), but this method also had errovs in it if the depth changed
rapidly. The new technique that will be described. here eliminates
these difficulties and gives solutions corresponding very -closely to
those obtained by exact mathematical methods.

Depth Chart

The first step is to obtain a bathymetric chart of the region near
the point at which the forecast is to be made. It should show depth
contours out to soundings greater than onc-haif wave length of the
highest spectral period of interest in the construction of thesrefraction
diagrams. The contours should smooth out because the minor ir-
regularitics are not very important in the effect of refraction.  For the
higher periods, the smoothing of the contours should be more exten-
sive than for the shorter periods. It is advisable to take the original
depth chart and smooth it considerably (over distances comparable to
one ware length) before constructing the wave rays for the higher
periods and to smooth it somewhat less before construeting the wave
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‘rays for the shorter periods. “The shorter waves are of course affected
. by a much narrower offshore zone of contours near the point of in-
‘terest, and so the wave rays need not be constructed to such great
. depths in this case.

After the contours have been smoothed, it is advisable to. use a
semitransparent overlay such as rice paper on which the wave rays
can be constructed. Fix the overlay in position on the chart by
ticking the intersection of latitude and longitude lines, end make a set

Y et

of.these overlays:fuof ach spectral frequency and direction of interest.

The depth contours:also represent lines of constant wave crest
speed for a given frequency for the waves as they come in from deep
water and approach the coast.

The ratio of the wave epeed which the simple sine waves being re-
fracted should have on each of these contours to the wave speed in
deep water can be obtained readily from figure 6.9. Given the depth
‘of ths water in fathoms or in feet and the wave period, draw a line
cotinecting these two values on the outer edges of this alignment cliarw.
The intersection of this Jline with the center line on the alignment
chart then yields the ratio of the wave speed at the depth indicated
to the wave speed in deep water. In each zone bounded by two depth
contours, the desired quantity is actually the ratio of the wave speed
in the decper water to the wave speed in the shallower water. Thus,
for example, if the ratio of the wave speeds (Gi/Cy) at one contour
in the deeper water is 0.67 and the ratio of the wave speeds (%2/Cy)
at the next contour in the shallower water is 0.50, then.the ratio of
the two wave speeds (Cy/(,) is given by 0.60/0.50, or 1.20. It is neces-
sary to compute these individual values of the ratios and enter them
on the-overlay for each successive pair of contours from deep water
into thé:shallow water. These raiios are all that is needed to con-
struct tlie wave rays, since the technique is essentially an application
of Snell’s law, with finite differences.

The Construction of a Wave Ray

As a wave ray corresponding to a certain discrete spectral frequeney
approaches the shore from deep water it curves until, theoretically,
it is exactly perpendicular to the beach in zero depth of water at the
beach. (Of course, the waves actually break in water of finite depth
before this oceurs.) For any change in depth, Snell’s law deter-
mines the curvature of the wave ray. It must interseet a contour
at an angle determined by Snell’s law for the successive changes in
depth. The tangent to the wave ray must make the angle, a, with a
line perpendicilar to the contour, (%, at. the point. where the rav inter-
scets the contour.  Also, the wave ray must curve properly as it under-
goes a change in depth.  That is, Snell’s law may be satisfied at a dis-
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crete set of points given by the intersection of the ray with a certain
set of contours; yet ithe ray can get out of alignment so that for a finer
division of contours it will not be correct. The method given by
Arthur, Munk, and Isaacs (1952) eliminates this difficulty by develop-
ing. a way to keep the curvature of the ray correct as it goes from one
depth contour te the next.

As the wave ray crosses the contour corresponding to the wave
speed (), as shown in figure 6.10, the wave crest makes the angle ay,
with a line drawn parallel to the smoothed contour. Since the wave
crest is continuously changing direction, it must make a new angle,

Contour

‘
A

A

Contour

Fiaurk 6.10 The ray tangents as the depth contours are crossed (after Arthur,
Munk, and Isaacs).

az, with the smoothed contour corresponding to the wave speed,
("3, when it reaches that contour. The change in angle is A . Then
at the two contours corresponding to wave speeds, C; and Cq, Snell’s
law holds as defined in equation (6.1), since the wave crests inter-
sect the contours. at the correct angles. The important point of
this construction merhod is that the two ray tangents shown are
connected by an arc of a circle which determines the exact path
of the wave ray from point A to point B. It is evident that if the
ray tangent at point. B be moved = little to the left or right, the
cquation given by Snell’s law would still be satisfied at that con-
tour. However, the curve connecting points A and B would no

429-435 071 - 13 201




(longer be a true wave ray. This construction thus gives the correct
shape of-the wave ray as it connects two points locatéd on two given

depth contours,
] Constructing Wave Rays by Graphical Methods
: The technique for the actual construction .of a wave ray is sum-
1 marized in figure 6.11. The initial direction of the wave ray in
E deep water is determined by the deep-water direction of the waves,

and when the wave ray crosses the first contour at which the depth
is less than half the deep-water wave length, the construction begins

T

€26 ‘Ray Tangent

A
L Ficure 6.11  Method for construction of wave rays (after Arthur, Munk, and
Isaacs).

according to the following rules. These yield ray tangents which
cross each contour at the proper point and which make the wave ray
a continuous arc of a ciréle between the two peints.

(1) Establish point A, where the deep-water ray crosses the first
contour. (') is the wave speed corresponding to this contour,
and (% the speed corresponding to the second contour.

(2) Find (/Cy and G/C. from figure 6.9. From them de-

. termine 4/, (1. c., GJCy divided by OfC). OFCy is
greater than onc except. where the ray is passing toward
deeper water (e. g., after crossing a ridge).

(3) Draw -by eve a mean contour for the interval.
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:(4) Extend the deep-water ray beyond point A until it inter-
sects the mean contour at P’. To the seaward of point A,
the line AP’ is the deep-water ray; shoreward 1t is the tangent
to the ray at point A.

(5) At the point P’ construct a line perp&gdlcular to the line
AF"aid mark on it a point R, such that P'R has ana rbi-
trary letigth of one unit.

(6) With R as the center of a.circle draw an-are with a radius
of C\/C, units of the same arbitrary scale. This arc inter-
sects the.mean contour at point S.

(7) Draw the line RS and on it erect a perpendicular such that
(as judged by eye), it intersects AP’ at a point P équidistant
from the two contours (i. e., AP=*PB). The intersection of
this perpendicular with the sccoqd cotitour at B is the point
at which the wave ray crosses thie next:contour corresponding
to wave speed C,. Even if juiiged by eye the value will be
sufficiently accurate. PB is now the fangent to the wave ray
at point B, just as AP was the tanzent at point A.

(8) To continue the ray, the next step involves the contour
through the point B and the next contour toward the shore.
The same procedure is repeated as d2scribed above except
that now C,becomes C, for tiiis new interval and C, cor-
responds to the new contour.

This procedure is continued until, the wave ray crosses the depth
contour of interest for the point of forecesi. In this manner one
wave ray can be constructed. It is necessery toconstruct a number
of wave rays. Finally by good Iuck, an mtclhgcnt”guess or hard work,
two wave rays will be constructed whxch straddle-the point in slmllo“
water where the wave forecast is to be made. 'They should not be
too far apart when they straddle this point and itiis sometimes neces-
sary to construct additional wave rays betvoeinn the first few in order
to refine the calculations.

A Useful Ray Plotter g .

When a great many wave rays have to be vonstructed, it is advisable
to make a plotter out of plastic as shown ir figure 6.12, and then the
various steps given above for the construction of a wave ray can be
carried out quite easily. 'This ray plottei-providus an.arbitrary unit
scale and gives an indication-of the value of Aw.

The Construction of a Family of Wave Rayo.

The wave rays constructed by this method give the pattern that
the wave crests must. follow as they proceed into shallow water. In
fact, the wave crests are perpendicular to these rays everywhere.
l‘hue, as & wave crosses a point at which a forecast is to be made
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FiGure 6.12 A uscful ray plotter (after Arthur, Munk, and Isaacs).

in shallow water, it tells the direction toward which that particular
spectral component will be traveling. The separation of the rays is
an indication of the height of the waves. Where the rays converge the
waves are higher; where the rays spread out the waves are lower.
Occasionally, it happens that the wave rays which start in deep
water and finally arrive at the-point of forecast can undergo some
involved changes. In fact, it is possible for wave rays from two
different points in deep water to cross the saine point in shallow
water. For example, figure 6.4 shows crossed wave crests, and since
the wave rays are everywhere perpendicular to the crests, they must
also cross each other over the ridge. When this occurs, it means
that the original infinitely long wave crest (compared with the dimen-
sions of the problem) in decp water has broken into a number of pieces
and that these individual pieces are crossing the points at which the
forecast is to be made. When wave rays cross each other, very com-
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plicated things occur and the exact effects are not completely known;
but-if the laws of geometrical optics can be applied to this problem,
. certain rules can be given which will make it possible to estimate the
! effect of crossed wave rays. Care must be taken that a sufficiently
; dense network of wave rays is constructed so that‘it.is possible to be
; sure that energy .from other points in deep water cannot reach the
pomt for which the forecast is being made.

The Determination of [K(f,6)]* and (7,0

The Effect of Refraction on a Simple Sine Wave

After a given refractiondiagram has been constructed, it is possible
to determine the height that a simple sine wave will have at a given
point in shallow water if the height of that sine wave is known in deep

- water and if the refraction diagram is available. Two effects combine

to change the 'height oi- the wave at the point in shallow water:
shoaling, which changes the rate at:which energy is propagated toward
the shore; and convergence of the wave rays. Under the assumptions
of wave refraction theory, it is assumed that all wave energy is propa-
gated along the wave rays and that no energy civases Tays. This
assumption is valid if the scale of the contours is large compared to
the wave length. ‘Consequently, if the wave rays are closer together
at-a point in shillow ‘water than in.deep water, the waves must bé
higher per unit legth of crest since the amount of energy between
the-two rays must remain the same,

Both these effects are combined in one formula for the function,
(K(f,0))%, given by -equation (6.4). It will later be used in equation
(6.2) to forécast thochanges in the spectral wave heights.

= (54/0)
K=o (6.4)
(0 ¢> [ 4ﬂ'd 0‘]

LG

If equation (6.4) is evaluated for a:particular simple sine wave, the
height at the poiat in shallow water can be forecast. Suppose, for
example, the value of this function is 2.0 for a 10-second sine wave in
deep water approaching the coast from seme known angle. Then
the wave height at the point near the coast for which this function
has been evaluated will be equal to 42 times the wave height in deep
water. If [K(f,0)) is 0; 01, the wave height inc shallow water is one-
tenth the decp-water wave height.

The refraction function given by equation (6.4) depends upon the
ratio, C/Cy, the depth of the water, d, and the deep-water wave length,
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Z. 1t also depends on the ratio of:two numbers, by and b. The
denominator of equation (6.4) can be evaluated for any point in shallow
water in terms of the ratio, C/Cj, and d and L. The ratio, C/C,, can
be obtained from figure 6. 9 (Nute that 04/0 equals l/(C’/Ca)) The
value, 4 d/L, is given by equation (6.5), in terms of frequency, f.

drd__4xdf’
trd_dxd] —o.404p? (6.5)

The numerator of equation (6.4) is be/b. Thie first quantity, by, is

the perpendicular distance between the orthogonals in deep water, °

and b is the distance between the same two orthogonals as they
straddle the point of interest in shallow water as shown in figure 6.13.
The distance b should be measured in the shortest, possible sense along
a curved line perpendicular to both orthogonals at the point of interest’
in shallow water. If both b, and b are measured with the same scale,
any units can be used. The depth contours are not shown in figure
6.13. Whatever their configuration is, they are definitely not parallel.

A value